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Abstract 

The problems of semantics and translation for concurrent 

programming languages are studied in this thesis. 

A structural operational approach is introduced to specify the 

semantics of parallelism and communication. Using this approach, 

semantics for the concurrent programming languages CSP (Hoare's 

Communicating Sequential Processes), multitasking and exception 

handling in Ada, Brinch-Hansen's Edison and CCS (Milner's Calculus 

of Communicating Systems) are defined and some of their properties 

are studied. 

An operational translation theory for concurrent programming 

languages is given. The concept of the correctness of a translation 

is formalised, the problem of composing transitions is studied and a 

composition theorem is proved. A set of sufficient conditions for 

proving the correctness of a translation is given. 

A syntax-directed translation from CSP to CCS is given and proved 

correct. Through this example the proof techniques of this approach 

is demonstrated. Finally, as an application of operational semantics 

and translation, a proposal for implementing multitasking in Ada is 

given via a two-step syntax-directed translation. 
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0. Introduction 

A number of programming languages intended to describe concurrent 

computations have been proposed in the last decade. These languages 

are called concurrent programming languages. Their number is not as 

great as that of strictly sequential languages but the number is 

increasing yearly. Among them, Communicating Sequential Processes 

([Hoare 7,8]), Ada ([DoD 80]), Edison ([Brinch-Hansen 81]) and 

Calculus of Communication Systems ([Milner 80]) are the most 

influential and typical representatives. The first three are 

imperative languages and the last is an applicative language. 

Lively research has grown up rapidly around these languages. Most 

of this research can be categorised into the following three areas: 

A. Formalising the semantics of parallelism and communication. 

B. Implementing concurrent programming languages and proving the 

correctness of the implementation. 

C. Construction and verification of concurrent programs. 

This thesis attacks the first two problems. 

For the first problem, we know that in sequential languages there 

are four basic approaches: denotational semantics, algebraic 

semantics, axiomatic semantics and operational semantics. Each of 

these four approaches is also being applied to describing the 

semantics of concurrency. 

We will study the semantics problem using an operational 

approach. Roughly speaking, the operational approach is to formally 

describe the execution of programs, i.e. to formalise the 

"operational nature" of programs. In general this purpose is 
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achieved by specifying some convenient abstract machine and 

modelling the execution of programs on that machine. This can give a 

hint of the way the language can be implemented. 

One merit of the operational approach is that since the essential 

feature is to formalise the "operational nature" of programs, if a 

language can be implemented then its operational semantics, in 

principle, should be definable. In general an operational semantics 

differs from other approaches in that it does not require a lot of 

heavy mathematical machinery and is easy to understand. 

The weakness of operational semantics is that because the 

semantics is based on an abstract machine it usually specifies some 

irrelevant details. This tends to make the semantics of any 

nontrivial language very obscure and detailed from the mathematical 

point of view. 

To overcome this weakness or at least to reduce it to a minimum, 

in this thesis we introduce a new operational approach --- -the 

structural operational approach or axiomatic operational approach 

developed by Plotkin and his colleagues. The basic ideas of this 

approach are: 

a. To abstract away from the irrelevant details of the abstract 

machines we adopt some of the successful features of the 

denotational approach such as the use of abstract syntax to replace 

concrete syntax, and the viewing of states (stores) and environments 

as functions. Thus a simple configuration of an abstract machine can 

be written as 

<S,s> or <S,p,s> 

where S denotes the current statement to be executed, and p and s 
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denotes the current environment and state. Some other possible 

configurations are s (denoting normal termination resulting in the 

state s) and abortion (denoting abnormal termination). We use r to 

denote the set of all possible configurations. 

Furthermore, to distinguish the successful executions from other 

computations (deadlocked and infinite computations) we introduce the 

set T of terminal configurations which is a subset of r . For 

example, we can take 

T = States u{abortion) c r 

b. We use labelled transition relations to model computation; 

thus a transition: 

r-->r' 

models one elementary execution step. This transition is interpreted 

as the configuration r "may perform action ). to become r' " or r "is 

transformed to r' via the action V. Here the action ). denotes an 

internal action or interactive communication with some super system 

or the outside world. Thus communication between concurrent 

"processes" can easily be captured and formalized by labelled 

transitions. Let A be the set of possible transition actions. Then 

the labelled transition relation 

)=_rXAXr 

describes the possible executions of programs. Execution of 

program can be viewed as a transition sequence: 

a 

r0 ll 1 X2 >r2 X3 .. . 
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which is either infinite or finite. 

The crux of the matter lies in how to define the labelled 

transition relation which describe the semantics of a language. Let 

us consider how we could deal with two typical sequential 

programming language constructs in this approach: 

a. Assignment statement 

The semantics of the assignment statement is defined by the 

following axiom: 

<x:=e,s> 6 ><skip,s[v/xl> where v--[e] 
s 

(hell 
s 

is the value of the expression e in the state s.) This 

transition can be interpreted as saying that the execution of the 

statement x:=e in the state s results in a new configuration where 

the new statement is skip and the new state is the same as before 

except at x where it takes the value of e. The transition action 

e means that the execution is performed without interaction with the 

outside world. 

b. Compound statement S1;S2 

The semantics of the compound statement S1;S2 is defined by the 

following three rules: 

1. if <Si,s> L-><Sj,s'> then <S1;S2,s> -I-><Si;S2,s'>. 

2. if <Sl,s> mss' then <S1;S2,s> <S2,s'>. 

3. if <Si,s> X->abortion, then <S1;S2,s» abortion. 

As usual, these rules signify that if the hypotheses of the rules 

define transitions then the conclusions define transitions. How can 

these rules be interpreted? They tell us that the execution 

completely depends on the execution of the first statement. The 
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configuration <S1, s> can be transformed via transition action a. in 

three ways; the result is either a normal configuration <Sj,s'> or a 

normal terminal configuration s' or the abnormal terminal 

configuration abortion. Rule 1 says that in the first case <S1;S2,s> 

is transformed to <Si;S2,s'> via the same action X. Rule 2 says that 

in the second case <S1;S2,s> is transformed to <S2,s'>. Rule 3 deals 

with the third case and says that if the first statement aborts then 

so does the composition. To summarize we see that the above three 

rules formalize the description given in the Pascal report "The 

compound statement specifies that its component statements be 

executed in the same sequence as they are written" ([Jensen and 

Wirth 78]). 

These two examples reflect the typical character of the 

structural approach. Two points are worth noting: 

a. As with formal deductive systems of the kind employed in 

mathematical logic this approach defines transitions using axioms 

and rules. Axioms (which have no hypotheses) def ine the transitions 

directly, and rules define the transitions indirectly; that is if 
all hypotheses define transitions then the conclusion of the rule 

defines a transition. A definition of this type is called a 

generalized inductive definition. This feature makes the approach 

rigorously mathematical, allows a semantics to be set up with few 

preconceptions, and also determines the inductive features of the 

proof techniques. 

b. The definition of the transition relation is based on 

syntactic transformations of programs and simple operations on the 

discrete data (state and environment). So methods of proofs rely 

heavily on structural induction which might easily be automated; and 

since programmers and language designers are already familiar with 
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"symbol pushing" this form of the semantics should be more 

acceptable to them. 

These two characteristics will become more pronounced as we 

progress through the thesis. 

Finally, in brief, a labelled transition system can be defined as 

a quadruple T< r ,T,A, -3> and the operational semantics of a 

language can be given by labelled transition systems. 

The original idea of using labelled transition relations to model 

concurrent computations is from Seller ([Keller 75]); the use of the 

labelled transition systems to define operational semantics for 

concurrent programming languages is due to Plotkin ([Plotkin 81]). 

Milner gave an operational semantics for his Calculus of 

Communicating Systems (from now on we use the abbreviated name CCS, 

see [Milner 80]), and Plotkin gave an operational semantics for 

Hoare's Communicating Sequential Processes (from now on we use its 
abbreviated name CSP, see [Plotkin 82]). In this thesis we study two 

other concurrent programming languages (Ada and Edison) using this 

approach, giving an operational semantics for multitasking and 

exception handling in Ada and an operational semantics for Edison. 

We study the second problem in a rather general way, by examining 

translations. Between a high level programming language and the 

"bare" machine on which it runs there are normallX several layers 

represented by intermediate languages. Between each pair of 

consecutive levels there is a translation of high-level objects into 

lower-level objects. In this sense the general subject of 

translation is a very pervasive and important part of computer 

science today. The examples are too numerous to mention, but it is 

worth noting that, recently, several proposals for implementing 

tasking in Ada use this approach. In [Luckham et al 811, the 
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implementation of multitasking facilities in Ada is by translation 

into a lower level intermediate language called Adam. In another 

ambitious project [Bjorner and Oest 80], a semantics (or perhaps an 

implementation) is given for Ada by translating it into the language 

META+CSP. And a similar approach is taken in [Belz et al 80] where 

preliminary Ada has been translated into SEMANOL+Semaphores+Forking. 

Although translators (of various sorts) abound, the theory of 

translation has received relatively little attention in the 

literature. If one asks whether a translation is correct, then the 

answer is rather vague and unsatisfactory. In practice, translators 

are accepted because they work well and seem to agree with the 

description of the language manual intuitively. 

The translation problem may be formalised in the following way. A 

semantics for a language L can be given by 

1. a semantic domain SD(L) 

2. a semantic mapping ML from the objects L (usually programs) to 

SD (L) 

Then a translation can be viewed as a mapping Q ]I:L1 -3L2, and 

its correctness can be investigated by considering the diagram 

Ll 
Q 1 

L2 

ML1 ML2 

SD(L1) tr )SD(L2) 

Figure 0.1 

where tr is some predefined mapping between the semantic domains. 
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Thus by the correctness of a translation we mean that the diagram 

commutes, 1.6 

Q ]1 oMU=MLl o tr 

Here Q ]1 is a mapping between syntactic categories and tr is a 

mapping between semantic domains. 

This kind of approach was announced first by McCarthy and Painter 

([McCarthy and Painter 67]) and then Burstall and Landin ([Borstal l 
and Landin 70]) with the goal of making compilers for high-level 

programming languages completely trustworthy by proving their 
correctness. Morris stated his belief that the compiler correctness 

problem is much less general and better structured than the 

unrestricted program correctness problem and gave the above diagram 

([Morris 73]) treating Q 11 as a compiler. Using a denotational 

approach he proved the correctness of a compiler for a small 

sequential language. Later ADS studied this problem using an 

algebraic approach [ADS 79]. 

It should be mentioned that all these authors are concerned only 

with sequential programming languages and use either denotational 

semantics or algebraic semantics. A problem arises when the 

languages include parallelism and communication as in Ada, CCS, CSP 

and Edison. The reason is that no satisfactory formal semantics of 

such a language in the denotational or algebraic style has so far 

been- produced, though research is progressing in this area (see 

[Hennessy and Plotkin 801, [Plotkin 821). 

We study this problem using the structural operational approach. 

Roughly speaking, the basic idea of our approach is that: 

1. Any syntactic translation between language L1 and L2 induces a 
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semantic translation between the transition systems which define the 

operational semantics of L1 and L2. 

2. The execution of a program can only be represented by a finite 

transition sequence ending in a terminal configuration (successful 

computation), by a finite transition sequence ending in a 

nonterminal configuration (deadlock computation), or by an infinite 
transition sequence. Saying that a translation is correct amounts to 

saying that all these three kinds of computations for a program in 

the object system and in the target system correspond to each other. 

In particular, the possible final configurations of the translation 

of a program should be just the translations of the final 

configurations of the possible computations of the program. 

3. Once we have formalised a notion of the correctness of 

translation, the next problem is to set up some sufficient 

conditions which guarantee the correctness and which can be used to 

prove a particular translation is correct. We call this the adequacy 

problem. A first attempt at a sufficient condition for the 

correctness of a translation might be to require 

r>r' iff tr(r) tr tr(r') 

where tr(A.) may be a sequence. This means that if a translation is 

adequate then any program and its translation should have the "same 

behaviour" in the corresponding transition systems. Intuitively, the 

phrase "same behaviour" includes at least that any transition of a 

program in the object transition system can be simulated by its 
translation in the target system, and any finite transition sequence 

from a translation of a program must be a simulation of a transition 

of that program. We will see later in chapter 5 that this 

requirement is not enough. In fact, when a transition system 
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describes a language with nondeterminism, parallelism and 

communication, the conditions which a correct translation must 

satisfy are very complicated. Investigating these properties is one 

of the main goals of this thesis. 

In (Hennessy, Li and Plotkin 81] the correctness problem in the 

operational approach was first studied in a concrete manner, i.e. 
the correctness of a translation from a simple CSP (without nested 

parallel structures) to CCS was studied and proved. In [Hennessy and 

Li 82] the adequacy problem was studied in a more general setting 

but the conditions found were not sufficient to prove correctness. 

It should be mentioned that Jensen and Priese studied the simulation 

problem in a similar way but where only concerned with binary 

transition relations, without transition labels (see [Jensen 80] and 

[Priese 80]). In this thesis we formalise the correctness problem, 

study the composition of several translations, investigate the 

adequacy problem and give a set of sufficient conditions for 

correctness of a translation. To demonstrate the proof techniques 

used in our approach we give a translation from CSP (with nested 

parallel structures) to CCS and prove its correctness. Finally, as 

an application of operational semantics and translation theory we 

give a proposal for implementing multitasking in Ada by a two-step 

syntax-directed translation algorithm. 

We now summarize the work in this thesis. 

In chapter 1 the basic concepts and notations concerning labelled 

transition systems are introduced and two simple examples are 

studied. These are the evaluation of arithmetic expressions and an 

operational semantics for CCS. With the help of these examples it is 

shown how a structural operational semantics can be given using 

labelled transition systems and the general proof techniques used in 
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this approach are demonstrated. 

Chapter 2 deals with the language CSP. An operational semantics 

for CSP is given which is an improved version of [Plotkin 82]. Both 

static and dynamic semantics are improved, and the interaction 

between static semantics and dynamic semantics is given and proved. 

In chapter 3 the semantics of multitasking and exception handling 

in Ada is studied. The operational semantics for multitasking and 

exception handling are first given separately, and then these 

semantics are combined and the interaction between exceptions and 

parallelism is studied. 

In chapter 4 we investigate another concurrent programming 

language, Edison. Unlike CCS, CSP, and Ada, communication in Edison 

is achieved by managing mutual exclusive access to shared variables. 

We def ine a structural operational semantics for Edison and through 

some examples show how this semantics works. 

Chapter 5 deals with the translation problem. We introduce the 

concept of the correctness of a translation and prove the 

composition theorem. The adequacy problem is studied and a set of 

sufficient conditions for correctness of translation is given. Some 

examples are studied which show why these conditions were chosen. 

In chapter 6 a syntax-directed translation from CSP (with nested 

parallel structure) to CCS is given which is composed of two 

translations. Both translations are proved correct. Through the 

proof we demonstrate the general strategy and techniques used in our 

translation theory. 

Finally, in chapter 7 as an application of the operational 

approach to semantics and translation for concurrent programming 

languages we give a proposal for implementing multitasking in Ada. 
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The implementation is composed of two syntax-directed translations. 
We first translate multitasking in Ada to an Edison-like language. 

More precisely, the entries of the tasks are implemented by modules 

which contain message buffers and the communication statements of 

Ada are implemented by calls to the corresponding procedures of the 

module which manipulate the buffer. The second stage of the 

translation is to implement the when statement of Edison using 

sequential Ada plus some primitive constructs for the scheduling. 
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1. Labelled transition relations and operational semantics 

Labelled transition relations and labelled transition systems 

have appeared very often in the literature of computer science in 

the last decade under various guises, and have been widely used as a 

powerful tool to define formal semantics, prove compilers correct 

and verify programs involving parallelism and communication (see 

[Seller 75], [Milner 80], [Hennessy and Plotkin 80], [Plotkin 81, 

82], [Hennessy and Li 82], [Li 82], [Apt 81] etc). The purpose of 

this chapter is to introduce the basic concepts and notations 

concerning labelled transition relations and systems. 

In section 1.1, the basic concept of a labelled transition 

relation is given. In fact, a labelled transition relation is just a 

binary relation with transition labels (or transition actions) on 

the "arrows". The concept of generalised commutative relations is 

given and some of its properties are studied. In section 1.2 the 

formal definition e.f a labelled transition system is introduced. The 

rest of the chapter is devoted to two simple but important examples 

evaluating arithmetic expressions and Milner's Calculus of 

Communicating Systems. With the help of these examples we 

demonstrate how a structural operational semantics for a language 

can be defined using labelled transition systems and the techniques 

which are available for proving the properties of such a semantics. 

1.1 Labelled transition relations and their abstract properties 

The concept of a labelled transition relation is a generalisation 

of the notion of a binary relation where a transition label (or 

transition action) is associated with each pair in.the relation. In 

this section, we introduce its formal definition and study some of 

its properties. First we need the following stanaard notation: 



18 

Notation 1.1 Sequences 

Let A be an arbitrary set. The sets of sequences A+ and A* are 

defined by 

A+= {(a1,a2,...,an)In>0, aieA, i-l,..,n) 

A=A 
U {0} 

We use w to denote a sequence in A+ or A*, and assume the functions 

eli(w) (the ith element in w), hd(w) (the first element in w) and 

tl(w) (the tail of w) have their standard meanings (see (Gordon 

791). Finally, length(w) is the length of w defined by 

length(w) _ 

0 i f w=O 

n if w=(a1,a2,..,an) 

Labelled transition relations are defined as follows: 

Definition 1.1 Labelled transition relations 

Let r , A be given arbitrary sets. The elements of r are ranged 

over by r and called configurations, the elements of A are ranged 

over by 7l and called actions. Then a relation -*r r XAX r is called 

a A -labelled transition relation over r. The triple <r,7l,r'>e-* is 

called a transition in -'> and is interpreted as "the configuration 

r moves to the configuration r' via the action X", and is written as 

r )r'. 
A binary relation -45 rX r can be considered as a labelled 

transition relation -4r XAX r where A={t}, i. e, A only contains 

one label v; we call such a relation a transition relation and may 

write r -4r' instead of r )r'. 9 
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From now on we will often use the following notation: 

Notation 1.2 

Consider a A-labelled transition relation over suppose r, r'8 
weA , then: 

1. r >r denotes the identity relation, for any r, <r,0,r> is in 

2. r ~ )-r' is called a transition sequence. It denotes either an 

identity relation if w=0 or, inductively, that there exists an r" 
such that r hd w r" and r" tl w 

3. r ± *r' is called the transitive closure of -4. It is defined 

by r fir' iff there exists a weA + such that r ~)r', i.e, it 

denotes a non-empty transition sequence. 

4. r -!) r' is called the transitive reflective closure of 

-4 defined by r )r' iff there exists weA * such that r--1-4r', 
i.e, it denotes r -L4r' or r 4r' . 

5. A(r)=(r' Ir---fir' 1eA; r' a [' ) is the set of immediate 

successors of r and r is called active iff 0(r)# 0. 

6. 0+(r)=(r'Ir +)r', r'e[') is the set of r 's successors 

reachable in >0 transition steps. 

7. A (r)=(r' Ir #)r' , r'e d' ) is the set of is successors 

reachable in Z0 transition steps. 

8. r4r' says that there exists r"er' such that r _!4r" and 

r' -'-)r". This means that some transition relation sequences from r 

and r' converge. 

9. rt means that there is an infinite transition sequence: 
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roor0 -1-> rl __U4. _jn4rn -4 ... 
If there exist no rer such that rt, then the transition relation is 

called noetherian. 

Most of the confluence properties of binary relations (see (Kuet 

801) can be easily generalised to labelled transition relations. In 

this section we only study those generalised commutative properties 

which will be used in the later work concerned with translation 

theory (see chapter 5). For convenience we assume fixed sets r, 
A of configurations and labels; we use the term labelled transition 

relation or even transition relation to replace A-transition 

relation when A can be understood from the context. 

Definition 1.2 Generalised commutativity 

Given M C A, a transition relation - is said to be M commutative in 

r iff for any r, rl, r2sr, a,SA, µsM, whenever r--->rl, r-u )r2 

then either r1=r2 and ).=µ or there exists r3s r such that rl >r3 
and r2---)r3, i.e, the relations in the following diagram hold: 

r I rl 

µ 

-> r3 

Figure 1.1 

If - is M commutative then it will have the following useful 

property. Firstly, let us define the filtration of a sequence. 
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Definition 1.3 filtration 
Given MSA. Let filM:A-4A\M be the function defined recursively 

by 

0 i f w-0 

filM(w)= hd(w).filM(tl(w)) if hd(w)$M 

f ilM(tl (w)) otherwise 

Thus filM(w) is the subsequence of w obtained by taking out all w's 

elements contained in M. We sometimes use the abbreviated form 

fil(w) to replace the form filM(w), if M can be understood from the 

context. 

Leaa 1.1 

Let -3 be M commutative. Then for any r, rl, r2 ar, w11eA * and 

µeM, with rw >r1 and r-l-r2 there exist r3er, w12sA and w22eM* 

such that: 

Figure 1.2 

and f it (w11) =f it (w12) and w22 is either it or 0. 

Proof. Prove by induction on length(w11). 

If length(w11)=0 then fil(w11)=O, choose r3=r2, w22=µ, and w124; 

the result is immediate. 

Suppose the case where length(w11)=k is proved and consider the 
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hd(w ) 

the the case where length(w11)=k+1. Since r 11 4rll for some rll 
and -4 is M commutative there are two possibilities: 

1. µ=hd(w11), r2=rll, then choose 

the case is proved. 

r3=r1, w22=0, w12=tl(w11) and 

2. Otherwise we can construct the following diagram: 

r--_hd(wl1)--->rll-- tl(w11)--->r1 

I I I 

1w22 

r 2--hd (w11) ---> r 21--- X13 ------> r3 

Figure 1.3 

The left part of the diagram is constructed using M commutativity. 

And by the induction hypothesis we find r3, w13 and w22 to construct 

the right part of the diagram with fil(w13)=fil(tl(wll)) and w22 

being either µ or 0. Thus taking w12=hd(w11).w13 the lemma is 

proved. 0 

Using this lemma we can prove the following theorem: 

Theorem 1.1 

If -i is M commutative, then for any r, r1, r2er , wlleA* and 
* 111 121 

w21eM if r rl and r --,)r2 then there exist r3e f' , w128A and 

w22sM such that 

fil(w11)=fil(w12) and w22 is a subsequence of w21 
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and 

r---wl l - rl 

r2 w12-----) r 3 

Figure 1.4 

Proof. The proof can be obtained by induction on length(w21) (using 

the above lemma). 0 

This theorem means that if -4 is M commutative then for the 

different transition sequences r w > w r1 and r :24r2 where w21eM*, we 

get Figure 1.4 which is "almost" commutative. By almost commutative 

we mean that w11 and w12 are the same if we filter out their 

elements which are in M and w22 is a subsequence of w21. 

1.2 Labelled transition systems 

The concept of a labelled transition system has evolved from 

general automata theory. The original idea of using labelled 

transition systems to model parallel computation was introduced by 

Seller ([Keller 75]). The form used here is due to Plotkin ([Plotkin 

81 ]). In fact, a labelled transition system can be viewed as a 

labelled directed graph (= labelled transition relation) with a 

distinguished set of terminal nodes. 

Definition 1.4 Labelled transition system 

A labelled transition system a is a quadruple <F ,T,A, -+> where 

-4c- rXAX r is a labelled transition relation and Tc r is a set of 

terminal configurations such that: 

VreT. A(r)0 
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The set D-(rl re('\T, A(r)m} is called the set of deadlock 

configurations. In particular, if -i- is a binary relation (see 

definition 1.1) the corresponding transition system is written as 

<(',T, -i>. 0 

Having defined labelled transition systems we can now introduce 

the notion of a computation: 

Definition 1.5 Computation 

Let a:<r ,T,A, -+> be a labelled transition system. A computation 

from r is either a finite sequence of transitions of the form 

r=r0 '>rl ... n4 rn 

or an infinite sequence of transitions of the form 

It is complete if it is infinite or if it is finite and A(rn)=O. 

It is stuck if it is finite and the final conf iguration rneD; it is 

terminated if it is finite and rneT. 0 

In fact any finite automaton, context free grammar, Turing 

machine and Petri net can be viewed as a labelled transition system. 

As examples, let us look at finite automata (this example is due to 

Plotkin) and Turing machines. 

Example 1.1 Finite automata 

A finite automaton M is a quintuple <Q,7-,S,g0,F> where: 

Q is a finite set of states. 

E is a finite set called the input alphabet. 

S: QXE -+Q is the state transition relation. 
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g0eQ is the initial state. 

FSQ is the set of final states. 

To obtain a transition system we set: 

j'=QXE* and T=(<q,0>I qeF} 

So any configuration r=<q,w> has a control component, q, and a state 

component w (for the data). 

The transition relation is defined by: 

<q,w>-><q',tl(w)> if w#0 and S(q,hd(w))=q' 

The behaviour of the finite automaton is just the set L(M) of 

strings it accepts: 

L(M)=(wl weZ* and 3qeF <q0,w> -)<q,O> }. 

Example 1.2 Turing machines 

A Turing machine is defined by (Q,A,F,S,g0,B,F) where: 

Q is a finite set of states. 

A is a finite set of allowable tape symbols. 

BeA is the blank symbol. 

X CA-{B) is the set of input symbols. 

S:QXA -+ QXAX{L,R} is the next move function (6 may be undefined 

for some arguments). 

gQeQ is the initial state. 

FtQ is a set of final states. 

To obtain a labelled transition system we define: 
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T'=QXNXA* and T-FXNXA* 

where N is the set of natural numbers. Thus any configuration 

r=<q,n,w> has a control component q, a tape w and a pointer n which 

gives the position on the tape scanned by the tape head. 

The transition relation is defined as follows 

<q,n,w>-4<q',n-l,w[a'/n]> if S(q,el(w))=(q',a',L) and n>1 

<q,n,w>-4<q' ,n+l,w'> if S(q,eln(w))=(q',a',R) 

where 

w[a'/n] if n<length(w) 

w'= 

w[a'/n].B if n=length(w) 

The notation w[a/n]:A*-)A* where OSnSlength(w) is defined by 

a if i=n 

eli(w[a/n])= 

el i(w) otherwise 

i.e, w[a/n] denotes the tape which is the same as w except that the 

nth element is a. 

The behaviour of the Turing machine is just the set L(M) of 

strings it accepts: 

L(M)={wl jgcF, neN, w'eA* (<g0,O,w> *)<q,n,w'>)} 0 

The above examples tell us that the behaviour of a Turing machine 

(or a finite automaton) can be describe by labelled transition 

systems. In fact, we will see that the operational semantics of 
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languages concerned with parallelism and communication can also be 

given by labelled transition systems. In the rest of the chapter we 

will show, by means of two interesting examples, how they can be 

used to model parallel computation. 

1.3 Evaluating arithmetic expressions 

As a useful example of defining an operational semantics using a 

labelled transition system, we consider the problem of evaluating 

arithmetic expressions. 

1.3.1 Abstract syntax 

The abstract syntax of arithmetic expressions is defined using 

the following disjoint syntactic sets: 

N - the set of natural numbers, ranged over by m, n. 

Var - a given countably infinite set of variables, ranged over by 

(the meta variable) x. 

Bop=(+,-,*,div} - the set of binary operations, ranged over by o. 

Now we can define: 

Exp - the set of arithmetic expressions, ranged over by e, and 

defined using a BNF like notation 

e :.= m ( x ( e1+e2 ( e1-e2 I el*e2 ( e1 div 02 

It should be mentioned here that we sometimes add subscripts and 

superscripts to a metavariable to generate another metavariable over 

the same class such as x', xij, e1, e', ei3 and so on. 

In the title of this subsection we used the term abstract syntax 
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to distinguish it from concrete (or "normal") syntax ( see 

[McCarthy 631). In general, by abstract syntax we mean a collection 
of sets and rules (operations) showing how to construct all phrases 

of the language in the form of trees rather than character strings 

(as a concrete syntax does). Abstract syntax does not worry about 

ambiguity, operator precedence etc. These issues must be treated by 

the concrete syntax in order for it to be useful for parsing. For 

example, the concrete syntax of arithmetic expessions might be as 

follows (see (Tennent 81]): 

<expression> :._ <term> I <expression><o><term> 

<term> <factor> I <term><o><factor> 

<factor> <variable> I <literal> I (<expression>) 

<o> .:_ * I + (- I div 

<variable> a ( b ( ... I z 

<literal> 0 ( 1 ( ... 1 9 

A concrete syntax like this is necessary for a parser to 

recognize character strings describing expressions, terms, ana 

factors, but these do not make any difference from the semantic 

point of view. Roughly speaking, we may view the abstract syntax as 

describing the syntax trees produced by a parser which utilises the 

concrete syntax, but ignores semantically irrelevant details like 

those between expressions, terms and factors. Therefore using 

abstract syntax we can stress the "deep structure" of languages and 

avoid getting involved with irrelevant details of the parsing 

process. 

Rezark: From now on the syntax of all languages which we will study 

in this thesis are defined by an abstract syntax. 
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1.3.2 Operational semantics 

The idea of defining an operational semantics for evaluating 

arithmetic expressions is that: 

1. To evaluate an expression a we need to start with an initial 

state s and putting these together'we obtain a configuration <e,s>. 

2. The evaluation of e in a state s should result in either a 

number associated or an error (when, runtime errors occur during 

evaluation such as 1 div 0). Thus <n,s> (n is an integer) and error 

are terminal configurations. 

3. Since we are interested in digital computation the evaluation 

(execution) will move through discrete stages. We may use 

transitions r -4r' to model one step of evaluation (execution) and 

use the transition sequences to model the working processes of 

expression evaluation. To define transitions we introduce axioms and 

rules. For example, consider the expression e1oe2 and initial state 

s. Then one step of evaluation should be <e1oe2,s> -4r where r is a 

configuration. Since we can choose either e1 or e2 to evaluate there 

are two possibilities: 

a. <e1,s> -4r1 

b. <e2,s>-4r2 

Let us consider case (a). One step of evaluation of <e1,s> may 

result in a proper successor or a runtime error, that is, r1 may be 

<ei,s> or error. Thus the result of one step of evaluation of 

<e1oe2,s> will naturally be <eioe2,s> or error and we obtain the 

following two rules: 

1. if <e1,s»<ei,s> then <eloe21s»<eioe2,s> 

2. if <el,s> -'!error then <eloe2,s>-3error 
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Similarly, for case (b) we have: 

3. if <e2, s> -) <e2, s> then <0106213>-' <e1oe2, s> 

4. if <e2,s>-+error then <e1oe2,s> -)error 

In fact these four rules exactly model the way in which we evaluate 

arithmetic expressions by hand. To formalise the above explanation 

we introduce the following transition system: 

Firstly, let a state s:Var-+N be a partial assignment of values 

to variables and States be the class of states. The transition 

system ae=< r e,Te, e>> is defined by: 

F {<e,s> I esExp, ssStates } u{errorl 

To = {<m,s> I msN, ssStates )u{error) 

The general forms of the transition relation a are 

<e,s>--4<e',s'> 
<e,s>----error 

These mean that one step in the evaluation of a (with state s) 

results in the expression e' (with state s') or an error. For the 

sake of simplicity we will omit the a under the arrow since there is 

only one transition relation. We will make use of the following 

notation: 

Notation 1.3 
A 

The form 
C,B 

denotes that A and B implies C and D. 
A 

The transition relation is defined by the following informal 

system of axioms and rules: 
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Identifiers 

1. <x,s»<s(x),s> if s(x) is defined 

2. <x,s>-,)error if s(x) is undefined 

Binary operations. 

<e1,s»<els> 
<e1oe2,s»<eioe2,s> 

2. <e1oe2,s»error 

2 

<e1, s> -error 

<e2,s» <e2,s> 
<e1oe2,s» <eloe?,s> 

4 
<e2,s>-4error 
<e1oe2,s»error 

5. <m+m',s» <n,s> 

6. <m-m',s»<n,s> 

7. <m-m',s»error 

8. <m'om', s» <n, s> 

9. <m div ml . s> -4<n, s> 

10. <m div m',s»error 

where n=m+m' 

if m2m' and nmm-m' 

if m<m' 

where n=m*m' 

if m'#0, nin*m'+r, 0Sr<m'. 

if m'=0 

Let us explain what is meant by this system of axioms and rules. 

There are two axioms for identifiers and six axioms for binary 

operations (5 to 10); there are also four rules for binary 
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operations. Axioms define transitions directly and rules enable us 

to derive transitions from axioms inductively. The set of 

transitions in T. satisfies the following three laws: 

1. The axioms define transitions. 

2. If all the hypotheses of a rule (the numerator) define 

transitions the conclusions (the denominator) of the rule define 

transitions. 

3. There are no other transitions in ae. 

This kind of approach is called a generalised inductive definition 

(see [Shoenfield 1967)). For example, the first axiom for 

identifiers says that for any identifier x and state s, if s(x) is 

defined then <x,s> -)<s(x),s> is a transition in Te. The secona 

axiom for identifiers says that if s(x) is undefined then 

<x,s>-)error is a transition. Axioms for binary operations about 

"+, "-", "*" and "div" are similar. The first rule for binary 

operations says that for any expressions el, e2, ei ana state s, if 
there is a transition <el,s> -)<ei,s> then there is a transition 

<eloe2,s> -)<eioe2,s>. For example, let s be (x=5,y=6) (this means 

s(x)=5 and s(y)=6; otherwise s is undefined). Since 

<x,(x=5,y=6)>-4<5,(x=5,y=6)> 

is a transition (by the first axiom for identifiers) we have by 

rule 1 

<x*y,(x=5,y=6)> -<5*y,(x=5,y=6)> 

is a transition in Te. 

It should be emphasized that the symbol + appears twice in 

rule 3, the first "+" in the clause is a syntactic constructor 

(operator) and the second denotes the addition function. Similarly, 

for the "-", and "*" in subsequent rules. We will often overload 
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symbols in this way when their meanings can be understood from the 

context. 

We introduce the value of an expression as follows: 

Definition 1.6 

The function Q Il: Exp->States-+N+{error} is defined by 

if <e,s> <m' s> 

Eel s= 

if <e, s> *>error 

We call Eells the value of the expression a in state s. 0 

We now prove that the evaluation mechanism defined above, is 

noetherian, never stuck, and that each expression has a unique value 

which does not depend on the particular computation sequence 

(thereby proving that Eells is well-defined). If we use num(r) to 

denote the number of operations and identifiers contained in 

expression e, then all these proofs can be obtained by induction on 

num(r) and for each r by cases on the structure of r. Now num(r) is 

recursively defined by the following table: 

r error <m,s> <mon,s> <x,s> <e1oe2,s> 

num(r) 0 0 1 1 num(<ei,s>)+num(<e2,s>)+1 

Notice that if r--->r' then rgTe (because there is no rule for 

error and <n,s>). We have: 

Loma 1.2 

If r -4r' then num(r)>num(r'). 

Proof By induction on num(r). In the case num(r)=0, then reTe and 

the result is trivial since as we noted it is not then possible that 
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r--->r'. Now suppose r-<e,s>. If num(r)-1 then a must be an identifier 
x or have the form mom'. In both cases the result is immediate since 

r' must be <m,s> or error. 

Now we assume as our hypothesis that the lemma is true whenever 

num(r)Sk (k21) and prove it then holds for num(r)=k+1. By the above 

discussion we can assume k22, so according to the syntax we need 

only examine the case of a=e1oe2 and either num(<e1,s>)>O or 

num(<e2,s>)>O. By the transition rules, we must analyse four 

subcases: 

a. <e1,s>-+<ei,s> and <e1oe2,s>-<eioe2,s> (by rule 1). 

We have by the induction hypothesis that num(<ei,s>)<num(<e1,s>), 

therefore 

num(<eioe2,s>)=num(<ei,s>)+num(<e2,s>)+1 

<num(<e1,s>)+num(<e2,s>)+1 = num(<e1oe2>) 

b. <e1,s>-4error and <e1oe2,s>-4error and the result is obvious. 

c. <e2,s>-4<e2,s> the proof is similar to subcase (a). 

d. <e2,s>-+error the proof is similar to subcase (b). 

Thus the lemma has been proved. 0 

Corollary 1.1 

The transition relation is noetherian. 

Proof It follows directly from the above lemma. 0 

This corollary says that all computations from a configuration r 

are finite with length at most num(r). 

Leaaa 1.3 

If r$Te then there must exist r'sI a such that r--->r' . 
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Proof The proof is by structural induction on the expression 

contained in r. Since r is not in T. it must be one of the form: 

<x,s>, <miom2,s> and <eloe2,s> where at least one of ei or e2 is not 

an integer. Thus: 

case 1. r is <x,s>. 

According to the axioms for identifiers, if s(x) is defined then 

take r'=<s(x),s>, otherwise take r'=error. 
case 2. r is <mlom2,s>. 

According to the axioms for binary operations we take r' defined 

below: 

r'= 

<m,s> m=mlom2 if o is + or * 

or o is - and ml>m2 

or o is div and m2#0 

(error if o is - and mi<m2 

or o is div and m2=0 

case 3. r is <e1oe2's>. Then 

a. if ei is not an integer, then by the induction hypothesis 

either <ei,s> -+<ei,s> or <ei,s> -+error 

By the binary operation rule 1 and 2 we have: 

<eloe2,s> -)<eioe2,s> or <e1oe2,s>-4error 

Thus take r'=<eioe2,s> or error the snbcase is done. 

b. if e2 is not an integer, the proof is similar to suocase (a). 

Thus the lemma has been proved. El 

Corollary 1.2 

No configuration is deadlocked and no computation is stuck. 

proof It follows directly from the above lemma. 0 

The corollary 1.1 and 1.2 mean that every complete computation is 
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terminated and every expression has either a value or an error from 

every state. 

Finally, the transition relation has the confluence 

property. 

Leama 1.4 

For any rs r , if r-'1r1 and r-->r2 then r1I r2. 

Proof By induction on num(r) again. 

For the case of num(r)=0 since r can only be <m,s> or error the 

result holds vacuously. For num(r)=1 r must be <x,s> or <mom',s>, 

only one transition rule applies in each case so r1=r2 and hence 

r14r2. 

Now we assume as our hypothesis that the lemma is true whenever 

num(r)Sk (k21) and prove it then holds for num(r)=k+1. Let 

r=<e1oe2,s>. According to the transition rules defined above we need 

to examine the following cases: 

case 1. rl=error. Then 

<e1, s> --)error or <e2, s> -error 

For example <e1,s»error; then if r1=r2 there is nothing to prove, 

otherwise there are two subcases: 

a. r2=<e1oe2,s> and <e2,s » <e2,s>. 

By the binary operation rule 1 we have: 

r2=<e1oe2,s»error 

b. r2=<eioe2,s> and <e1,s»<ei,s>. 
By the induction hypothesis we have: <ei,s> *)error. According to 

the binary operation rule 1 we have: 
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r2-<eioe2,s>-- *)error 

Thus in both subcases rl and r2 converge to error. 

case 2. r2=error. The proof is similar to case 1. 

case 3. <aloe2,s>--->r1 and <a1oe2,s>-+r2 and neither rl nor r2 is 

error. 

According to the binary operation rules 1 and 3 there are three 

snbcases: 

a. rl=<eioe2,s>, r2=<eloe2,s> and <el,s» <ej.s>, 

<e2,s» <e2,s>. Take r3=<eloe2,s>. By rules 1 and 3 we have 

< eioe2,s»<eioe2,s> and <eloe2,s» <eloe2,s> 

b. rl=<eioe2,s>, r2=<eloe2,s> and <el,s» <ei,s>, 

<el,s»<el,s>. Since num(el)Sk, by the induction hypothesis, there 

exists an r13 such that 

<ei,s> #>r13 and <el,s> #>r13 
If r13=<e13's> then take r3=<e13oe2's>; otherwise r13 must be error 

and take r3=error. 

c. rl=<eloe2,s>, r2=<eloe2,s> and <e2,s»<e2,s>, 

<e2's>>-4<e2,s>. The proof is similar to subcase (b). 

Thus the theorem has been proved. 9 

In [Huet 80] the property established by the above lemma is 

called local confluence and the property 

if rs>r1 
and r ---!4r2 then rll r2 

is called the confluence property. It is proved that a noetherian 

relation is confluent iff it is locally confluent (see lemma 2.4 

in[Huet 80]). This result guarantees that all complete computations 

in Ire end in the same configuration, i.e, given state s every 

expression a has unique value; thus as promised above, we have shown 

that Qel s is indeed well-defined. 
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In fact using the techniques given in [Plotkin 80] it can be 

proved that the operational semantics defined here is equivalent to 

the denotational semantics given in [Gordon 79] or [Stop 771. 

Remarks As we have noticed the main feature of the proofs of the 

above lemmas is induction on the structure of terms in 

configurations. The reason is that all transitions in the transition 

-system U. are given by generalised inductive definition; i.e, a 

transition in ae is either an axiom or the conclusion of a rule. 

Thus in order to prove that every transition in ae has a property P, 

it suffices to prove 

1. every axiom has property P. 

2. if all of hypotheses of a rule have property P, then the 

conclusion of the rule has property P. 

In fact this approach will be used throughout the whole thesis. 

1.4 An operational semantics of CCS 

In a series of papers(see [Hennessy and Milner 79], [Milner 80 

and 82], [Hennessy and Plotkin 80], etc) Milner and his colleagues 

have studied a model of parallelism in which concurrent systems 

communicate by sending and receiving values along lines. 

Communication is synchronized in that the exchange of values takes 

place only when the sender and receiver are both -ready and this 

exchange is considered as a single event. This kind of communication 

is also found in a large group of modern languages such as Hoare's 

CSP, and Ada. In [Milner 80] a notation for expressing systems is 

introduced which can be considered as an applicative language, 

called CCS - Calculus of Communicating Systems. More precisely, 

there is a family of languages incorporating these ideas. In this 
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section we study one such language, which is close to the style 

given by Hennessy and Plotkin (see (Hennessy and Plotkin 80]) and is 

called asynchronous CCS. For the sake of convenience we just use the 

name CCS. 

1.4.1 The syntax of CCS 

The abstract syntax of CCS is parameterised on certain disjoint 

sets and functions: 

Var - a given conntably infinite set of variables, ranged over by 

(the metavariable) x. 

Exp - a given countably infinite set of expressions, ranged over 

by e and assumed to contain the set V which is a nonempty set of 

values (ranged over by v). 

Bexp - a given countably infinite set of boolean expressions, 

ranged over by b and assumed to contain the set (tt,ff) of truth 

values. 

Remarks: From now on the sets Var, Exp and Bexp will be used in 

every language which we will study. As we have already stated in the 

introduction, since the goal of this thesis is to investigate the 

nature of communication and concurrency, in order to focus our 

attention on these subjects we gloss over the details of those 

aspects which are nearly standard and quote the results directly. 

Following this principle, for the expressions we assume that 

1. All expressions a or b have finite sets FV(e), FV(b) of free 

variables, defined in the normal fashion. 

2. The substitution of an expression e' for a variable x in an 

expression a or b is defined as usual, giving expressions e[e'/x], 
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b[e'/x]. We assume that the following stanaard facts hold: 

(FV(e)\{x})u FV(e') if xsFV(e) 

FV(e[e'/x])= 

FV(e) if x#FV(e) 

and e[e'/xl[e"/x] - e[e'[e"/xl/xl 

and e[e' /x] [e"/y] = e[e"/y] [e' [e"/y] /x] if x#FV(e") and x#'y. 

This will do if we are not thinking of complicated expressions with 

bound variables where also a notion of a-conversion should be taken 

into account (see [Hindley, Lercher, Seldin 72], [Curry, Feys, Craig 

681). 

3. All expressions can be evaluated without side-effects to give 

a result in V (in following chapters we assume that V contains a 

distinguished value error). The evaluation may be defined using 

either a denotational or an operational approach which, for example, 

is referred to the previous example. We use Eel to denote the value 

of a closed expression a for an applicative language and Eells (or 

Qe]lps) to denote the value of a in state s (or in environment p and 

store s) for an imperative language. We should mention that in 

general, the evaluation of an expression may have side-effects(see 

[Gordon 79], [Tenant 81]) but here we just choose the simple case 

and assume evaluate expressions without side-effects in order to 

concentrate on communication. 

The following sets are also needed to define the syntax of CCS: 

A - a given countably infinite set of line names, ranged over by 

a, 0, Y- 

Proc - a given countably infinite set of procedure names, ranged 

over by P. 
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Given these five sets the two main syntactic categories of CCS 

can be specified as follows: 

Ran - the set of renamings, ranged over by $, which is a partial 

function from A to A. 

Terms - the set of terms, ranged over by t, u and defined by the 

BNF-like notation: 

t::= Nil I t+u I tin I ax.t I a(e,t) I C.t I 

t[¢] I if b then t also u I P(el,...,en) 

(iP(xl,...,zn).t)(e1,...,en) 

The notations az.t and (gP(zl,...,zn).t)(el,...,en) denote the 

binding of variables and procedures respectively in t. The term t+u 

is called summation and can behave as either u or t. The term tin is 

called composition and the components t and u may execute 

simultaneously and communicate with each otter. The terms az.t, 
a(e,t) and c.t are actions, they can perform an input, output or 

internal action respectively and then become t. It should be 

mentioned that the forms of actions used here are sometimes written 

in the forms a?x.t, ate.t and t.t (see [Milner 80]). The term t[f] 
is a renaming; the function + renames or restricts the line names 

contained in t. Finally, (gP(zl.... zn).t)(el,...,en) is a recursive 

procedure with parameters x1.... zn. We can understand that the 

behaviour of (µP(21, ...'zn) .t) (el'...'en) is the same as its body t 
with gP(zl'...,x ).t substituted for P and with the free occurrences 

of the formal parameters x1,..., zn set to gel]'...' gen]. For 

convenience we will use the following notations: 

Let ft iI 1<i<n ] be a finite set of terms; then Eti denotes the 

term (t1+(t2+(. +tn)...)) and Iti denotes the term 
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ti1(t2I(...Itn)...). Let X be a subset of line names; then t\X 

denotes the term t[ax], where +x is a renaming defined by: 

a if af% 

+x(a)= 

undefined otherwise 

Finally, the term t[ai/fti], 1SiSn denotes t[+] where 

ai if 7=Ai 

otherwise 

We also extend FV(t) (free variables of a term t), and define FP(t) 

(free procedure names of t) and FL(t) (free line names of t) by the 

following tables: 

Nil t + u t I u ax.t a(e,t) 

FV 0 FV(t) uFV(u) FV(t) uFV(u) FV(t)\(x} FV(e)u uFV(t) 

FP 0 FP(t)u FP(u) FP(t)u FP(u) FP(t) FP(t) 

FL 0 FL(t) vFL(u) FL(t) uFL(u) (a) uFL(t) (a) uFL(t) 

t.t t[4] if b then t also u 

FV FV(t) FV(t) FV(b)u FV(t)u FV(u) 

FP FP(t) FP(t) FP(t)u FP(u) 

FL FL(t) 4(FL(t)) FL(t)u FL(u) 
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P(el,...,en) (µP(zl,...,xn).t)(el,...,en) 
FV FV(el)u...u FV(en) FV(t)\[zl,...,zn} 
FP (P} FP(t)\(P} 

FL 0 FL(t) 

where f(FL(t)) denotes the image under + of FL(t)t A. 

Remarks We also assume the substitution e'[e/xl of expressions for 

variables in expressions is extended in the Usual way to allow the 

substitution t[e/x] of expressions for variables in terms. We also 

assume the substitution t[t'/P] of terms for procedure names in 

terms is defined in the Usual way. ( Of course in both cases such 

substitutions may require change of bound variables such as in ax.t, 

or bound procedure names such as in µP.t to avoid clashes). 

Finally, a program is defined as follows: 

Definition 1.7 CCS program 

A term t is a program iff FV(t)'O and FP(t)'O. 

That is there are no undefined procedures or variables in a program.. 

1.4.2 The operational semantics of CCS 

To give the operational semantics of CCS we define a labelled 

transition system ac=<r c,Tc,A c,c>> where 

rc Terms 

Tc= {Nil } 

Ac={a?vl aeA, veV}w[alvl aeA, veV}u{ti} 

For any transition label XeA c the complementary label X is 

defined by: 
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a!v if %ma?v 

1= a?v if %-Q!v 

t if X-t 

The transition relation > will be defined by rules of the 

following forms: 

1. t C ,?v t' means informally that t can receive an input value v 

along line a and thereby be transformed into t'. 

2. t C" v t' means that t can output value v along line a ana be 

transformed into t'. 

3. t -1--+t' means that t can transform itself to t' by soma 

internal communication. 

The transition relation is defined as follows: 

Action 

1. ax.t )t[v/x] 

2 . a(e,t)CL l e t 

3. r.t >t 

3=Mation 
t L 
t+u-fit' 

a emu' 2. 

These two rules mean that the behaviour of the term t+u is that of 

its components t and u, with commitment to whichever is executed. 
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Composition 

t t' 
1tin )t'Iu 

n 
2' tIn-->tIu' 

t41V-4 tuAlm)n' 
3. tin ert'lu' 

tA1-V4 t', na?v u' 
4. tin w1n' 

Rules 1 and 2 above mean that an action of t or of n in the 

composition tin yields an action of this composition in which the 

other component is not affected. In other words, parallelism is 

achieved by interleaving the execution of its components (t and u). 

Rules 3 and 4 mean that communication between terms consists of the 

simultaneous occurrence of certain specified complementary actions 

of these terms.* This kind of communication mechanism is often 

referred to in the literature as handshaking. Since in this thesis, 

we mainly deal with parallelism by interleaving and handshake 

communication, these four transition rules express the essence of 

our approach to parallelism and communication. 

Renaming 

t° v t' 1. 
t[+l (a)? t' E41 

to v t 2. (a)s t' 141 

if +(a) is defined. 

if +(a) is defined. 

t r t 3. t[+l t--)t'[+] 
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These rules mean that renaming either relabels the transition action 

(when + is defined) or removes the transition action (when + is 

undefined). 

Conditional 
t-)t', 9b]-tt 

1. if b then t else a----'t' 

2. 
II 'a', QbD=ff 

if b then t else a --*u' 

These rules mean that the behaviour of a conditional term is that of 

t or a, depending on the value of the boolean expression b (tt or 

ff). 

Procedure 

t [LP(xl, ...xn) . t/Pl [ I[e D /z 1... [QenD /xnl % >t' 
(µP(xl,...xn).t)(el,...,en) -fit' 

This means that the behaviour of ( µP(xl,...xn).t)(el,...,en) is the 

same as its body t substituted for P in t by gp(xl,...xn).t and with 

the formal parameters xl, ... ,xn set to Qe1D , ... ,'QenD . 

It should be mentioned that CCS is an applicative language and 

therefore all these rules fail to describe the meaning of terms with 

free variables. For example, the action rule 2 gives no meaning to 

the term: 

a(x2+1,Nil) 

and the conditional rules do not make sense for 

if y>O then a(y,Nil) else S(y+1,Nil) 

since all rules involve valaes,not variables. 
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1.4.3 Properties and examples 

One may wonder whether the operational semantics given above is 

well defined. The following results may convince us: 

Lemma 1.5 

If t >t' then FV(t')CFV(t), FP(t')CFP(t) and FL(t')SFL(t). 

Proof Let us just prove the result for FV leaving FP and FL to the 

interested reader. The proof is by induction on inferences t ' fit'. 

For the case that the inference rules are axioms we need only 

examine the following three cases: 

gel] I case 1. t=a(e,t1) and a(e,t1) a! t1. So t'=t1 therefore 

FV(t')=FV(t1) 5 (FV(e)u FV(t1))=FV(t) 

case 2. t=ax.t1 and ax.t1 a?v 4t[v/x]. Then t'=t1[v/x]. Noticing the 

second remarks given in subsection 1.4.1 we have: 

FV(t')=FV(t1[v/xl)=(FV(t1)\{x))u FV(v)=FV(t1)\(x)=FV(t) 

case 3. t=s.t1 and s.t--->t. Then the result is obvious. 

For the induction step we must examine all rules defined in the 

previous section. Let us check the following interesting cases: 

case 4. t=t1+t2. There are two possibilities: 

a. t'=t1 and ti- X -+ti; then 

FV(t')=FV(ti) CFV(t 1) by the induction hypothesis 

FV(t1+t2) by the definition of FV 

b. t'=t2 and t2 -3t2. Then the proof is simiiar to (a). 

case S. t=tilt2. There are three subcases to check: 

a. t'=tilt2 and t1 '> ti. We have, by the induction hypothesis 

that FV(ti)= FV(t1) so 

FV(t')=FV(tilt2)=(FV(ti)LJFV(t2)) C (FV(t1)u FV(t2))=FV(t) 
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b. t'=t1It2 and t2 )t2. The proof is similar to (a). 

c.. t'=ti I t2, ) v and tl -2--> ti and t2 --L) t2 for some paAc . By 

the induction hypothesis FV(ti)S FV(tl) and FV(t2)SFV(t2), so 

FV(t')=(FV(ti) u FV(t2)) 9 (FV(tl)u FV(t2))=FV(t) 

case 6. t is a recursive procedure. For simplicity we just consider 

the parameterless case t=jP.tl. Then by the procedure rule 

t'=ti and tl[gP.tl/P1 L -*tj. 
By the induction hypothesis we have: 

FV(ti)tFV(t1( P.tl/P1) 

Since 

FV(tl)u uFV(gP. ti) if PONY 
FV(tl[gP.tl/P])= 

FV(ti) if PgFP(tl) 

by the definition of FV we have: 

FV(t)=FV(gP.tl)=FV(tl)=FV(tl[gp.tl/P1) 

Thus the result has been proved. 0 

The next theorem follows directly from this lemma. 

Theores 1.2 

If t is a CCS program and t-k-4t' 7.cA then t' is a program. 

Let us now study some CCS examples. 

Example 1.3 

Consider a term t=a(5,Nil)lax.Nillax.(a(x,Nil)). According to the 

operational semantics there are many computations from t. Here we 

examine two of them. 

computation 1. 

t i--)Nil I ax . Nil I a(5 ,Nil ) 

2--)Nil INil INil 
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The transition step 1 is obtained by the composition rule 3, since 

a. a(S,Nil) Nil and 

b. ax.Nillax.(a(x,Nil)) 9-1?54ax.Nil1a(S,Nil) by the composition 

rule 2 since 

ax.(a(x,Nil) ) -5)a(5,Nil) by the action rule 1. 

Similarly we have: 

computation 2. 

t - >Nil INil I ax. (a(x, Nil)) since 

a(5,Nil) 915'Nil by the action rule 2 ana 

ax. Nil )Nil by the action rule 1 

then apply rule 3 followed by rule 1. 

These two computations tell us that CCS unlike the transition 

system for evaluating expressions (using binary relations) or the 

lambda calculus, is not confluent. 0 

Example 1.4 Hoare-Zhou protocol 

A simple example is given to show how to specify the kind of 

protocol given by- Hoare and Zhou (see [Zhon and Hoare 81] and 

[Hennessy 811 for a general discussion). 

A communication protocol may be composed of a sender and a 

receiver connected by a medium which may corrupt the message (see 

figure 1.5). It accepts a value at the transmitting ena (the line 

IC) and accurately reproduces this value at the receiving ena (the 

line OC) . 
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line IC 

line IM 
medium M 

line OM 

M 

line ON, 
medium M' 

1 ins IMO 

Figure 1.5 

The protocol can be specified in CCS as follows, 

at 

O 

e 
w 

line OC 

corrupt(x) is a given function which models the degradation of 

value x during transmission. We assume corrnpt(error)=error and that 

error can be transmitted along lines as a normal value. 

correct(x) is another function which renews the value x, 

producing an error if renewing is impossible. 
4 

A uni-directional communication medium M can be specified by 

M=&M.IMx.OM(corrapt(z),M) 

This means that M receives information from the line IM and outpuLs 

it through the line ON. The information may be corrupted when it 
passes through the medium. 

The sander can be specified by: 

S=RS. ICz. S' 

where S' is µS'.IM(x,OM'y.[if y=error then S' also S ]) 

This means that the sender S receives a value x from outside 

(through line IC) and sands it to the receiver through medium M (the 

line IM), then receives information y from the secona medium M' (the 
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line OM'). If it receives an error (a fail transmission), it senas 

the value x again until the received information indicates 

successful transmission (y#error), then whereupon it accepts a new 

value from outside. Similarly, the receiver is defined by: 

R=µR.OMx.R' where R' is: 

IM'(correct(x),if correct(x)=error then R'else OC(correct(x),R)) 

Finally, the protocol is defined by 

(SIMIM'IR)\(OM,IM,OM',IM') 

where M'=M(OM'/OM, IM'/IM].U 

Example 1.5 A sorting algorithm 

Given two sets of numbers SO ana TO, the problem is to design an 

algorithm which produces sets S', T' such that 

SOuTO=S'uT', IS' kISOI, IT' I=ITOI 

and 

VneS', msT'. nsm 

where IH) denotes the number of elements in any given set H. 

Suppose Var, Exp defined in section 1.4.1 contains the usual set 

operations and let max(S), min(S) denote the maximum and minimum 

elements of S respectively. Then the algorithm can be described as 

fol lows: 

(P(SO) I Q(TO))\(a,A} 

where P(S) and Q(T) are defined by 
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P(S) =&P(S).P(max(S),P'(S)) 

P'(S)=ax.Lif max(S)>x then P((x}uS\max(S)) also y(S,Nil)1 

Q(T) =AQ(T).py.(a(min(T),Q'(T)) 

Q'(T)=if min(T)<y then Q((y}u S\min(T)) also S(S,Nil) 

where y and 6 are line names communicating with outside of the 

algorithm. 

Figure 1.6 

Informally, P(S) means 

a. send max(S) to T through line 0 (see Figure 1.6) 

b. receive min(T) from T through line a 

c. if max(S)>min(T) then exchange these two elements 

d. repeat a, b and c until max(S)<min(S). 

e. output result and finish. 

The meaning of Q(T) is similar. U 
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2. An operational semantics for CSP 

Hoare proposed in (Hoare 78] a language called Communicating 

Sequential Processes which has exerted a profound influence on both 

theoretical and practical research in computer science. The design 

of CSP is based on the following basic ideas: 

1. Parallelism is obtained by concurrently executing a number of 

sequential processes, where the sequential structures are 

straight-forwardly adapted from Dijkstra's guarded command language 

([Dijkstra 761). All processes start simultaneously, and a parallel 

structure reaches completion when and only when all its component 

processes have finished. 

2. Input and output commands are basic components of the language 

and are the sole means for communication between concurrent 

processes. Communication between two concurrent processes occurs 

only when one process - the sender - names another as target for 

output and the other - the receiver - names the first as source for 

input and both processes are ready to communicate simultaneously. 

Communication between processes via global variables is not allowed 

and there is no automatic buffering. Handshaking is the only method 

of communication and synchronization. 

In this chapter an operational semantics of CSP is given. The 

idea of defining a semantics for CSP using labelled transition 

systems is due to Plotkin (see [Hennessy, Li and Plotkin 81], 

[Plotkin 82]). In section 1 an abstract syntax of CSP is given which 

is slightly different from Hoare's notation. In section 2 the 

concept of static semantics is introduced , then in section 3 we 

give the operational semantics for CSP. In section 4 a number of 

facts are proved to show that this operational semantics is 
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well-defined. Some simple examples are also given to show how this 

semantics works. In section 5 some further problems concerned with 

failure and termination are studied. 

It should be mentioned that the this chapter is an improved 

version of [Plotkin 821. Both static and dynamic semantics are 

improved, and the interaction between static and dynamic semantics 

is given and proved. 

2.1 The syntax of CSP 

As we have already pointed out, CSP is obtained from Dijkstra's 

guarded command language (see [Dijkstra 76)) by adding input, output 

and parallel commands which are introduced to express communication 

and parallelism. The syntax of CSP is parameterised on the following 

syntactic categories: 

Plab - a given countably infinite set of process labels, ranged 

over by P, Q, R. 

Pten - a given countably infinite set of pattern symbols, ranged 

over by W. 

The categories of guarded commands and commands of CSP are 

defined using a BNF-like notation. 

Gem - the set of guarded commands, ranged over by GC 

GC ::= b= =>C I GC 0 GC 

Com - the set of commands, ranged over by C 
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C ::- skip I abort I x:-e I C;C I if GC fi I do GC od 

P?W(x) I Q!W(e) I CIIC I P::C I process P;C 

where GC 0 GC is called an alternative (guarded command), if GC fi 
is called a conditional (command), do GC od is called a repetitive 

(command) and P?W(x), Q!W(e) are called input and output commands 

respectively. Finally, P::C denotes a process named P with body C 

and process P;C is the declaration of the label P. The main 

differences- from Hoare's original proposal in [Hoare 78] are as 

follows: 

A. The form of guarded commands is different 

In [Hoare 78] a guarded command can take one of the following forms 

b-4C, b,P?x-4C or b,Ple-4C 

where b, b,P?x and b,Ple are called guards (see 7.2 and 7.8 in 

[Hoare 78]). The motivation of guarded commands is that the command 

C may be executed if and only if the guard does not fail. For 

example, in b -4C the command C may be executed iff the boolean 

expression b is true, and in b,P?x-4C the command C may be executed 

iff b is true and the input command in the guard is executed; for 

the latter both conditions are necessary. Instead of the single 

arrow -4 we use here the double arrow =+ introduced by Plotkin (it 

is also introduced in Ada in a restricted form -- see section 9.7 

in [DoD 80]) and employ the strong form of guarded command b=C. The 

motivation is that C is executed if and only if b is true and the 

command C can be executed (for at least one step), i.e, the first 

transition of b=>C is the first transition of C if b is true. For 

example, in the guarded commands 

b=>P?x;C, b=-,+Ple;C or b=(do true =>P?x od);C 

the guarded command is executed if and only when b is true and 
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respectively P?x or Ple or do true =#P?x od is executed. It is 

obvious that b -K can be written as b4skip;C and b,Ple-+C can be 

written as b=+P1e;C and so on. The merit of this form is that it is 

simpler and more general than the original form. The following 

example clarifies the difference between these two forms of guards. 

Example 2.1 

Three commands are given below 

C1 (Hoare's form) 

( R::if true, P?z-+skip0true, Q?y-+P11 fi 
Q::RIO 

P: :R?zl 

The process R must choose the second alternative of the guarded 

command since the guard does not fail (Q?y can be executed), thus 

process R communicates with process Q first and then cow-n4aates 

with process P and terminates normally. 

C2 (Hoare's form) 

( R:: if true -P?x U true --iQ?y; P! O fi 
Q::R11 

P::R?z l 

Since both guards in, process R do not fail, either alternative cat 

be chosen; if the first is chosen then the program will deadlock. 
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C3 (Plotkin's form) 

[ R::if true-+P?xDtrue4Q?y;PIO fi 
Q: :RIO 

P::R?z ] 

The first alternative true-+P?x cannot be chosen since P?x can never 

be executed, therefore the situation is the same as that of C1. 

B. The parallel structure is different. 

In [Hoare 78] a normal parallel command may be written as 

[ P: :Cl 11 C 11 P2: :C2 I 

In fact this form combines three different language features: 

1. A parallel structure is constructed from its constituent 

structures using the symbol 11. 

2. These constituent structures may be specified as named 

processes here P1::C1 and P2::C2. 

3. Square brackets delimit the scope of process labels. 

Our syntax specifies this parallel structure in the traditional 

way that separates these three features and uses three different 
syntactic forms: 

C 11 C and P::C and process P;C 

The first specifies parallel execution, the second (sometimes called 

process body) defines a constituent sequential process (which may be 

named) and the third declares the scope of the given process label. 

Thus the command [P1::C1IJCIIP2::C2] can be written as 
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process P1;(process P2;(P1::C1II(CIIP2::C2))) 

And nested parallel commands such as 

[P: :Q1511Q::[P::RIOIIQ::P?xll 

can be written as 

process P;process Q;(P::Q!5 

IIQ::(process P;process Q;(P::R!OIIQ::P?x))) 

We will see later in the next chapter that this feature makes it 
easier to treat the various scoping situations. 

C. The pattern-matching mechanism is introduced explicitly. 

For example, in the commands P!W(e) and Q?W(x) the letter W 

indicates a pattern-matching mechanism, the command P!W(e) says to 

send the value of e with pattern named W to the process P. The 

command Q?W(x) says that variable x receives a value from process Q 

matching the pattern W. Different W's preclude communication from 

taking place. 

D. Miscellaneous matters 

Finally, it should be mentioned that variable declarations, 

process arrays and guarded- commands with ranges are omitted in the 

syntax, but communication and parallel 'commands are carefully 

treated, permitting nested parallel structures and even parallel 

commands inside repetitive commands. 



59 

2.2 Static semantics 

Before giving a formal operational semantics for CSP, it is 

necessary to guarantee that all syntactic clauses are valid (or 

well-formed) . By valid we mean that a program could be successfully 

compiled, i.e, there is no error in the program according to the 

requirements of the language manual. For example, the following 

commands (programs) 

P::C1 11 P::C2 and Pl::x:=5+y 11 P2::Q?x 

are invalid because the first violates Hoare's requirement "Each 

process label in a parallel command must occur only on..e" and the 

second violates "Each process of a parallel command must be disjoint 

from every other process of the command, in the sense that it does 

not mention any variable which occurs as a target variable in any 

other process" (see 2.1 LHoare 78]). But the command 

Pl::x:=5+y 11 P2::z:=2+y 

is valid since it satisfies these requirements and these are the 

only such requirements in CSP. The above fact tells us that a formal 

description of static semantics is needed to specify such 

requirements before giving the operational semantics . The method 

used here is due to Plotkin in [Plotkin 81, 82]. To this ena, let 

Syn denote the union GcomuCom and 11 be a metavariable of Syn, i.e, 
11 can be a guarded command or a command. We define the following 

sets: 

RV(11) - the set of variables in 11 that may be read. 

WV(11) - the set of variables in 11 that may be written to. 

FPL(f) - the set of free (agent) process labels contained in 11. 
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For a guarded command GC we need the following predicate: 

Bool(GC) - the disjunction of guards occurring in GC. We call the 

guarded command GC open in state s if QBool(GC) ]I satt, otherwise it 
is called closed. 

All these sets and the the predicate Bool(GC) are 

induction on the structure of (guarded) commands Q in 

below: 

b-) C GC1 U GC2 

RV FV(b) vRV(C) RV(GC1) uRV(GC2) 

WV WV(C) WV(GC1)i WV(GC2) 

FPL FPL(C) FPL(GC1)u FPL(GC2) 

Bool b Bool(GC1) VBool(GC2) 

def ined by 

the tables 

skip abort z:-e CitC2 if GC fi do GC od 

RV 0 0 FV(e) RV(Cl) uRV(C2) RV(GC) RV(GC) 

WV 0 0 (z) WV(C1) u WV(C2) WV(GC) WV(GC) 

FPL 0 0 0 FPL(C1) uFPL(C2) FPL(GC) FPL(GC) 

P?W(x) Q1W(e) C1IIC2 R::C process R;C 

RV 0 FV(e) RV(C1)w RV(C2) RV(C) RV(C) 

WV {z} 0 WV(C1) uWV(C2) WV(C) WV(C) 

FPL 0 0 FPL(C1) u FPL(C2) (R) FPL(C)\{R) 

It is intended to be evident from these tables that 

RV(C1;C2)=RV(C1) uRV(C2) and WV(C111C2)=WV(C1) uWV(C2) and 

FPL(GC19GC2)=FPL(GC1) uFPL(GC2) and so on. Finally, the set of free 

variables contained in a command or a guarded command is defined by 
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FV(C)=RV(C)u WV (C) and FV(GC)-RV(GC)u WV(GC) 

The property of being valid or well-formed is written as I- and 

gc 
GC means that the guarded command GCis valid. 

c C means that the command C is valid. 

These are also defined by structural induction but they are 

presented in a more illuminating way by rules similar to but simpler 

than those for transition relations. 

Guarded commands 

C gc GC1, gc GC2 

1. 

Commands 

b-OC gc 
2. GCl GC 

1. 
c 

skip 2. c abort 

c Cl, c C2 
3 z:=e 4. . 

1 c C1,C2 

5 

GC gc 
6. 

gc GC 

. 

7. 

c if GC fi 

c P?W(x) 8. 

C 
do GC od 

c QtW(e) 

I- C, FPL(C)=$ c C 

c R::C 10. 
C 

process RJC 

c Cl, c C2 
11. 

c 
C1 C2 (if FV(Cl)rtWV(C2)=FV(C2)..WV(C1)=) 

FPL(Cl) i FPL(C2) =0 

The requirements of non-interference and disjoint process names 
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are imposed in rule 11. The condition FPL(C)=$ in rule 9 requests 

that a process declaration and the corresponding process body must 

occur in the same innermost process body containing them and 

declaration first. Let us check the following example: 

Example 2.2 

Consider the command: 

Cl = process P;( 

process R;(P::R!W(6) 

IIR::(process A;(process P;(A::P?W(x)IIP::A!W(5)))) 

The corresponding Hoare's form of the command is 

[P::R!W(6)IIR::[A::P?W(x)IIP::A!W(5)]l 

This command consists of two levels of processes: the processes R 

and (outer) P construct the first level, the processes A and (inner) 

P construct the second level. The command is valid because: 

1. By rule 7 and 8 commands P?W(x) and A!W(5) are valid. 

2. Noticing FPL(P?W(x))=FPL(A!W(5))0 by rule 9 the commands 

A::P?W(x) and P::A!W(5) are valid. 

3. According to rule 11 the parallel command A::P?W(x)IIP::A!W(5) is 

valid. 
4. Let C11 denote the command: 

process A;(process P;(A::P?W(x)IIP::A!W(5))). 

Using rule 10 twice C11 is valid. 

5. By the definition of FPL we have FPL(C11) 4, so according to 

rule 9 the command R::Cll is valid. 
6. By rule 11 the command P::R!W(6)IIR::C is valid. 

7. Finally, using rule 10 twice we know the command Cl is valid. 

Let us consider the command: 
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C2 - process P;( 

process R;( P::R!W(6) 11 R::(A::P?W(x)IIP::A!W(S)))) 

The Hoare's form of C2 is: 

(P::R!W(6)IIR::(A::P?W(x)IIP::A!W(5))] 

It is obviously invalid since the command 

R: : (A: :P?W(x) UP: :A1 (5)) 

is invalid, as FPL(A::P?W(z)IIP::A!W(S))a(A,P}. 0 

It is hoped the above illustrates the beginnings of a method for 

specifying the static semantics of programming languages(it is also 

called the context-sensitive aspects). 

2.3 Operational semantics 

In this section an operational semantics for CSP is given using a 

labelled transition system. In contrast with the static semantics 

defined in the previous section, the operational semantics is 

sometimes called dynamic semantics. The idea of defining operational 

semantics is similar to that in evaluating expressions (see 

section 1.3). The execution of a command C should contain the 

following steps: 

1. Since the execution of C must start with an initial state, say 

s, putting these together we obtain a configuration <C,s>. 

2. The execution may be infinite (a loop occurs) or finite. If it 
is finite then it may deadlock or terminate; and for the termination 

case it may terminate normally or abnormally. Thus, naturally, the 

terminal configurations should be s (for a normal termination) and 

abortion (for an abnormal termination). 

3. We use a transition to model one step of execution and a 

transition sequence to model an execution. All transitions are 
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defined using a generalised inductive definition. For example, 

consider the execution of the output command P!W(x) in a state s 

where s(x)=2. Intuitively, this execution is to evaluate x (in this 

case Qxlls=2), output the value of x with pattern W to the process P 

and then transform to a new configuration, say <C',new(s)>. Let us 

choose C'-skip, and obviously the state s is not changed. Using a 

transition to describe this working process we have: 

<P!W(x), 
s>(e,P)!W(2 

<skip, s> 

The transition label (*,P)!W(2) is called an output action and 

denotes interaction with the outside world, meaning that the value 2 

with pattern W is output to process P. The symbol * denotes the name 

of the process where in the output command occurs. Since at this 

stage the process containing the output command is unknown the 

symbol * is called the unknown process name. Similarly, for an input 

command Q?W(y) with state s, the transition is: 

<Q?W(y), s> (e'Q)?W(v <skip, s[v/y]> 

This means that the value v with a matched pattern W is received 

from process Q and the transformed configuration is <skip, s[v/y] >. 

The notation s [v/y] indicates that the value of y is changed to v 

(the received value). The transition label (*, Q)?W(v) is called an 

input action and denotes that a value v is received from process Q 

with a matched pattern W. Again * is the name of unknown process in 

which the input command occurs. 

When the commands P!W(x) and Q?W(y) appear in the processes Q and 

P respectively, for example, we have the commands Q::P!W(e) and 

P::Q?W(x). Then the transitions must be: 
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<Q::PIW(x),s>(Q,P)IW(2 <Q::skip,s> 

and 

<P::Q?W(y),s> (P,Q)?W(2 <P: : skip, a E 2/ y] > 

The transition label (Q,P)IW(2) is obtained from (*,P)WI(2) by 

substituting Q for *; it means that the agent (process) Q sends the 

value 2 with pattern W to the object (process) P. The transition 
label (P,Q)?W(2) is obtained from (*,Q)?W(2) by substituting P for 

; it means that the agent process P receives the value 2 with 

matched pattern W from the object process Q. This embodies the 

proposition that a process name "serves as a name for the command 

list to which it is prefixed" (see 2.1 LHoare 78]). In fact, 

transition labels (Q,P)IW(2) and (P,Q)?W(2) are complementary labels 

(actions) which "fuse together" in handshake communication. Thus for 

the parallel command Q::PIW(x)IIP::Q?W(y) the expected transition is: 

<Q::P!W(x) liP::Q?W(y),s> --1-40: :skipUUP::skip,s[2/y]> 

The transition label a means that no interaction occurs with the 

outside of the parallel command; that is, the interaction is 

internal to the command during its execution. 

We are now ready to give the formal operational semantics using 

labelled transition systems. It is clear that different syntactic 

categories need different labelled transition systems, here 

<rc,Tc,Ac, c>> for commands and <rgc,Tgc,Agc, g- > for guarded 

commands. The configuration sets are defined by 
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r Q 
{<C,s>I CeCom, ssStates) v States u (abortion) 

rgc (<GC, s> ( GCsGcm, seStates) U r c 

and the terminal configurations are defined by: 

Tc States U (abortion) 

Tgc = 
11c 

As we have already explained above, in the configuration <C,s>, C 

and s stand for the current statement to be executed and state 

respectively. A state s alone denotes normal termination and 

abortion stands for abnormal termination corresponding to Hoare's 

failure execution. 

The sets of transition labels are defined by: 

Ac_Agc=(e)u{(N,P)?W(v)I NePlabu{*), PePlab, WePten, vsV) 

u{(N,P)!W(v)I NePlabu {*), PePlab, WePten, vsV) 

The meaning of these labels is given by the following table: 

label X agent action object pattern 

a internal action 

(N,P)!W(v) N outputs v to P with W 

(N,P)?W(v) N inputs v from P matching W 

where PePlab, N e Plabu{*) and * denotes a unknown process name. We 

use 1 to denote the complement of the label X defined by: 

(P,Q)?W(v) if X=(Q,P)!W(v) 

(P, Q) !W(v) if a.=(Q,P)?W(v) 
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where P,QsPlab, WePten, vsV. 

Finally, we introduce the following notations to describe the 

transition rules: 

Notation 2.1 

1. r -L4 r1 I r2 I ... I rn means that r-&->ri for n. 

r -> r1 I r2 I ... u rn 
2. _> r' is an abbreviation for 

1 l r2 l rn 
r )ri 
r' >ri 

where i=1,..., n 

The transition rules are given below (note all the subscripts 

under the arrows are left off and both and -- 9t are written as 

--> when the intended transition can be derived from the context). 

Guarded commands 

guards 

<C,s> -)r, Qb]Is=tt 
1. 

<b4C > fi , s r 

Qb]]=error 
2 

<b=+C > 8 > b ti , s a or on 

Alternative 
<GC > ' <C '>I 'I b ti 1,s 1,s s a or on 

1. 
<GC1 I1 GC2, s> --> <Cl, s' > I s' l abortion 

'>I <GC >- 4<C 'I i b 2,s 2,s s on a ort 
2. >--) <C ' ( ti UGC '>I b <GC 2,s s on 2,s a or 1 

The guard rules mean that if boolean expression b is true then the 

behaviour of b= :K is the same as the behaviour of C; it will result 
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in abortion if the value of b is an error. 

The alternative rules are in keeping with the requirement "if all 
guards fail, the alternative command fails. Otherwise an 

one with successfully executable guard is selected and 

(see 2.4 [Hoare 78]). 

<x: -a. s>-$--><skip, s[v/z]> 

[ells = error 
z:=e,s> a >abortion 

skip <skip,s> !-)s 

abort <abort, s> -)abortion 

input <P?W(x),s>(e,P)?W(v <skip,s[v/zl> 

[ell s= v 
output 1. (*,p)!W(v 

<P!W(e),s> <skip,s> 

2 . <P!W(e),3> --L-)abortion 
[e]I s= error 

<C1,s> <Cj,s'>Is'Iabortion 
composition 

<C1;C2,s> )<C1iC2,s'>I<C2,s'>Iabortion 

arbitrary 

executed" 

The first three rules are obvious and we have already seen the input 

and output rules. The composition rule means that the execution of 

C1;C2 consists of the execution of C1 followed by the execution of 

C2, i.e, if C2 aborts so does the composition C1;C2, if C1 



terminates normally then the subsequent behaviour 

identical to, that of C2, otherwise the execution of 

same (initially) as the execution of C1. 

<GC,s>--L-)<C,s'>Is' (abortion 
conditional 1. 

<if GC fi,s> -><C,s'>Js'Iabortion 

QBool (GC) D s=ff 
<if GC fi,s> >abortion 

<GC,s> '--<C,s'> repetition 1. 
<do GC od, s> --6--) <C; do GC od, s' > 

<GC, s> --->s' I abortion 
<do GC od,s> ' )<do GC od,s'>Iabortion 2. 

,QBool (GC) 11 s=f f 
<do GC od,s> 8 >s 

3 
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of Cl; C2 is 

Cl; C2 is the 

The conditional rules mean that the behaviour of the conditional 

command is the same as the guarded. command it contains, if this 
guarded command is open; otherwise it will result in abortion. The 

repetition rules say that if the guarded command is closed (rule 3) 

then the repetitive command terminates with no effect; if the 

guarded command aborts so does the repetitive command (rule 2); 

otherwise execute the guarded command followed by the repetitive 

command. 
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<Cl,s>-)-)<Cj,s'>Is'Iabortion 
parallel 1. 

<Cl II C2, s> ----4<Ci II C2, s' > 1 <C21s' > I abortion 

<C2,3>-L-'l<C2,s'>1s'Iabortion 
2. 

<C111C2,s> -><C111C2,s'>1<C1,s'>Iabortion 

<Cl,s> -><C{,s'>, <C2,s> Y- <C2,s> 
3. 

<C1IIC2,s>---)<CiIIC2,s'>, <C21ICl,s>--L-4<CiIIC2,s'> 

Rules 1 and 2 mean that the execution of a parallel command ClIIC2 is 

achieved by interleaving its constituents and the parallel command 

terminates normally only if and when all its constituents have 

terminated normally; if one of the constituents aborts the parallel 

command aborts. 

Rule 3 means that communication between the constituents of the 

parallel command is similar to CCS and is achieved by the 

simultaneous occurrence of complementary input and output actions. 

L-process 
<C,s>-X-<C',s'>Is'Iabortion, tR(7l)4 

<R::C,s> +R(X) ) <R::C',s'>Is'Iabortion 

where fR:Ac -+Ac is the partial function defined by 

e i f 71=e 

+R(>,)= (R,P)?W(v) if X=(e,P)?W(v) R#P 

(R, Q) !W(v) if 7l=(e, Q) !W(v) R#Q 

where (1lB means 4((a.) is 'defined. 

The L-process rule defines the transitions for process bodies. 

The function 4R 
(X) models the requirement that a process label 
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serves as a name for the process body; the case X-e means that if a 

transition action is internal (without any interaction with outside 

world) when viewed from within the body, then it is internal when 

viewed from outside the body as well. The case %=(*,P)?W(v) 

indicates that if a unknown agent N receives value v with pattern W 

from an object P, when viewed from within the body, then when viewed 

from outside the body (R::C) this action is that the agent R 

receives value v with pattern W from object (to object) P; the 

condition R#P means that a process which tries to communicates with 

itself will deadlock. The case a.=(*,Q)!W(v) is similar. 

D-process 
<C, s> -) <C' , s' > I s' I abor tion, 

T1R, FPL(C) O.) 
4 

<process 
R;C,s>R'FPL(C)T) 

<process R;C',s'>Is'labortion 

where tR,L:Ac--->Ac is the partial function defined by 

ifa.=e 

if ).=(N,P)?W(v) and R#N, R#P 

T' 
R,L00=IX if a.=(N, Q) !W(v) and R#N, R#Q 

(*,P)?W(v) if ).=(R,P)?W(v) and PpL 

(*, Q) !W(v) if )L=(R, Q) !W(v) and QgL 

where NePlabu (*} and nR,L(X)4 means nR,L(X) is defined. 

The D-process rule defines the transitions for process 

declarations and the intention of IR,L(X) is to implement the scope 

rules. To see the meaning of the rule we analyse the case 

A.=(N,P)?W(v). There are two possibilities for the name N: 

1. N#*. Then according to the L-process rule we know that there is a 

process body immediately occurring in process R. There are three 

subcases to analyse: 
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a. N-R. Then X=(R,P)?W(v) and this means that agent R receives 

value v with pattern W from object P. ' Since the command process R;C 

defines the scope of R, from outside of the command process R;C this 

action must be (*,P)?W(v), i.e, a unknown agent receives the value v 

with pattern W from object P if P is not a free agent of C 

(POFPL(C)). That is the fourth case of the definition: 

YIR,FPL(C)((R,P)?W(v))-(*,P)?W(v) if P$FPL(C) 

b. NOR and R=P. Then %=(N,R)?W(v), it means that agent N receives 

the value v from object R. Noticing process R;C defines the scope of 

R so the R in the action (N,R)?W(v) must refers the R declared in 

process R;C, thus 7R,FPL(C)(%) must be undefined in this case. 

c. N#R and P#R. Then ).=(N,P)?W(v) means that agent N receives the 

value v with pattern W from object P. Since process R;C only 

concerns with the scope of R and is nothing to do with N and P. 

Therefore in this case 

T1R((N,P)?W(v))=(N,P)?W(v) 

This is the second case of the definition. 

2. N=*. Then there can exist only two subcases: 

a. An input command P?W(x) occurs immediately in process R;C (see 

the input rule). 

b. A command process R;C occurs immediately in process R;C (see 

the fourth case of the definition). 

In both subcases if P=R then the situation is similar to the above 

subcase (b) and, then 'IRFPL(C) must be undefined, otherwise the 

actions are nothing to do with R. so nR,FPL(C) ('%)_'%' These two 

subcases are contained in the second case of the definition. For the 

case %=(N,Q)!W(v) the analysis is similar. 



73 

In the next section we will study some examples and see how these 

L-process and D-process rules work. 

2.4 Properties and examples 

When looking at the rules given in the previous section, we might 

be concerned about the possibility that certain clauses had been 

overlooked or that some of them may be contradictory. The following 

results may help to convince us that this is not the case: 

Lemma 2.1 

Suppose r,r'arcurgc, Xenc and s a States. 

1. if r~ 4s then Jl=e and s equals the state in r. 

2. if r--- 4abortion then %=a. 

3. if r-->r' and Jl has the form (N, Q) lW(v) where N e Plabw {+} 

then r and r' have the forms <Q,s> and <C',s> respectively, and 

<Q,s> (N,Q) IW(v <C,,s>. 

4. if r-_-4r' and 7l has the form (N,Q)?W(v) then r and r' have 

the forms <Q,s> and <C',s[v/x]> respectively, and for any value v' 

<0' s> (N,Q)?W(v')<c',s[v'/x]>. 

proof. All of these assertions can be easily proved by structural 
induction on r. Let us prove the fourth one. Since r cannot be in 

Tc, let r=<Q,s> where QeSyn. The proof is by structural induction on 

0. It is obvious that Q cannot be one of the form: skip, abort, 

x:=e, PIW(e). We consider the other cases one by one. 

case 1. Q is Q?W(x). Take C'=skip, s'=s[v'/x] the result is 

immediate. 

case 2. Q is b+C. Then according to the guards rule Qb]s=tt and 

for any v' 
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<C, s> 
(N, Q) ?W (v' ) r and <b=DC, s > 

(N, W ?W (v' ) r, 
. 

By the induction hypothesis we have r'=<C',s[v'/x]> for some C'eCom 

and x. 

case 3. Q is GC10 GC2. Then according to the alternative rule we 

have for some i i=1,2 

<GCi,s> (N,Q)?W(v') W 
By the induction hypothesis r' has the form <C',[v'/x]>. 

case 4. Q is C1;C2. Then according to the composition rule r' can 

be s', abortion, C2 and Ci;C2. By clause 1 to 3 of this lemma r' 
only can be the last and: 

<Cl;C2,s>--&-><Cj C2,s'> and <Cl,s > <Cj,s'> 

By the induction hypothesis on C1 we have s'=s[v'/x] 

for some x and and any v' 
<C1,s>(N,Q) ?W(v') <C1,s[v'/x]> 

so <Cl;C2, s> 
(N, Q)?W(v>) 

<C1;C2, s'>. 

case S. Q is do GC od. Then according to the repetition rule r' 
can be s', abortion or <C,s'>. Then by clause 1 to 3 of this lemma 

we have QBool(GC)]I5=tt and 

<do GC od, s> -!-)<C; do GC od, s' > and <GC, s>--><C, s' > 

By the induction on GC we have for some x and any v' 

<GC,s> 
(N, Q)?W(v').<C,s[v'/z]> so 

(N, Q) ?W (v') 
<do GC od,s> 

.<C;do 
GC od,s[v /x]> 

case 6. Q is if GC fi. The proof is similar to case S. 

case 7. Q is ClIIC2. The by the parallel rule we have <Ci,s>-fir' 

i=1 or 2. For example, let i=1 then by the induction hypothesis 

<Cl,s> 
(N,Q)7W(v') <C1,s[v'/x]> 

for some x and any v' , Thus take r'=<Ci II C2, s [v' /x]> the result is 

proved. 

case S. Q is R::C. Then by L-process rule we have N=R and for some 

N' 

<C,s> 
(N',Q)?W(v) 

<C',s'> and 4R((N',Q)?W(v))=(R,Q)?W(v) 
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By the induction hypothesis we have for some x and any v' 
(N, Q) ?W (v' ) 

<C,s> > <C',s[v'/x]> 

then take r'a<R::C',s[v'/x]> the result is proved. 

case 9. 0 is process R;C. The proof is similar to case 8. 0 

Cases 1 and 2 of this lemma mean that only an internal action can 

lead a command (or guarded command) to a normal or abnormal 

termination directly in one transition. Case 3 means that an output 

action cannot change the state and case 4 means an input action can 

change only one variable of the state and any change of that 

variable is possible. The following result is derived immediately 

from the above lemma: 

Corollary 1 

If C is C1 II C2 and 

<C1,s> ' > <Ci,s'>, <C2,s> T. ><C2,s"> 

then one of s' and s" must equals s. 

This indicates that the parallel rule 3 is properly defined. The 

following fact will show some of the interaction between the static 

and dynamic semantics: 

Leama 2.2 

Let 0 e Syn be a guarded command or a command. If 

then O'eCom and 

RV(Q') CRV(2), WM') EWV(O), 

FV(2') CFV(fl) and FPL(2') CFPL(,Q) 

Proof. The proof is still by structural induction. Let us prove the 

result for RV only examining a few interesting cases: 

case 1. 0 is P?W(x). Then 0' must be skip and the result is 

immediate. 

case 2. a is b=+C. Then 0' only can be C' aCom and 
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<C,s>-h--)<C',s'>. By the induction hypothesis RV(C')CRV(C) 

therefore 

RV(C') 9RV(C) {FV(b) iRV(C)-RV(S2) 

case 3. a is C1;C2. Then according to the composition rule A' can 

be Ci;C2 or C2. For the first case by the induction hypothesis 

RV(C1) CRV(C1) therefore 

RV(CPC2)=RV(Ci)uRV(C2) C RV(C1)v RV(C2)=RV(C1;C2) 

For the second case the proof is similar. 

case 4. £ is do GC od. Then 0' only can be 

C; do GC od and <GC,s> -!-+ <C' 

or do GC od and <GC, s> _L43 ' 

For the first case by the induction hypothesis RV(C)C RV(GC) thus 

RV(C;do GC od)=RV(C)u RV(do GC od) C RV(GC)=RV(do GC od) 

The proof of the second case is similar. U 

Using this lemma we can easily prove the following major result 
which is that no static error can arise during computation 

(execution). 

Theorem 2.1 

If <, s> ,'-fir and (- 12 then either r=<C, s' > and (-c C or r is one of 

the forms abortion, s'eStates. 

Proof The proof is by structural induction on Q. 

case 1. £ is of one of the forms: skip, abort, x:=e, P?W(x) and 

QIW(e). According to the corresponding axioms the result is 

immediate. 

case 2. 0 is b=C. As (-go GC we have {-c C. Then if Qbll s=error then 

r' is abortion; otherwise r' can be s', abortion or <C',s'> and 

<C, s> ' 4<C' , s' >. For the last case by the induction hypothesis we 

have kc C', since kc C. 

case 3. 0 is GC1DGC2. Then by the guards rule the transition of 
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<GC1 D GC2,s> is the same as <GCi,s> i=1 or 2. By the induction 

hypothesis the result is true since go GC1 D GC2 implies '-gc GCi. 

case 4. 12 is Cl; C2. Then I-c Cl, 'c C2 and r' can only be 

<Ci;C2,s'>, <C2,s> or abortion. Consider the first case. By the 

induction hypothesis c Ci then according to the static rules we 

have c Ci;C2. The proof of the second case is similar. 

case S. 12 is if GC fi. Then gc GC and if QBool(GC)lls=ff r' is 

abortion and if Q Bool(GC)]1 s=tt then r' can be <C,s'>, s' or 

abortion. For the first case by the induction hypothesis we have 

c C. 

case 6. 0 is do GC od. The proof is similar to case S. 

case 7. 0 is Cl IIC2. Then I- Cl, I- C2 and 

FV(Cl).iWV(C2)=FV(C2:.WV(Cl)=O and FPL(C1) .FPL(C2)4 

According to the parallel rules r can be of one of the forms: 

<CilIC2,s'>, <C1fC2,s'>, <CiIIC2,s'>, <Cl,s>, <C2,s> or abortion. For 

the last three cases the result is immediate. Let us check the first 

three cases: 

a. r' is <Ci11C2,s'>. Then by the parallel rule 

<Cl,s> --><Cj,s'>. By the induction hypothesis c C1 and by the 

lemma 2.2 we have : 

RV(C{)t RV(Cl), WV(C{)c WV(C1) and FPL(C{)S FPL(Cl) 

Therefore 

FV(Cj)&%WV(C2) C FV(C1):.WV(C2)=o 

FV(C2) nWV(C{) C FV(C2) nWV(C1)0 

FPL(C{) nFPL(C2) C FPL(Cl) iFPL(C2)=o 

Thus by the static rule 11 c Ci;C2. 

b. r is <C1IIC2,s'>. The proof is similar to subcase (a). 
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c. r' is <CjHHC2,s'>, Then for i,j=1,2 and i#j 
<Ci,s>-"<Ci,s> and <Cj,s>-.L><Cj,s'> 

By the induction hypothesis '-c Ci i=1,2. By lemma 2.2 we have: 

FV(Ci) CFV(Ci), WV(Ci) CWV(Ci) and FPL(Ci) CFPL(Ci) 

where i-1 or 2. Thus 

FV(Ci) hWV(C) C FV(Ci) rIWV(Cj)=4 

FPL (Ci) n FPL (C2) C FPL (C1) n FPL (C2) =O 

where i,j=1,2 and i#j. By the static rule 11 we have 
Fc 

CjIIC2. 

case 8. Q is R::C. Then r' can only be s' , abortion or <R::C',s'> 

and <C,s> -2Z4<C',s'> where $R("')=X. By the induction hypothesis on 

C we have Fc C'; according to lemma 2.2 

FPL(C') CFPL(C)=0 

therefore R::C'. 
c 

case 9. 0 is process R,C. The proof is similar to case 8. 

The theorem has been proved. U 

Similarly to FPL(C) given in section 2.2, we can define FPO(0) 

the set of possible objects with which the syntactic entity 0 can 

communicate. The definition of FPO(0) is just the same as FPL(0) 

except that 

FPO(P?W(x))=FPO(PIW(e))=(P} 

FPO(P::C)=FPO(C) 

FPO(process P;C)=FPO(C)\(P) 

Then the following result can be proved: 

Lama 2.3 

Let <O,s> ->r, P, R a Plab and N a Plab u(*}. 

1. If 7.. is one of (R,P)?W(v) or (R,P)!W(v) then R8FPL(0). 
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2. if k is one of (N,R)?W(v) or (N,R)!W(v) then ReFPO(D). 

3. if r is <C',s'> then FPO(C')C FPO(C). 

Proof. By structural induction on 0. Let us check the case of the 

second assertion where ),=(N,R)?W(v). Then Q cannot be skip, abort, 

x:-e, or P!W(e). For the rest of the cases we only examine the 

following interesting ones: 

case 1. O is R?W(x). Then the result is immediate since 

FPO(R?W(x))={R). 

case 2. Q is C1;C2. Then by the composition rule and lemma 2.2 we 

only have one transition: 

<C1,s>(N,R)?W(v 
<C1,s'> 

By the induction hypothesis RaFPO(C1) thus 

RsFPO(C1)c FPO(C1)u FPO(C2)=FPO(C1;C2) 

case 3. 0 is do GC od. Then according to the repetition rule and 

lemma 2.2 QBool(GC)11 s=tt and 

<do GC od,s> -<C;do GC od,s'> and <GC,s> -><C,s'> 

By the induction hypothesis ReFPO(GC) so ReFPO(GC)=FPO(do GC od). 

case 4. tl is P::C. Then according to the L-process rule and lemma 

2.1 and 2.2 

<C,s>(N',R)?W( )<C',s'> and P,R and 4p(N',P)?W(v))=(P,R)?W(v) 

By the induction hypothesis ReFPO(C) so 

ReFPO(C)=FPO(P::C). 

case 5. D is process P;C. Then according to the D-process rule and 

lemma 2.2 
<C,s>(N',R)?W(v)><C',s'> 

and P#R 

By the induction hypothesis ReFPO(C) so 

ReFPO(C)\{P)=FPO(G). 0 

The meaning of the lemma is obvious, for example, the case 

k=(R,P)?W(v) means that if <Sl,s> can be derived to r by an input 
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action (R,P)?W(v) then the name of the source P must occur in 0 as a 

possible process with which 0 can communicate (i.e, the command 

P?W(x) occurs in 0), and the label R must also occur in H as a free 

process label (i.e, the process body R::C' occurs in 0). In other 

words any actual process which is the object or agent of a 

communication in the execution of C must also be a possible one in 

that it is in FPL(Q) or FPO(0). 

The rest of this section is devoted to the study of some examples 

in order to demonstrate how the semantics works. 

Example 2.3 One character buffer 

Let BUFF be the command B::C, where C is 

do (b= IN?CH(x);0QT1CH(x) 0 b-OIN?STOP( );b:=false) od 

C acts as a one character buffer between processes IN and OUT until 

sent a stop signal by IN. Let the initial state be (b=tt,x=m) 

denoted by s, and let the number i under an arrow indicate 

ith-transition step in a transition sequence. According to the 

semantics given in the last section there are many ways to -execute 

this program. Let us consider one of them : 

<B::C,s>(B,IN)?CH(n) <B::skiptOUT!CH(x);C,(b=tt,x=n)> 

1 

a 
`<B::OUT!CH(x);C,(b=tt,x=n)> 

2 
(B,OUT)1CH(n)><B::skip,C,(b-tt,x=n)> 

3 
(B,IN)?STOP( <B::b:=false;C,(b=tt,x=n)> 

4 

5 
`<B::C,(b=ff,x-n)> 

6 

It is not difficult to determine the correctness of these transition 

steps. For example, step 1 is obtained by the L-process rule since 
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the following transition: 

(s,IN)?CH(u) 
<C,s> ---><OUTICH(z);C,(b=tt,z=n)> 

is true by the repetition rule since 

<b--4IN?CH(x);OUT!CH(x) 0 b'IN?STOP( );b:=false,s> 

(s, IN)?CH(n) <OUT!CH(x),(b=tt,x=n)> 

by the guard alternative rule since Qb]s=tt and 

<IN?CH(x);OUTICH(x),s>(s,IN)?CH(n) ><skip;OUTICH(z),(b-tt,x=n)> 

by the composition rule since 

<IN?CH(x),s>(',IN)?CH(n) ><skip,(b=tt,x=n)> 

by the input rule. 0 

The following series of examples shows how the L-process and 

D-process rules manage communication between processes (possibly 

nested) 

Example 2.4 Communication 

Consider the following CSP programs: 

process P;(process Q;(P::Q!W(x) II Q::P?W(y))) 

The scopes of both P and Q are the whole parallel command. According 

to the parallel rule 3, they can communicate with each other and a 

computatio. sequence of the parallel command in the state (x=n,y=m) 

is: 

<P::Q!W(x)IIQ::P?W(y),(z=n,y=m)> 

--1-4 <P: : skip 11 Q: : skip, (xn,y-n)> 
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--9-4 <P::skip,(x=n,y=n)> 

-1-4 (a--u,y=n) 

The first transition step is obtained by parallel 2 since the 

following two transition relations hold: 

a.<P::Q!W(x),(x=n,y=m)>(P,Q)!W(n 

<P::skip,(x=n,y=m)> 

b.<Q::P?W(y),(x=n,y=m)>(Q,P)?W(n <Q::skip,(x=n,y=n)> 

Transition (a) is derived from the L-process rule since 

<Q!W(x),(x=n,y=m)>(*,Q)!W(n <skip,(x=n,y=m)> 

by the output rule 1. Transition (b) is derived using the 

L-process and input rules. 

We sometimes use the notation C to indicate that the 

command C (in some state s) can evolve under transition action a. and 

dotted line to`indicate no further transition action. Thus the 

communication situation of command Cl can be written as 

P : : Q ! W( x ) II Q:: P ? W( y ) 

(Q,*)!W(v) (*,P)?W(v) 
t 

(Q,P)!W(v) (Q,P)?W(v) 

Example 2.5 Communication of a process with itself leads to 

deadlock 

Consider the following two commands 
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command Cl command C2 

P:: P ? W( x ) P:: P 1 W( y ) 

(*,P)?W(v) (*,P)!W(v) 

L J 1- a 
According to the L-process rule (note the conditions) neither 

P::P?W(x) nor P::P!W(y) can move further (from any state). 

Similarly, for the following commands: 

command C3 command C4 

process P;R:: P?W(x) process P;R:: P!W(y) 
I 

(R,P)?W(v) (R,P)!W(v) 

J 

According to the D-process rule (note the conditions in the second 

and the third cases) no further evolution is possible in either 

case. 

The next three examples concern communication between nested 

processes with or without overlapping, and let Qxlls=v. 

Example 2.6 Nested communication between nested processes 

Consider the following command 

(process P;(P::C1UU R::Q ? W( y ))) II Q::R I W( x ) 

(*,Q)?W(v) (*,R)!W(v) 

(R, Q)?W(v) 

(R, Q) ?W (v) 

(R,Q)?W(v) (Q,R)1W(v) 

a 

R and Q are in the same declaration area and each is visible to the 
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other, and the above example shows that our semantics does allow 

communication between them. 0 

Example 2.7 Local process labels 

Consider the following command: 

(process P;(P::CIIR::P 1 W( x ))) II P::R ? W( y 

(*,P)!W(v) (*,R)?W(v) 

(R,P)!W(v) 

(R,P)!W(v) 

L. (P,R)?W(v) 

The scope of the outer P (the rightmost P) has a hole in the inner 

parallel command. According to D-process rule 
YIP, L((R,P)!W(v)) 

(L=FPL(P::CIIR::P!W(x)) is undefined , so it cannot get out of the 

inner parallel command, he, the reference to P by a transition 

action of R::P!W(x) refers to the innermost P. 

Example 2.8 Communication between nested processes 

Consider the following command: 

R::(process P;(P::Q ? W( y )IIT::C)) II Q::R 1 W( x 

Q)?W(v) (*,R) !W(v) 

(P, Q) ?W (v) 

(P, Q) ?W(v) 

Q)?W(v) 

(R,Q)?W(v) (Q,R) !W(v) 

a 

The body of process P is in the scope of label Q, therefore Q is 

visible to the command Q?W(x). The label P is not visible to the 

body of process Q but the process R is. In this case communication 
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between processes P and Q is still possible but in an indirect 

manner. Even when R is replaced everywhere by P communication 

between P and Q still works. 

2.5 Further discussion 

The previous sections demonstrate that our approach of defining 

the operational semantics is structural: we construct the semantics 

in the following three steps: 

1. Carefully select the set of configurations T' and the set of 

transition actions A, in order to describe all phenomena of 

computation in which we are interested. Here they are intermediates, 

states and abortion. 

2. Define the semantics (transitions) for non-structured commands 

using axioms. Here they are skip, abort, assignment, the input and 

output commands. 

3. Construct the rules for every structured command by 

enumerating and combining as needed all the possibilities of the 

transitions of their constituents. For example, let us check the 

composition commands Cl;C2. Its transitions depend only on the 

transitions of Cl, and for the given rc and Ac either the 

configuration <Cl,s> cannot move any more (deadlock) or can move by 

a transition action into one of the following three configurations: 

<Ci,s'>, s' (normal termination) or abortion (abnormal termination). 

Thus the successors of C1;C2 are naturally <Ci;C2,s'>, <C2,s'> or 

abortion. Examining the transition rules for composition, we see 

that all these possibilities have been taken into account. 

The command C111C2 can be transformed only in the following two 

ways: 
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a. It is transformed by interleaving one of its constituents C i 
i=1 or 2. Consider the case i=1. Since C1 can only be transformed to 

Ci, s' or abortion, C111C2 can only be transformed to Ci11C2, C2 or 

abortion. This analysis gives the parallel rule 1. Similarly, for 

i=2 we obtain the parallel rule 2. 

b. It is transformed by handshake communication. Then the 

transitions of C1 and C2 should be: 

<Ci,s>><Ci,s'> and <Cj,s> '--><Ci,s> 

where i,j=1,2 and i#j, then the transition of C111C2 naturally is: 

-IL4 <Ci11C2,s'> 

These give the parallel rule 3. Therefore the parallel rules have 

taken all possibilities of transitions of C111C2 into account. 

In fact, given r and A the above step (2) and (3) provide an 

systematic approach to the construction of an operational semantics. 

It should be stressed that the choice of the "world of 

computation" P T and A (the sets of the configurations and' 

transition actions) plays an important role. Changing these sets 

will lead to changes of semantics. For instance, introduce a set L 

of labels of living process into the configurations and define 

r'gc={<GC, s,L> I GCeGcm, L?FPL(GC), saStates} u r'0 

PC ={<C,s,L>I CeCom, L3FPL(C), saStates)uTc 

Tgc= r c 

Tc ={<s,L> I seStates, LePlab )u{abortion} . [failure) 

Here the configuration failure is introduced to model the 

requirement that input and output commands should fail if the target 

process has already terminated (see 2.4 [Hoare 78}). Then the 

corresponding transition relations should be modified as follows: 
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Guarded commands 

guards 

<C, s,L> -2-->r, Qb_ 5 tt 
<b4C, S. L> >r 

1. 

ab] s=error 
<b4C,s,L> 6 >abortion 2. 

Alternative 

Commands 

<GC1,s,L>-k--><C1,s',L'>I<s',L'>Iabortion 
1. - 

<GC1 D GC2,s,L> --><C1Is',L'>I<s',L'>Iabortion 

<GC2,s,L> -&4 <C2, s', L'> I <s I , L' > I abortion 
2. 

<GC1 D GC2,s,L> -)<C2,s',L'>I<s',L'>Iabortion 

<GCi, s, L> -3->failure, i=1,2 
3. <GC1DGC2,s,L>--->failure 

assign,skip and abort are similar to the previous 

adding L to the configurations. 

input 
P a L 

<P?W(z),s,L>(*'P)?W v <skip, s[v/z],L> 

P p L 2. 
<P?W(z),s,L> 8->failure 

rules but 

output 



38=V, P s L 
1. 

<P!W(e),s,L> <ski_,s,L> 

3 

QeDs=error 
2. 

<P!W(a),s,L> 8 >abortion 

<P!W(a),s,L> ->failure 

QeDs#error, P !t L 
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The condition PpL in the input and output rules means that the 

process P has already terminated. 

composition 

<C1,s,L>-L-)<Cl1s' ,L'> I <s' L'> IabortionIfailure 
<C1;C2,s,L> x ><CisC2,s',L'>I<C2,s',L'>labortionlfailure 

conditional 

repetition 

3. 

<GC,s,L> --><C,s',L'>I<s,L'>Ifailurelabortion 
1. <if GC fi,s,L>---><C,s',L'>I<s,L'>labortionIabortion 

ifBool(GC)D5=ff 
2. <if GC fi,s,L> C )abortion 

1. 
<GC,s,L> ><C,s',L'> 
<do GC od,s,L> -><C;do GC od,s',L'> 

<GC,s,L> X <s',L'>IfailureIabortion 
2. 

<do GC od,s,L> --><do GC od,s',L'>I<s,L>Iabortion 

ifBool (GC) D s=f f 
<do GC od,s,L> -><s,L> 

The case of failure of the conditional rule 1 says that if the 

guarded command fails then the corresponding conditional statement 

aborts. The case failure of the repetition means that if the guarded 
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command fails then the repetitive command terminates with no effect. 

parallel rules are similar to the previous rules. 

L-process 

1 . 

<R::C,s,L>4R > <R::C',s',L'>I<s',L'\{R}> 

<C,s,L> s,L>-I-4<C' s' L'>1 <s' L'> 

2. 
$ R) 

<R::C, s, L> > failure l abortion 

<C, s, L> ->failure l abortion 

The function ¢R(k) is defined the same as before, the second case 

of rule 1 means that the process can no longer be communicated with 

when execution reaches the end of its body. 

D-process 

1. 
'IR g(10 

<process R,C,s,L>><process R;C',s',L*> 

<C,s,(L\{R})w(RIReK)> )<C',s',L'> 

<C,s,(L\(R})y{RIRsI}> -)<s',L'>Ifailurelabortion 

<process R;C,s,L> ><s',L*>If ailurelabortio n 

Where L*=(L'\{R})v{RIReK} and K=FPL(C) and 71Rg(k) is defined the 

same as before. The meaning of this rule can be best understood 

through the following two examples: 

Example 2.9 Communication between living processes 

Consider the simple program below: 

P1 = process R;(R::P!W(x) 11 P::R?W(y)) 

Let the initial s and L be (x=n,y=m) and {P} respectively. Then the 

computation is: 
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<P1,s,(P)>-1->< rooess R;(R::skipllP::s ),(Y=n,yan),{p}> 

2->< oess R,(R::skip),(x'n,yrn),0> 

3-><(x-u,yma),0> 

Transition step 1 is obtained by the D-process rule since the 

following transition relationship holds: 

<R: :P!W(x) II P::R?W(y) , s, {P) . {R} > 

-§-><R::skip l1P::skip, (x=n,y=n),(P,R}> 

this is by the parallel rule 3 since 

<R::PIW(x),s,{P}u{R}>(R,P)!W(n R::skip,(x=n,y=m),{P,R}> 

(P,R)?W(n <P::R?W(y),s,( P)v(R) > <P::skip,(z=n,y=n),{P,R}> 

The first is by the L-process rule and output rule 1 since 

Ps(P,R), and the second is true by the L-process rule and input 

rule 1 since Re{P,R}. Thus in the case of normal communication the 

D-process rule works properly. 0 

Let us study the following example: 

Example 2.10 Communication with a terminated process 

Consider the program P2 below: 

P2 = process R;(R::PIW(x)) II P::skip) 

Let the initial s and L be (x=n), {P} respectively. A computation of 

P2 is: 

<P2,s,{P)> <process R;(R::P!W(x)),s,0> 

Z->failure 



91 

Step 1 is true by parallel rule 2 since the transition relation 

<P:: skip, s, (P) > -L-> <s, O> 

is true by the L-process rule. Step 2 follows from the D--process 

rule since 

<B::P!W(x),s,{B} » failure by the L-process rule since 

<P!W(x),s,{R)> s failure since P p{g}. Q 

Finally, in section 2.1 we analysed the original form of parallel 

command [ Cl II .. II Ci II.. II Cn ] given by Hoare and divided it 
into three syntactic entities: process R;C (process declaration), 

P::C (process body) and C1IIC2 (parallel command). In fact, the 

transition rules can be defined directly for the original form 

without any difficulties: 

paral lel-B 

1. 

3. 

<Ci,s> --11--* <q, s' >I abortion, i=l..n 
<[..IICiII ..],sue--><[..IICiII ..l,s'>Iabortion 

<Ci,s>--->s', i=l..n 
2. <[..IIciII..l,s>---><[..Ci_1IIC1+iII..l,s'> 

<Ci,s>- <Ci,s'>, <Cj,s»<C3,s>, i#j 

<[..IIciII..IICj II..],s>- ><[..IICiII ..IIc3II..I,s'> 

The meaning of the above rules is the same as that of the 

parallel rules with the exception of the form. From the aesthetic 

point of view the separated form given in section 2.3 seems better 
than this. 
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3. An operational semantics for Ada multitasking 

and exception handling 

Considerable interest has been generated within the computer 

science community by the problem of giving a semantics for the 

language Ada, especially that part of the semantics which is 

concerned with multitasking and exception handling (see [Bj6rner and 

Oest 80], [Luckham and Polak 80], [Hennessy and Li 82], [Li 82]). 

The purpose of this chapter is to give an operational semantics for 

multitasking and exception handling in Ada using labelled transition 

systems. To focus our attention on these features, we first 
carefully select a small subset of Ada called Ada.1; this is 

essentially Dijkstra's guarded command language ([Dijkstra 76] ) 

enriched by constructs concerned with multitasking. We then study 

how an operational semantics can be given for this language using 

transition systems. For exception handling we first study exceptions 

for the sequential case and then join this with multitasking and 

study the interaction between them. 

It should be mentioned that an early version of the semantics of 

the rendezvous mechanism is published in [Hennessy and Li 82], and 

the remaining content of this chapter is an improved version of [Li 

82]. 

In section 3.1 we review the multitasking and communication 

mechanisms and exception handling as given in the Ada manual (see 

[DoD 80]) and discuss some of the intuition behind the abstract 

syntax which we will use in later sections. In section 3.2 a static 

and dynamic semantics are given for Ada.1 which is concerned only 

with multitasking. Some properties are proved and some examples are 

studied to show that the semantics is consistent with the Ada 

manual. In section 3.3 we construct and study a small sequential 
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language Ada.2 which only contains exceptions for the sequential 

case. Finally, in section 3.4 putting Ada.1 and Ada.2 together we 

obtain a language Ada.3 and give a semantics for the interaction 

between exceptions and multitasking. 

3.1 An outline of multitasking and exceptions in Ada 

Before giving a formal description of Ada, it may be helpful to 

give a brief overview of multitasking and exceptions in Ada. 

3.1.1 Multitasking in Ada 

Tasks are the basic entities in Ada that may execute in parallel. 

A task must be declared before its execution; this declaration 

consists of a task specification and the corresponding task body. 

The specification gives the task name and entries. The task body 

contains the code which the task is to execute. A task (the calling 

task) wishing to communicate with another task (the called task) 

must issue an entry call statement,specifying an entry of the called 

task. The called task may use accept statements to respond to this 

entry call. Communication and synchronization between tasks is in 

general achieved by non-instantaneous rendezvous. The working 

process of a rendezvous is shown in the following diagram: 

Ti (calling task) T2 (called task),W:entry 

T2.W(xl,yl) initialization accept W(x2:in,y2:out) do S end, bind x2 to the 
value of xl 

I 
(suspended) (executing S) 

I 
receive acknowledge 

termination 
send acknowledge bind yl to the 

value of y2 
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When both the calling task Ti. and the called task T2 reach the 

entry call and the corresponding accept statement respectively the 

rendezvous begins and the value of the appropriate parameter of the 

caller, xl, is passed to the corresponding parameter, x2, of the 

called task. We call this the initialization phases Then the calling 

task is suspended and the called task executes S the body of the 

accept statement. This is the second phase of the rendezvous. When 

the execution of S is finished the called task sends an 

acknowledgement accompanied by the value of the out parameter y2 

back to the caller where this value is bound to yl and the 

rendezvous is completed. We call this the termination phase. After 

the rendezvous both tasks again execute independently of each other. 

It is easy to see that the rendezvous mechanism in Ada is a 

generalization of Hoare and Milner's handshake communication 

mechanism. Handshake,communication is instantaneous, but in general, 

a rendezvous is not. It consists of two separate instantaneous 

handshake communications (initialization and termination) and a 

non-instantaneous period of the execution of the accept statement 

body S. This allows other entry call statements and accept 

statements to occur in an accept statement body, even for the same 

entry. 

As with CSP, Ada also provides a select statement to cope with 

nondeterministic communication. The select statement has three 

different forms: select wait, conditional entry call and timed entry 

call. The forms and interpretation of the select statement are close 

to those of the guarded commands given in section 2.1 but with some 

elaborations such as termination, else and delay alternatives (see 

section 9.7 [DoD 801). In this chapter we only deal with the simple 

cases as in CSP. 
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Finally, a task can call an entry of another task if the body of 

the first is in the scope of the second. Since the body of a task 

must appear after its specification, but need not follow it 
immediately , the scope of a task name and its entries depends on 

where the task specification occurs in the text and the calling 

feature depends on where the body of the calling task occurs 

relative to the specification of the called task. Let us examine the 

following two examples of nested task structure. 

Example 3.1 

The task TO contains two subtasks: Ti and 12; and the task T1 

contains another subtask Tll. The bodies of the tasks Tl and T2 do 

not follow their specifications immediately (see the next page). 

(a) (b) 
Figure 3.1 calling diagrams 
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task TO is 

entry EO; 

and TO; 

task body TO is 

task T1 is 

entry El; 

and Tl ; 

task T2 is 

entry E2; 

and T2; 

task body Tl is 

task Tll is 

entry Ell; 

and Tll; 
task body Tll is 

begin 

scope of TO,EO 

scope of T1,E1 

scope of T2,E2 

scope of Tll,Ell 

and Tl l; 
begin 

end Ti; 
task body T2 is 

begin 

and 12; 

begin 

end TO; 
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According to the scope rules of Ada (see (DoD 80] section 8.2) 

the scopes of Ti, El and 72, E2 extend from their specification 

points to the and of TO's body, and the scope of Tll, Ell extends 

from its specification point to the end of T1's body. The calling 

diagram is shown in figure 3.1.a, where 

T ) T' 

means that the body of T is in the scope of the specification of T' 

and so T can call any entry of T' . Thus in the body of Til one can' 

call El, E2 and EO using corresponding entry call statements 

directly, but from the body of 12 and TO one cannot call Ell. 

According to the Ada manual tasks TO, Ti, T2 and T11 can be. 

executed in parallel, i.e, the activation of task TO consists of the 

activation of tasks Ti and T2 which are declared immediately within 

the body of TO; after activation the first statement of TO is 

executed, and similarly the activation of task Ti contains the 

activation of task T11 and so on. This tells us that the parallel 

structure in Ada is implicit, rather than being given explicitly by 

constructs such as 11 in CSP. 

Example 3.2 

The tasks are the same as the previous example, but the task bodies 

follow their specifications immediately. 
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task TO is 

entry EO; 

end TO ; 

task body TO is 

-- declarations 

task T1 is 

entry El; 

end Tl; 

task body T1 is 

task T11 is 

entry Ell; 

end T11; 

task body T11 is 

begin 

end Til; 
begin 

and T1; 

task T2 is 

entry E2; 

and T2; 

task body T2 is 

scope of TO,EO 

scope of T1,E1 

scope of T11,E11 

scope of T2.E2 

--- declaration 

begin 

end T2; 

begin 

and TO; 
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The scopes of T11, Ell and Ti, El are the same as before, but the 

scopes of T2, E2 are changed since their specification appears in a 

different place. The calling diagram is shown in figure 3.1.b. In 

this case one cannot now call E2 from the body of 711. U 

To describe these various scopes and to make the implicit 

parallel structure explicit by abstract syntax we introduce the 

following multitask statements: 

MS :: - task T::E;MS I T::E;S I MSIIMS 

where S is a statement. The multitask statement task T::E;MS is a 

binary specification structure, where task T::E is the specification 

of task T and its entries having scope MS. In the multitask 

statement T::E;S the statement S denotes the body of the task T. The 

multitask statement MSIIMS is a parallel structure; it means that the 

constituents execute simultaneously. 

It should be pointed out that the multitask statements here are 

different from the commands process R;C, R::C and CliC given in CSP. 

The constituents of MSIIMS must be multitask statements and the MS 

occurring in task T::E;MS must also be a multitask statement. For 

example, the following forms 

task T::E; x:=e and T.W(e, x) 11 accept W(x2,y2) do S end 

are not multitask statements. 

Using these syntactic clauses example 3.1 can be rewritten as: 
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task T0::E0;( 

task T1::E1;( 

task T2::E2;( 

task T11::E11;(T11::Ell;S11IIT1::E1;S1) 

IIT2::E2;S2 

IITO::EO;SO))) 

where Sil, Si, S2, SO are bodies of T11, T1, T2, TO respectively. 

Example 3.2 can be written as: 

task TO::EO;( 

task T1::E1;( 

task Tll::Ell;(Tli::Ell;S11IIT1::E1;Sl$ 

Iltask 12: :E2;(T2::E2;S2IITO::EO;SO))) 

This rewriting process makes both the scope of a task and its 
entries and parallel structure explicit. This may allow some 

redundant structures. For instance, example 3.1 can also be 

rewritten as 

task TO::EO;( 

task T1::E1;( 

task T2::E2;( 

IITO::EO; SO 

task Tll::Ell;(Ti1::Ell;S11IIT1::E1;S1) 

IIT2::E2;S2))) 

Even so we will still adopt the above abstract syntax. The reader is 

requested to take the correctness of the rewriting process as given. 
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3.1.2 Exceptions in Ada 

Exceptions in Ads are intended to provide a facility for dealing 

with errors or other exceptional situations that arise during the 

execution of programs. The main points of exceptions concerns their 

declaration, raising and handling: 

Every exception is associated with an identifier called its 
exception name which must be declared explicitly unless it is 

predefined. An exception can be raised explicitly by a raise 

statement: raise U (U is an exception name). When an exception is 

raised during execution, control jumps from the current point of 

execution to the exception handler, if any, which corresponds to 

this exception. An exception handler may appear at the end of a unit 

( a unit may be a procedure, function, package or task) containing 

the raise statement and may consist of several exception choices 

which have the form: when U-4S (S is a sequence of statements and U 

is an exception name). 

If an exception is raised in a unit that does not contain a 

handler for this exception or if a further exception is raised 

during the execution of the handler then the execution of the unit 

is abandoned and the same exception is raised again implicitly in 

the unit whose body immediately surrounas the previous one. In this 

case, the exception is said to be propagated. If the unit is itself 

the main program, then execution of the main program is aborted. 

Exceptions interact with communication and parallelism. That is: 

any task can raise a failure exception in another visible task (say 

T) using a statement raise T'FAILUxr,. The execution of this 

statement has no direct effect on the task performing it. When the 

task T receives this failure information an exception is raised 

immediately at the current point of its execution unless this task 

has issued an entry call and the corresponding rendezvous has 
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already started; in this case the rendezvous is allowed to finish. 

Failure is the only exception that can be raised explicitly by one 

task in another. If an exception is raised in an accept statement 

body during rendezvous, and it is not handled locally (by the body 

of the accept statement), then the exception is propagated to the 

unit immediately surrounding the accept statement, and the same 

exception is raised simultaneously in the calling task at the point 

of the entry call. Finally, any attempt to propagate an exception 

beyond a task body results in an abnormal termination of the task 

and no further propagation of the exception. Two illustrative 

examples follow: 

Example 3.3 

Consider the following program. A raise statement (raise 

MINUS)occurs in the inner block which does not itself contain a 

handler, but the outer block does provide a handler. 
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begin 

MINUS:exception; the scope of MINUS 

begin 

ZERO:exception; the scope of ZERO 

if x<O then raise MINUS; the first raise 

end; 

exception 

when ZERO--)S1; 

end; 

raise MINUS; the second raise 

end; 

exception 

when MINUS-4S2 

end; 

A MINUS exception may be raised in two cases: 

1. It is raised in the outer block (the second raise statement); 

then control jumps to S2. 

2. It is raised in the inner block (the first raise statement); 

then it is propagated from the inner block and raised again in the 

outer block implicitly, whereupon control jumps to S2. 0 

Example 3.4 

Consider the following program in which a failure exception may be 

raised by 12 in Ti and propagated during communication: 
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begin 

task T1 is 

entry Wl(xl:in,yl:out) 

and Ti; 

task T2 is 

entry W2(x2:in,y2:out); 

and 72; 

task body Tl is 

zi:integer; 

begin 

accept W1(xl,yl) do 

T2.W2(xl-1,zl); 

yl:=xl+zl 

end; 

exception FAILURE-4nnll 

and Tl; 

task body T2 is 

begin 

accept W2(x2,x2) do 

select when x2=0=Oraise T1'FAILURE 

or 

when x2#0=3 S 

end; 

end; 

and T2; 

begin 

T1.W1(l,y) ; 

end; 

exception 

when FAILURE-y:=3 

end; 
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The communication starts when the main block calls entry W1 of 

task Ti. During the rendezvous Ti calls W2 of T2 and then T2 raises 

a failure exception in Tl. When this failure exception is raised in 

T1 the rendezvous with the main block has not yet finished, a 

FAILURE exception will be propagated to the main block. 0 

To model all these features by abstract syntax we introduce the 

following syntactic clauses: 

S ::= ... I exception U;S I S except XC I raise U I traise T 

XC ::= U--4S I XC11%C2 

where S denotes a statement and XC denotes an exception handler. The 

statement exception U;S denotes the declaration of the exception U 

with scope S. The statement S except XC models an exception handler 

XC following a statement S. Furthermore, we decompose the functions 

of a raise statement into raising an ordinary exception (raise U), 

and raising a failure exception in another task (traise T). Thus 

example 3.3 can be rewritten as: 

exception MINUS,(...; 

exception ZERO;(...; 

raise MINUS; 

)except ZERO -S1; 

raise MINUS; 

)except MINUS-->S2; 
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Example 3.4 can be rewritten as: 

task T::E;( 

task T1::E1;( 

task T2::E2;(T1::E1;S1 except FAILURE ->null 

11T2::E2;S2 

IIT::E;S except FAILURE -33S4))) 

where Si, S2 and S are the bodies of tasks T1, T2 and the main block 

respectively; the statement S4 is the outermost exception handler. 

After this brief informal explanation, we are now ready to give a 

formal description of multitasking and exception handling in Ada. 

3.2 An operational semantics for multitasking in Ada 

The purpose of this section is to give an operational semantics 

for multitasking in Ada. In subsection 3.2.1 an abstract syntax is 

given for a small subset of Ada which contains multitasking and 

communication mechanisms in Ada. We call it Ada.l. A static and 

dynamic semantics of Ada.l are studied in subsections 3.2.2 and 

3.2.3 respectively. 

3.2.1 The syntax of Ada.1 

The abstract syntax of Ada.l is parameterised on the following 

syntactic categories: 

The sets Var, Exp, Bexp, are those of CSP as given in 

section 2.1. 

Tnm - a given countably infinite set of task names, ranged over 

by T. 
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Win - a given countably infinite set of entry names, ranged over 

by W. 

The main syntactic categories of Ada.1 are defined below using a 

BNF-like notation: 

Entr - a set of entries, ranged over by E and defined by: 

E ::- empty I W I E;E 

Gstm - a set of guarded statements, ranged over by GS and defined 

by: 

GS ::- b 4S I GS or GS 

Stm - a set of statements, ranged over by S and defined by: 

S ::- skip I abort I x:=e I S;S I select GS end 

loopselect GS and I accept W(x,e) do S 

T.W(e,x) I MS 

Mstm - a set of multitask statements, ranged over by MS and 

defined by: 

MS .:= T::E;S I task T::E;MS I MSIIMS 

Many interesting aspects of Ada are omitted, such as types, 

declarations, and packages. However, by reducing the complexity of 

the language we can concentrate our attention on those aspects we 

wish to scrutinise. It should be mentioned that we do not understand 

how to specify the semantics of realtime control of multitasking in 

Ada. It also should be pointed out that from the semantic viewpoint 

Ada's if-statements, case-statements and loop-statements can all be 
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described using select and loopselect statements. For example, the 

statement if b then S1 also S2 can be written as 

select b-S1 or not(b)"4 S2 end; the statement while b loop S can be 

written as loopselect b4S and. A block in Ada can be viewed either 

as a task with no entries if it contains subtasks or a list of 

statements, and a program can be viewed as a special task: 

Pr task P::empty;MS. 

3.2.2 Static semantics 

Just like CSP, Ada.1 also requires a static semantics to 

guarantee that all program to be executed are valid, i.e, they do 

not violate the requirements of the Ada manual and they contain no 

syntactic errors. 

The following sets are needed to define the static semantics: 

Spa - the union of the sets Gstm and Stm and Mstm, ranged over by 

a, i.e, D can be a guarded statement or a statement or a multitask 

statement. 

DEN(E) - the set of entry names contained in the entry 

declaration E. 

FTA(G) - the set containing a pair for each free task agent 

occurrence in 12, giving the task name together with the set of 

entries of the task. 

FTO(a) - the set of pairs, where for each entrycall statement 

T.W(e,x) in D, FTO(S2) contains the pair (T,W) consisting of the 

free task object name together with the entry. 

FEO(f) - the set of free entry object names occurring in accept 

statements contained in 0. 
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For the guarded statements we define the following predicate: 

Bool(GS) - the disjunction of the guards occurring in GC. 

All these sets and the above predicate are defined by structural 

induction in the following tables: 

empty W El;E2 

ADEN DEN(E1)uDEN(E2) 

b S GS1 or GS2 

FTA FTA(S) FTA(GS1) u FTA(GS2) 

Fro FTO(S) FTO(GS1) u FTO(GS2) 

FEO FEO(S) FEO(GS1) u FEO(GS2) 

Bool b Bool (GS1) VBool (GS2) 

skip abort z:=e accept W(x,e) do S T.W(e,x) 

FTA 0 0 0 FTA(S) 0 

FTO 0 0 0 FTO(S) {(T,W)) 

FEO 0 0 0 (W) uFEO(S) 

select GS end loopselect GS and Sl;S2 

FTA FTA(GS) FTA(GS) FTA(S1) U FTA(S2) 

FTO FTO(GS) FTO(GS) FTO(S1) U FTO(S2) 

FEO FEO(GS) FEO(GS) FEO(S1) U FEO(G2) 

task T::E;MS- T::E;S MS1IIMS2 

FTA FTA(MS)\((T,DEN(E))} ((T,DEN(E))} FTA(MS1) u FTA(MS2) 

Fro FTO(MS)\((T,W)IWsDEN(E)) FTO(S) FTO(MS1) u FTO(MS2) 

FEO FEO(MS)\DEN(E) FEO(S) FEO(MS1) u FEO(MS2) 

Similar to CSP we use the following notations: 
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e E to mean that the entry declaration E is valid. 

gs GS to mean that the guarded S statement is valid. 

a S to mean that the statement S is valid. 

ms MS to mean that the multitask statement MS is valid. 

All valid syntactic forms are given by structural induction below: 

Entries 

1. e empty 2. e W 

e El, I-e E2 

3. E1 s E2 

Guarded statements 

if DEN(El) nDEN(E2)= 

I- S I-gs GS1, I-gs GS2 

1. b-4 S 2' GS1 or GS2 

Statements 

1. Is skip 2. s abort 

s Sl, S2 
3. s z:=e 4 

s S1jS2 
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ks GS 
Es 

GS 

s' s select GS and s loopselect GS and 

7. 1-s T.W(e,x) 
I- S 

8. 
s 

accept W(x,e) do S 

Im MS 
9. 

H 
s 

MS 

Multitask 

s, I- E 

1.' 
E-mss 

T::E; S 
if FTA(S) and FEO(S) CDEN(E) 

I-ms Ms. I- e E 
2. 

ms task T::E;MS 

I- MS1, 1- MS2 
3. 

ms MS1 MS2 if el1(FTA(MS1))Ael1(FTA(MS2))=O 

The first condition of multitask rule 1 expresses the requirement 

that a task specification and corresponding task body "must occur in 

the same declaration area, the specification first" (see [DoD 801 

section 9.1) . Thus a task without a specification is illegal, and a 

task of which the entries declared in task specification are not 

same as the entries given in the head of the task body is still 

illegal. For example, 

T::E;(T1::E1,S1 11 T2::E2,S2) and T'::E';task T::W1;(T::W2;S) 

are invalid forms. The second condition of multitask rule 1 means 

that if an accept statement is in a task body then the entry used by 

the accept statement must be contained in the head of the task body. 

The condition of multitask rule 3 says that task names in a 

declaration area must be disjoint. For example, the form 

T::E1;SIIIT::E2;S2 is not a valid multitask statement. The static 

semantics of a program is given by: 
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p task T::empty;MS if FTA(task T::empty;MS)=0 and FTO(MS)=0 

The first condition means that all task bodies in MS must be 

declared properly and the second condition means that all called 

tasks and entries must be declared properly. 

Remarks From now on we always use I 0 to replace I- D if the 

category I can be understood from the context. 

It should be pointed out that we did not consider the sets RV, WV 

and FV as we did for CSP. The reason is because the use of shared 

variables is allowed according to the Ada manual, it says "if shared 

variables are Used, it is the programmer's responsibility to ensure 

that two tasks do not simultaneously modify the same shared 

variables" (see [DoD 801 section 9.11). This discipline provides 

great freedom for programmers to use P and V operations and 

monitor-like mechanisms. In chapter 7 we will discuss this further. 

3.2.3 Operational semantics 

In this subsection we give an operational semantics for Ada.1. 

First of all, to describe the termination phase of a rendezvous, we 

need to add two extra syntactic clauses: 

wait(T.W,x) and ack(T,W,e) 

to the set Stm of statements. The wait statement means that calling 

task awaits an acknowledgement from the called task T through its 
entry W. The ack statement means that the called task sends the 

value of e through its entry W to the calling task T. The 

corresponding FTA, FTO and FEO are defined below: 
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wait(T.W,z) ack(T,W,e) 

FrA 0 0 

FTO {(T,W)) 0 

FEO 0 {W} 

and 

Is wait(T.W,z) s ack(T,W,e) 

Let 11gs=<rgs,TgsaAgs, >, as=<rs,T3,As, >, and 

Tms=<r ms'Tms,Ams ms > be the transition systems for guarded 

statements, statements and multitask statements respectively. The 

sets of configurations are defined by: 

r gs=(<GS,s>,<S,s>I GSeGstm, SaStm, seStates) Ts 

Ps =(<S,s>I S eStm, seStates)w Ts 

r ms={<MS,s>I MSeMstm, seStates}u Ts 

Tgs=r s 

T. =States u{abortion} 

Tms=Ts 

The meanings of <G,s>, s, and abortion are all the same as in 

CSP. The set of transition actions is given by: 

AgsAs 

As = f ) u (i(N,T.W) !v, i(N.W,T)?v, f(N.W,T) lv, f(N,T.W)?v 

TeTnm, NaTnnw {*} , veV} 

Ams=A s 

where * denotes a unknown task name. The meaning of these 

transition actions is described by the following table: 
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label X task entry action task entry 

i(N,T.W)!v N sends v to T through W 

(initialization) 
i(N.W,T)?v N through W receives v from T 

(initialization) 
f(N.W,T)!v N through W sends v to T 

(termination) 

f(N,T.W)?v N receives v from T through W 

(termination) 

The symbols i and f indicate that the corresponding transition 

action are in the initialization phase and termination phase 

respectively. The action a means that a transition action is an 

internal one. 

Given a label X the complementary label 3: is defined by: 

i(T,T'.W)lv if X=i(T'.W,T)?v 

i(T.W,T')?v if X=i(T',T.W)!v 

f(T.W,T')!v if Jl=f(T',T.W)?v 

f(T,T'.W)?v if X=f(T'.W,T)!v 

where T,T'eTnm and T#T'. 

And we are finally in a position to give all the transitions: 

Guarded statements 

guards 

1. 
<S,s>-->r, Qblls=tt 

<b4S, s> ->r 
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2 

alternative 

2. 

<b'4S,s> s abortion 
Ltbi -error 

<GS1,s> -><S1,s'>Is'Iabortion 
1. 

<GS1 Sr GS2,s> <Sl,s'>Is'Iabortion 

<GS2,s> '> <S2,s'>Is'Iabortion 
<GS1 or GS2,s> --)<S2,s'>ls'Iabortion 

The guard rules mean that if the boolean expression b is true then 

the behaviour of b-DS is the same as the behaviour of S; if the 

value of b is an error then it will result in abortion. 

Alternative rules say that an arbitrary constituent with 

successfully executable guard is selected and executed. 

Statements 

i 1 

Qell3Xtv, v#error 
ass gn 

. <x:=e,s>-L-4 <skip, a [v/xl > 

2 
lie I3=error 
<x:=e,s> )abortion 

skip <ski ,s> ->s 

abort <abort,s>-abortion 

<S1,s>--L><Si,s'>Is'Iabortion 
composition 

<S1,S2,s> --><Si.S2,s >I<S2,s >Iabortion 

All these rules are similar to those in CSP. 
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<GS,s> X-><S,s'>Is'Iabortion 
select 1. 

<select GS end,s> -><S,s'>Is' 

2 . <select GS end,s> 8 )abortion 
QBool (GS) D s=f f 

abortion 

<GS, s> -11-4 <S, s' > 
loopselect 1. 

<loopselect GS and, s> -><S;loopselect GS end,s'> 

<GS,s»s' 
2. 

<loopselect GS end,s> -><loopselect GS end,s'> 

4 

<GS,s>--)abortion 
3. 

<loopselect GS end,s> ->abortion 

<loopselect GS end, s> 8---)s 
QBool (GS) D s=f f 

The select rule means that the behaviour of the select statement is 

the same as its guarded statement, if this guarded statement does 

not fail. Otherwise it will result in abortion. The loopselect rule 

says that if the guarded statement aborts so does the repetitive 

statement, if the guarded statement fails then the repetitive 

statement terminates with no effect, otherwise the guarded statement 

is executed followed by the loopselect statement. 

<MS1,s> ><MSj,s'>Is'Iabortion 
parallel 1 

<MS II MS , s > =-) as II MS ' 
1 2 1 2's >I<MS2,s >Iabortion 

<MS2,s> -% 
2. 

<MS IIMS 
1 Z,s> --4<MSIIIMS2,s'>I<MS1,s'>Iabortion 
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3. 
<MS1,s>---)<MSj,s'>, <MS2,s> 2 -)<MSi,s> 

<MS111MS2,s>--t-><MS{IIMS2,s'> 

<MSl,s>-L-><MS{,s'>, <MS2,s> ><MS2,s> 
4. 

<MS2 IIMS1, s> ---) <MS2 II MSi , s' > 

Rules 1 and 2 mean that the first step of a multitask statement 

MS1.IIMS2 can be that of any one of its constituents, and the parallel 

statement terminates normally only if and when all its constituents 

have terminated normally; if one of the constituents aborts then the 

multitask statement aborts. 

Rules 3 and 4 mean that communication between the constituents of 

the multitask statement is similar to that of CSP and is achieved by 

the simultaneous occurrence of complementary sending and receiving 

actions, which can be either at the initialization or termination of 

a rendezvous. 

statements 

initialization: 

Q e 3 s = v, v#e rror 
entrycall 1. 

<T.W(e,x),s> 
i(* T.W) !v ><wait(T.W,z),s> 

2. 
Qell s = error 
<T.W(e,z),s>--abortion 

accept <accept W(x,e) do 
S,s>i(*.W=T <S;ack(T,W,e),s[v/z]> 
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termination: 

wait <wait(T.W,x),s> 
f(*,T.W)?v><skip,s[v/x]> 

Qe1! 
s = v, v#error 

ack 1. 
<ack(T,W,a),s> f(*.W,T) 1 ><skip,s> 

hells = error 
2. 

<ack(T,W,e),s> 8)abortion 

The entrycall and accept rules model the initialisation phase of a 

rendezvous between appropriate tasks; the entry call rule says that 

if the expression can be evaluated properly then send the value of 

the expression e to the task T through entry W and suspend (wait for 

acknowledgement), otherwise abort. The accept rule says receive a 

value v from task T and then execute the body of the accept 

statement followed an acknowledgement statement which will terminate 

the rendezvous. 

Similarly, the wait and the ack rules model the termination phase 

of a rendezvous. The wait rule means receive a value v from the task 

T through its entry W and become <skip,s[v/x]>. The ack rule says 

that if the expression a can be evaluated properly then send this 
value to the task T through entry W and become <skip,s>, otherwise 

abort. 

We have seen that these rules together with the parallel rule 

model the requirement of the Ada manual: 



119 

". if a calling task issues an entry call before a corresponding 

accept statement is reached by the task owning the entry, the 

execution of the calling task is suspended. 

if a task reaches an accept statement prior to any call of 

that entry, the execution of the task is suspended until such 

a call occurs. 

When an entry has been called and a corresponding accept stateme- 

nt is reached, the sequence of statements, if any, of the accept 

statement is executed by the called task (while the calling task 

remains suspended). This interaction is called rendezvous. Ther- 

eafter, the calling task and the task owning the entry can cont- 

inue their execution in parallel" (see [DoD 801 section 9.5). 

B-task 
<S, s> -2-4 <S' , s' > I s' I abortion, +T(X) 4 

+T, E W 
<T::E;S.s> r <T::EjS',s'>Is'Iabortion 

where +T:Aa-*Aa is the partial function defined by 

& i f a.=e 

i(T,T'.W)! if X=i(*,T.W)lv TOT' 

+T(X)- i(T.W,T')?v if X=f(*.W,T')?v T#T' 

f(T.W,T')1v if X=f(*.W,T')!v T#T' 

f(T,T'.W)?v if X=f(*,T'.W)?v T#T' 

The B-task rule defines transitions for the task bodies and the 

meaning of the function +T is as follows: 

The case a.=e means that if a transition action is internal (without 

any interaction with the environment) viewed from within the body, 

then it remains so when viewed from outside the body. 

The second case X=i(*,T'.W)!v indicates that in the initialization 

of a rendezvous the action as viewed from within the body of sending 
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the value v to the task T' through its entry W, when viewed from 

outside of the body becomes the action of the task T sending v to T' 

through its entry W. 

The third case X-i(*.W,T')?v indicates that the action as viewed 

from within the body of receiving the value v from the task T' 

through entry W, when viewed from outside of the body becomes the 

action of task T receiving the value v through entry W from task T'. 

The condition TOT' means that a task which tries to communicates 

with itself will deadlock. 

Similarly, the fourth and fifth cases deal with the actions in 

termination of a rendezvous. 

D-task 
<S, s> -L-) <S' , s' > (s' I abortion, TIT(6) 

TIT(l) <t ask T::E;MS,s> ><task T::E;S'.,s'>Is'Iabortion 

where TIT:Aa-4Aa is the 

partial function defined by 

X if 1=s 

1l if ).=i(T',T".W) Iv and T#T" 

TIT(1l)= 7l if X=i(T'.W,T")?v and TAT' , TAT" 

1l if 1l-f (T' . W, T") I v and TAT', TAT" 

I if 76=f(T',T".W)?v and TOT" 

undefined otherwise 

The D-task rule defines transitions for the task specifications. The 

intention of 'qT(.%) is to implement the scope rules. To explain the 

meaning of 
'qT 

we analyse the two cases: consider the case 

%-i(T',T".W) !v then IT deals with the action in initialization of a 

rendezvous. There two cases: 

1. T'#*. Then by the B-task rule there is a multitask statement 

T'::E;S immediately occurring in task T::E;MS. There are still two 
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suboases to analyse: 

a. T=T". Then X-i(T',T.W)!v. This means that T' sends v to task T 

through its entry W. Since task T::E;MS defines the scope of T, the 

T in i(T',T.W)!v must refer to the T in task T::E;MS and nT must be 

undefined and this is included in the last case of the definition. 

b. TAT" Then ) i(T',T".W)!v. It means that T' sends v to task T" 

through its entry W. Since task T::E;MS only deals with the scope of 

T, from the outside of task T::E;MS the action should still be the 

same and this is the second case of the definition. Note that here 

T' can be T and this says that T is a local task contained in the 

task T". 

2. T'=*. This means that there is a statement T.W(e,x) immediately 

occurring in task T::E;MS. According to the definition of MS it is 

impossible. 

Let us analyse the case ).=i(T'.W,T")?v. As in the above case we 

know that T'#* and that there is a multitask statement T'::E',S 

immediately occurring in task T::E;MS. There are three subcases to 

examine: 

a. T'=T. Then )=i(T.W,T")?v. This means that the task T receives v 

through entry W from the task T". Since task T::E;MS defines the 

scope of T task T is not visible from the outside of task T: :E;MS. 

So r!T must be undefined in this case. 

b. T#T' and T--T". Then .=i(T'.W,T)?v and this means that task T' 

receives v through entry W from the task T. Similarly, since 

task T: :EMS defines the scope of T the T in i(T'.W,T)?v must refer 

to the T in task T::E;MS. So the action 1, is meaningless from the 

outside of task T::E;MS and r!T is still undefined in this case. 

c. T#T' and T#T". Then X=i(T'.W,T")?v and it means that task T' 

receives v through entry W from task T". Again task T::E;MS only 

deals with the scope of T, so -qT(%)=k and this is the third case of 
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the definition. 

Similarly, we can analyse the fourth and the fifth cases in the 

definition. 

3.2.4 Properties and examples 

As with the semantics of CSP, a number of facts show that no 

cases have been overlooked and that the semantics contains no 

contradictions. 

Lemma 3.1 

Suppose r,r'sFgsursurms, 7.sAs and s a States and m-i or f. Then 

1. If r--L)s then %=e and s equals the state in r. 

2. If r--->abortion then %=a. 

3. If r >r' and 7. has the form m(N,T.W) !v where N a Tnmw {s} 

then r and r' have the forms <Q,s> and <S',s> respectively, and 

<Q,s> m(N,T.W)!v><S',s>. 

4. If r--->r' and . has the form m(N.W,T)?v then r and r' have 

the forms <Q,s> and <S',s[v/xl> respectively, and for any value v' 

m(N.W,T)?v' 

Proof. The proof is by structural induction. 0 

The meaning of this lemma is obvious and is similar to that of 

CSP (see lemma 2.1). 

Lemma 3.2 

If <Q,s>--><Q',s'> then 

FTA(Q') C FTA(Q), FTO(Q') C FTO(Q) and FEO(Q') C FEO(Q) 

Proof. The proof is by structural induction and is similar to those 

of CSP. Let us prove the result for FTA just examining the following 
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interesting cases: 

case 1. 0 is accept W(z,e) do S. Then 0' must be S;ack(T,W,e) and 

noticing: 

FTA(ack(T,W,e))-O so 

FTA(0')=FTA(S)u FTA(ack(T,W,e))=FTA(S)=FTA(accapt W(z,e) do S) 

case 2. 0 is Sl; S2. Then 0 must be Si; S2 or S2. For the first case 

according to the composition rule we have <Sls> - x-)<Si,s'>. By the 

induction hypothesis FTA(Si)C FTA(S1), so 

FTA(0')=FTA(Si;S2)=FTA(Si)w FTA(S2 

CFTA(Si) wFTA(S2)=FTA(Sl;S2) 

For the second case the proof is similar. 

case 3. 0 is loopselect GS end. Then 0' can only be 

S;loopselect GS end or loopselect GS end. 

For the first case by the loopselect rule we have: <GS,s> -"<S,s'>. 

By the induction hypothesis FTA(S)C FTA(GS) therefore: 

FTA(0') = FTA(S)u FTA(loopselect GS end) 

FTA(GS) 

FTA(loopselect GS end) 

case 4. 0 is task T::E;MS. Then 0 must be task T::E;MS' and 

<MS, s> - !4 <MS' , s' > where nT(1.9=1.. By the induction hypothesis 

FTA(MS')C FTA(MS). Thus 

FTA(0')=FTA(task T::E;MS')=FTA(MS')\f(T,DEN(E))} 

C FTA(MS)\f(T,DEN(E))}=FTA(0) 0 
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This lemma shows the interaction between static semantics and the 

dynamic semantics and it enables us to prove the following theorem: 

Theorem 3.1 

Let aeSyn, XeAs and I-Q. If <0,0-1-4r then either r=<S3', s' > and 

a' or r is one of abortion, s'eStates. 

Proof. The proof is by structural induction on Q employing the above 

lemma. Let us examine the following cases: 

case 1. Q is skip, abort, z:=e, wait(T.W,x) and ack(T,W,,e). Then 

according to the corresponding rules the result is immediate. 

case 2. Q is b4 S. Then if Qe]I5=error then r' must be abortion; 

otherwise r' is one of the forms: abortion, s' and <S',s'> where 

<S,s> -<S',s'>. For the last case by the induction hypothesis we 

have I- S' . 

case 3. Q is S1;S2. The proof is similar to the corresponding case 

of theorem 2.1. 

case 4. Q is accept W(x,e) do S. Then I- S and r' must be 

<S;ack(T,W,e),s(v/zl>. Since I- ack(T,W,e) we have I- S;ack(T,W,e). 

case S. Q is loopselect GS end. Then I- GS and if Q Bool(GS)]Is=ff the 

r' must be s'; otherwise r' can only be one of the forms: abortion, 

<loopselect GS end,s> and <S;loopselect GS end, s'>. For the last 

case we have <GS,s>--<S,s'>. By the induction hypothesis I- S. 

thus 

I- S;loopselect GS end. 

case 6. a is MS111MS2. .Then I- MS1, I- MS2 and 

el1(FTA(MS1))A ell(FTA(MS2))=0. According to the parallel rule r' 
must be one of the following forms: 

abortion, <MS1,s'>, <MS2,s'>, <MSi11MS2,s'>, <MS11IMS2,s'> and 

<MSi1IMS2,s'>. For the first three cases the result is obvious, let 
us check the other cases: 
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a. r' is <MS1IIMS2,s'>. Then <MS1,s> -L4<MSi,8'> 

induction hypothesis - Mi. By the lemma 3.2 we have: 

all(FTA(MSi))Sell (FTA(MS1)) 

thus 

By the 

ell(FTA(MS1))Ae11(FTA(MS2))Cel1(FTA(MS1))n el1(FTA(MS2))0 

b. r' is <MS1IIMS2,s'>. The proof is similar to subcase (a). 

c. r' is <MSiIIMS2,s'>. Then a.=e and <MSl,s> -><MSi,s> and 

<MS2,s>----3<MS2s'>. By the induction hypothesis and lemma 3.2 we 

have: 

I- MSi and el1(FTA(MS1))Cell(FTA(MSi)). 

where i=1 or 2. Therefore 

el1(FTA(MSi))n al 1(FTA(MS2))Ca11(FTA(MSl))n el1(FTA(MS2))=A 

case 7. 0 is T::E;S. Then - S and - E and FTA(S)=O and 

FEO(S)C DEN(E), r' can be abortion, s' or <T::E;S',s'>. For the last 

case we have <S,s>-><S',s'> where $T(X')=X. By the induction 

hypothesis - S'. By lemma 3.2 FTA(S');FTA(S) and FEO(S') cFEO(S), so 

FTA(S')=0 and FEO(S')CDEN(E) and - T::E;S'. 0 

We now run the two examples given in section 3.1 using 

semantics. 

our 

Example 3.5 

Consider the program Prl given in example 341: 

task T1::E1;( 

task T2::E2;((task T11: :Ell; T11::E11;T2.E2(l,x)IIT1::E1;S1) 

fIT2::E2;accept E2(y,z-2) do (z:=y+1) 

IITO::empty,SO)) 
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Let the initial state be s. To emphasize the interesting variables 

in the examples we will use x=n to replace the form s[n/x] and 

(x=n,y-m, z-k) to mean s [n/xl [m/y] [k/z] and so on. 

A computation of Prl should be as follows: 

<Prl,s>-i 4 

task T1::E1;( 

task T2::E2;((task T11::E11; T11::Ell;wait(T2.E2,x)IIT1::E1;S1) ,y=1 

IIT2::E2; z:=y+1; ack(T11,E2,z-2) 

IITO::empty;SO)) 

-4 
2 

task T1::E1;( 

task 17::E2;( (task T11::Ell; T11::Ellswait(T2.E2,x)IIT1::E1sS1) y=l 

1172::E2; skip; ack(Tll,E2,z-2) z=2 

IITO::empty;SO)) 

3 

task T1::E1;( x=O 

task T2::E2;((task T11::E11; T11::Ell;skip IITl::E1;S1) y=1 

IIT2::E2; skip z=2 

IITO::empty;SO)) 
s) 

task T1::E1;( X =O 

task T2::E2;((task T11::E11; T1::E1;S1) ,y=1 

IITO:empty;SO)) z=2 

It should be pointed out that every transition step is obtained 

from the transition rules given in section 3.2.2. For example, 

step 1 is obtained by applying the D--task rule twice since the 

following transition holds: 
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(task T11: :Ell; T11::E11;T2.E2(1,x)IIT1::E1;S1) 

HHT2::E2,aooept E2(y,z-2) do (z:=y+l) AS 

IITO::empty;SO 

(task T11: :Ell; T11::Ell;wait(T2.E2,x)IIT1::E1;S1) 

IIT2::E2; z:--y+1; ack(T11,E2,z-2) 

TO: :empty; SO 

a-+ 

This is from the multitask rule 3 since the following two 

transitions hold: 

a. <task T11::E11;(T11::E11;T2.E2(1,x)IIT1::El,S1) ,s> 

i(T11,12.E2)11 

<task T11::E11;(T11::E11;wait(T2.E2,x)IIT1::E1;S1) s> 

b. <T2::E2; accept E2(y,z-2) do (z:=y+l) IITO: :empty; SO s> 

i(T2.E2,T11)2 , 

<T2::E2; z:=y+l;ack(T11,E2,z-2)IITO::empt ;SO ,y=l> 

Transition (a) is by the D-task rule ( where 1l= i(T11,T2.E2)11) since 

T11#T2 and 

i(Tll,T2.E2)1 <T11::E11; T2.E2(1,x)IIT1::E1;Sl s> 

<T11::E11; wait (T2.E2,x)IIT1::El;S1 s> 

This is true by the multitask rule 1 since 

<T11::E11; T2.E2(1,x) s>- % ><T11::E11; wait(T2.E2,x) s> 

where 11=i(T11,T2.E2)11, which follows from the B-task rule since 

i(*,T2.E2) 1 
<T2.E2(1,x) s> <wait(T2.E2,z) ,s>. 
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The transition (b) is obtained by multitask rule 1 since 

<T2::E2; accept E2(y,z-2) do (z:=y+l) ,s)i(T2'E2,T11) 

<T2::E2; z:=y+l;ack(T1l,E2,z-2) , y-l> 

this follows from the B-task rule since T11,T2, E2e{E2) and 

<accept E2(y,z-2) do (z:=y+1) 
,s>i(e.E2,Tll)?1 

<z:=y+l;ack(T11,E2,z-2) ,y=l> 

The rest of the transition steps can be justified in the same 

fashion. 0 

Example 3.6 

Consider the following program Pr2 which is a special case of 

example 3.2: 

task T1::El;((task Tll::Ell; T11::E11;T2.E2(1,x)IIT1::E1;S1) 

Iltask T2::E2; (T2::E2;accept E2(y,z-2) do (z:-y+l) 

IITO::empty;SO)) 

T2 cannot be called by T11 this time, because Tll is outside the 

scope of 72. The semantics shows that T2 cannot evolve further since 

<T2::E2s accept E2(y,z-2) do (z:=y+1) 
s>i(T2.EZ,T11)?4 

<T2::E2; z:=y+l;ack(T11,E2,z-2), y=1> 

and YjT2(i(T2.E2,T11) ?1) is undefined. 9 
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3.3 Exception handling in the sequential case of Ada 

To study the semantics of exception handling in the sequential 

parts of Ada, we first consider a small subset of Ada which contains 

the sequential part of Ada.1 and the syntactic clauses concerned 

with exceptions for the sequential case. We call this small language 

Ada.2 and the abstract syntax of Ada.2 is given as follows: 

The sets Var, Exp, Bexp are those of Ada.1 given in section 

3.2.1. 

Exn - a given countably infinite set of exception names, ranged 

over by U. It is assumed to contain the predefined exception names 

FAILURE and T-ERROR (tasking error see [DoD 80] section 11.6 ). 

Gstm - a given countably infinite set of guarded statements, 

ranged over by GS and defined by: 

GS ::= b= S I GS or GS 

Ehdl - a given countably infinite set of exception handlers, 

ranged over by XC and defined by: 

XC ::= U -4 S I %CI%C 

Stm - a given countably infinite set of statements, ranged over 

by S and defined by: 

S skip I abort I x:=e I S;S Iselect GS end I 

loopselect GS end I raise U I exception U;S I 

S except XC 

For the guarded statements and the first six statements we have 
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studied their static and dynamic semantics in the previous section. 

The exception handlers and the last three statements have been 

discussed informally in section 3.1.2. In this section we give a 

formal static and dynamic semantics for these statements. 

To define the static semantics we also need the set: 

%CH(Q) - the set of exception names as exception choice occurring 

freely in 0 (see [DoD 80] section 11.2). 

b-OS GS1 or GS2 

%CH %CH(S) %CH(GS1)u %CH(GS2) 

skip abort x:=e S1;S2 

%CH 0 0 0 %CH(S1)u %CH(S2) 

select GS and loopselect GS and 

%CH %CH(GS) %CH(GS) 

raise U exception U,S S except %C 

%CH 0 %CH(S)\(U} %CH(S)u %CH(%C) 

U -4 S %C1 I %C2 

XCH (U} %CH(%C1)u %CH(%C2) 

We use s S and xc %C to mean the statement S and the exception 

handler %C are valid respectively. Now the static semantics of 

exceptions is given by the following rules: 

I-s S 

xc II -4 S 

I- %C1, I- %C2 

2' Ixc %C1 %C2c if %CH(%C1)rt%CH(%C2)=0 
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The rule 2 says that an exception name cannot have two different 

handlers in its declaration area. The static semantics of the 

exception statements is given by the following rules (the static 

semantics of the other clauses is the same as given in Ada.1: 

exception 

1. hs raise U 

I-s S, F- %C 

2. 
s S except %C 

I-s S 

3. 
s exception U;S 

An operational semantics for Ada.2 is given by the following 

transition systems: 

ags=<rgs,Tgs,Ags, FS' 

1rxc=<rxc'Txc,Axe, icy) 
as =<rs,Ts,As, --s-> ) 

The sets of configurations are obtained by adding a new 

configuration jump to the set of configurations given in Ada.1. The 

configuration jump denotes a condition in which an exception has 

been raised and control is about to jump to a corresponding 

exception handler (if any). It is assumed that abnormal termination 

is the worst case of execution and cannot be handled by exception 

handlers. 

Ts=States u {abortion} u (jump} 

r s=(<S,s>I ScStm, scStates} t Ts 
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Tgs- r s 

r 
gs={<GS,s>,<S,s>I GScGstm, SeStm, seStates)UTs 

Txc = r s 

r xe=(<ZC,s>,<S,s>I XCeEhld, SeStm, s sStates) 

The sets of transition labels are given by: 

A s={ e } w (U, UI ueExn } 

Ass=Axc=As 

Here the label U means that a signal is sent through channel U and 

the label t means that a signal is received through channel U. 

Finally, the transitions for Ada:2 are given by the following 

rules: 

Guarded statements 

guards 

2. 

<S, s> -fir, Qb] s=tt 
1. 

<b4S, s> -)r 
Qb]s=error 

<b-)S, s> a 'f abortion 

alternative 
<GS1,s>><S1,s'>Is'Iabortionijump 
<GS1 or GS2,s> -><Sl,s'>ls'Iabortionliump 

<GS2,s> --4<S2,s'>Is'Iabortionljump 
2. 

<GS1 or GS2,s> -><S2,s'>Is'labortionljump 

Rules for the guarded statements are the same as before except that 
now )=U or U is; a possibility and in the last case of alternative 
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rules is introduced to handle the Jump conditions. 

Statements 

#error Qe]Js=v, v 
assign 1. s <z:=e,s> -><skip,s[v/z]> 

Eel s=error 
2 

8 <z:=e,s> >abortion 

ki < k 8 s p s ip,s> s 

b t < b ti b t > E ) a or or a or ,s on a 

< '>I b L )<S 'I I Si,s> i,s s a ortion jnmp 
composition 

< > )< '>I '>I S S I nmp 2,s 2,s abortion S1; Sj,s < 

<GS,s>-<S,s'>Is'Iabortion Jjump 
select 1. 

<select GS and, s> -)<S,s'>Is'Iabortionl jump 

ifBool(GS)115=ff 
2. 

< GS E ) l d b i en se ,s> ort on ect a 

loopselect 1. 
(loopselect GS and, s> -)<S;loopselect GS end,s'> 

2WS, s> --"-4s ' 
. 

(loopselect GS ends>(loopselect GS end,s'> 

3. 
<GS,s> --)Iabortionljum 
(loopselect GS end,s> =)abortion) nmp 

QBool(GS)Ds=ff 
4' (loopselect GS end,s> a 4s 
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Rules for the above statements are the same as given in Ada.1 

except that for the composition, select and loopselect statements 

the case of Jump is added to model propagation of exceptions raised 

in these statements. 

exception handlers 

1. <U-4s ,s> U ><S,s> 

<XCi,s>-&-><S,s'> i-1 or 2 
2. 

<XC1IXC2,s'> -&-><S, s'> 

raise <raise U,s> ->jnmp 

S-except 1. 

2. 

<S,s> U >jump, <XC,s>U><S',s> 
<S except XC,s> -><S',s> 

<S,s> - )jump, U # XCH(XC) 

<S except XC,s> U )jump 

<S,s> -><S's,> 
<S except XC,s> -><S' except XC,s'> 

<S,s> ->s'Iabortion 
4. 

<S except XC,s> =- <skip,s'>Iabortion 

D-except A. 
<exception U;S ,s> ><exception U;S',s'> 

<S,s> ->s'Iabortion 
2. 

<exception U; S, S> -A"4s abortion 

<S,s> U')jump, U #U 
3. 

<exception U;S,s> >jump 

As we know, the semantics of raising an exception is that of a 
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jump to the corresponding handler (if any). This provides a 

possibility to handle exceptions by handshake communication. That 

is: 

1. The raise rule means that raise U sends a signal through 

"channel U" and becomes a jump condition. 

2. Exception handler rule 1 means that the exception handler 

receives a signal from "channel U" and then executes the 

corresponding handler. 

3. S-except rule 1 says that the whole process of raising and 

handling an exception is modelled as an internal communication of an 

except statement. 

4. Propagation of an exception is modelled in S-except rule 2, 

which says that if an exception cannot be handled within a except 

statement then the same jump condition will arise again in the 

context immediately surrounding that except statement. 

5. Finally, D-except rule 3 implies that an exception cannot be 

propagated outside its scope. 

Let us now examine a example concerned with exception 

propagation. 

Example 3.7 

In the following program Pr3 an exception will occur during the 

execution. Suppose S1, S2 and S3 are valid statements. The program 

Pr3 is given by: 
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exception ERROR;( 

x:=0; 

exception U; 

(select x-0-4raise ERROR 

or 

x#O4S1 

end) except (U--*S2) ; 

S3)except (ERROR -->y:=x) 

Let the initial state be s. According to the semantics a 

computation-of Pr3 in s is given below: 

<Pr3,s> 

exception ERROR;( 

exception U;( 

select x=O 4 raise ERROR 

or 

x#O S1 

end)except (U-+S2) 

S3) except (ERROR -+y:=x) 

----><exception ERROR; y:=x , (x=O)> 

<exception ERROR; skip ,(x=0,p=O)> 

4 (x=0,Y=0) 

,x=0 

All the transitions are obtained by the semantics given above. 

For instance, transition 2 is derived from the S-except rule 1 since 

the following two transitions (a) and (b) are true: 
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a. (ERROR -+y:-x s> <y:=x s> 

b. 

exception U;( 

(select x=O4raise ERROR 

or 

X00-4 S1 

end) except (U --+S2));S3 

,x=0 

The first is by the raise rule and the secona is by the 

composition rule since 

exception U;( 

(select x=O4raise ERROR 

or ,x=0 ERROR4jump 

x#0=4S1 

end) except (U -3S2) 

the above transition is by D-exception rule 3 since ERROR # U and 

(select x=O 4 raise ERROR 

or ,x=0I ERROR4JumP 

z#0-0 S1 

end) except U-3S2 

and this is by S-except rule 2 since ERROR&U and 

select x=04raise ERROR 

or ,z=0 ERROR> umP 

x#04 S1 

end 

The above transition relationship is by the select rule since x=0 

and 
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<raise ERROR ,x=0>ERROR4jump U 

3.4 Interaction between exceptions and task cos;aunication 

In this section we study how exceptions interact with task 

communication. This interaction may happen in the following ways: 

a. An exception can be propagated in a task communication. 

b. A task can raise a FAILURE exception in another task white it 

is executing. 

We will also study the problem of a task aborting another task 

while the latter is executing. 

We consider a small language which is a slight extension of the 

union of Ada.1 and Ada.2, we call it Ada.3 and it is defined by: 

The sets Var, Exp, Bexp, Tnm, Win and Exn are defined as in Ada.1 

or Ada.2. 

Gstm - the guarded statements: 

GS b=+ S I GS or GS 

Ehdl - the exception handlers: 

XC :: = U--4S ( XC I XC 

Stm - the statements: 

S::= skip I abort I x:=e I S;S I select GS end 

loopselect GS end I accept W(x,e) do S 

T.W(x,e) I MS I raise U I except XC I 

exception U;S I traise T I tabort T 

Mstm - the multitask statements: 

MS::- task T::E;MS I T::E;S I MSIIMS 

We have already seen all these syntactic clauses except the last 
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two statements, the traise and tabort statements mean that raising a 

FAILURE exception in or aborting another task as explained in 

section 3.1.2. 

To model the propagation of exceptions during rendezvous we 

introduce the following statements: 

wait(T.W,x) and S rendz(T,W,e) and ack(T,W,e) 

to the set Stm of statements, where SeStm and the renaz statement is 

new statement, which models the execution of the body of an accept 

statement. 

The sets FTA, FTO, FEO and XCH for the syntactic clauses of Ada.3 

are given below: 

empty W El;E2 

DEN 9 {W} DEN(E1)u DEN(E2) 

b S GS1 or GS2 

FTA FTA(S) FTA(GS1) u FTA(GS2) 

FTO FTO(S) FTO(GS1) u FTO(GS2) 

FEO FEO(S) FEO(GS1) u FEO(GS2) 

%CH XCH(S) XCH(GS1) u XCH(GS2) 

Bool b Bool(GS1) uBool(GS2) 

U --4 S %C 1 I XC 2 

FTA FTA(S) FTA(%C1) u FTA(XC2) 

FTO FTO(S) FTO(%C1) u FTO(XC2) 

FEO FEO(S) FEO(%C1) u FEO(XC2) 

XCH (II) XCH(%C1) u XCH(XC2) 
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skip abort x:=e accept W(x,e) do S T.W(e,x) 

FTA 0 0 0 FTA(S) 0 

FTO 0 0 0 FEO(S) {(T,W)} 

FEO 0 0 0 {W} uFEO(S) 0 

%CH 0 0 0 %CH(S) 0 

select GS and loopselect GS and S1;S2 

FTA FA(GS) FTA(GS) FTA(S1) u FTA(S2) 

FTO FEO(GS) FEO(GS) FO(S1) u FTO(S2) 

FEO FEO(GS) FEO(GS) FEO(G1) u FEO(S2) 

XCH %CH(GS) %CH(GS) %CH(S1) u %CH(S2) 

raise U S except %C exception U;S 

FTA 0 FTA(S)u FTA(%C) FTA(S) 

FTO 0 FA(S) uFTA(%C) FEO(S) 

FEO 0 FEO(S) uFEO(%C) FEO(S) 

%CH 0 %CH(S)u %CH(%C) %CH(S)\{II} 

task T::E;MS T::E;S MS1IIMS2 

FTA FTA(MS)\((T,DEN(E))) {(T,DEN(E))) FTA(MS1) u FTA(MS2) 

FTO FTO(MS)\{(T,W) IWsII.) FEO(S) FTO(MS1) uF0(MS2) 

FEO FEO(MS) FEO(S) FEO(MS1) u FEO(MS2) 

XCH %CH(MS) XCH(S) XCH(MS1) u %CH(MS2) 

where L=DEN(E)u{#} and the symbol # denotes a unknown entry name. 

It is easy to see that for the clauses contained in Ada.1 or 

Ada.2 these sets are evident. The sets of FTA, FTO, FEO and %CH for 

the new statements are given below: 
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wait(T.W,x) ack(T,W,e) 

PTA 0 0 

FTQ ((T,W)) 0 

FEO 0 (W) 

xCH 0 0 

traise T tabort T S renaz(T,W,e) 

FTA 0 0 FTA(S) 

FTO ((T,#)) ((T,#)) FTO(S) 

FEO 0 FEO(S) u (W) 

XCH 0 0 XCH(S) 

where the symbol # denotes a unknown entry name. 

The static semantics for the clauses contained in Ada.1 or Ada.2 

is exactly the same as before. The static semantics for the new 

statements is given by: 

Fs S rendz(T,W,e) 

The static semantics for the remained statements are the same as 

those given in Ada.1 and Ada.2. 

The dynamic semantics of Ada.3 are given by the following 

transition systems: 
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and 

a8$ =< r gs ,Tgs , Ags 0 > , 

T xc=< xc , Txc , Axc . --xc-3 > , 

Ts =< r s,Ts, As, ---3- > 

lrms"< r ms' Tms' Ams' ms >. 

The sets of configurations are defined by: 

Ts=States v (abortion) v (jump} 

r s=(<S,s>I SsStm, seStates)u Ts 

Tgs=rs 
r gs=(<GS,s)) GSeGstm, seStates)u r s 

Txc= r s 

r xc=(<%C,s>I %CaEhdl, seStates)u r s 

Tms= Ts \ (jump) 

r ms=(<MS,s>I MSeMstm, seStates) u Tms 

Note: the sets of configurations for multitask statements do not 

contain jump because exceptions cannot be propagated beyond a task. 

We will discuss this problem later. 

To define the transitions for these statements we now need the 

following transition labels: 

/hod 
= ((N,T)ly, (N,T)?v I veer, fl, ab}, TeTnm, Na Tnm v(s}} 

We use d to denote an element of the set nod. It is assumed that the 

set V contains the distinguished values er, ab and fl , which denote 

the signals "to raise a T-ERROR exception" "to abort" and "to raise 

a FAILURE exception" respectively. We sometimes call the values er, 

fl and ab "orders", the meaning of these "order" transition actions 

are: 
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label d task action task 

(N,T)!v 

(N,T)?v 

N 

N 

sends the order v to 

receives the order v from 

T 

T 

where Na Tnm u {0} and TeTnm and ve{ab,fl}. Given a label d its 
complement is defined by: 

(T,T')?v if d=(T',T)ty 

(T,T')!v if d=(T',T)?v 

where T,T'eTnm, T#T' and ve{fl,ab}. 

Let /dal, Aa2 denote the sets A. given in Ada.1 ana Ada.2 

respectively. The sets of transition labels of Ada.3 are defined by: 

As=AaluAa2unod and ngs=Axc=Ams=As 

To handle propagations in rendezvous we assume that the values 

which are sent or received by transition actions can be exception 

names. 

When a task receives an order to abort or to raise a FAILURE 

exception, this order actually interrupts the the normal execution 

and forces an abortion or raises a FAILURE exception. To model these 

we need to introduce an interrupt rule for all syntactic clauses, 

and the concept of basic statement is introduced to mean that a 

statement whose execution cannot be interrupted. The set of basic 

statements Bsc is defined by: 

Bsc = { skip, abort, x:=e, raise U, traise T, 

tabort T, T.W(e,x), accept W(x,e) do S } 

We now give the transition rules: 
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For the syntactic clauses contained in Ada.2 the transition rules 

are the same as those given in Ada.2, and we list them below: 

Guarded statements 

guards 

1. 
<S, s> fir, Qb11 s=tt 

<b4 S, s> >r 

Qb]ls=error 
<b'S, s> ---)abortion 

alternative 
<GSl,s> L )<S1,s'>Is'Iabortionljummp 

<GS1 or GS2,s> ----><S1,s'>Is'labortionl jump 
1. 

2. 
<GS2,s> L )<S2,s'>Is'Iabortionl nmp 

- - - 

<GS1 or GS2,s> -><S2,s'>Is'Iabortionljump, 

Statements 

Eel s=v, v#e rror 
assign L. e 

2 

<z. =e, s> ---/ (skip, s [v/zl > 

Is I =error 
<z:=e,s> --2---)abortion 

skip <ski ,s> a >s 

abort <abort,s> --L--)abortion 

<Sl,s> X *<Si,s'>Is'Iabortion) ump 
composition 

<Sl;S2,s> ---)<Si;S2,s'>I<S2,s'>Iabortionljnmp 
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select 1 
<GS,s>- -)<S,s'>Ia'IabortionI nm 

. 

<select GS end,s> <S,s'>Is'Iabortionljla 

2 . <select GS end,s> -)abortion 
QBool(GS)Ils=ff 

<GS,s>---><S,s'> 
loopselect 1. 

(loopselect GS and, a> <S;loopselect GS end,s'> 

<GS,s> s' 
<loopselect GS and, s> -)<loopselect GS end,s'> 

3. 
<GS,s>--)IabortionI um 

<loopselect GS and, a> ' )abortions ump 

QBool(GS)IS=ff 
4' <loopselect GS end,s>-I-)s 

exception handlers 

1. <U -4 S , s> -i4 <S, s> 

<XCi,s>-'-><S,s'> i=1 or 2 
2. 

<XC1IXC2,sI> <S,s'> 

raise <raise U,s> -) 2 

<S,s>-U >jump, <XC,s»<S',s> 
S-except 1. 

<S except XC,S>--!-><Sl,s> 

<S,s> U A XCH(%C) 

<S except XC,s>)jurmp 
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<S,s>-&-4<S' a'> 

<S except XC,s> <S' except XC,s'> 

<S,s> --11--->s' I abortion 
4. 

<S except XC,s> <skip,s'>Iabortion 

<S,s>--><S',s'> 
D-ezcept 1. 

<exception U;S s> -><ezception U;S',s'> 

<S,s>)s'Iabortion 
2. 

<ezception U; S, s> -->s' I abortion 

3 . 
<exception U; S, s> II> jump 

<S,s»jE, UD U 

The forms of the above transition rules are the same as those 

given in Ada.2. 

s ,T)!a 
tabort (tabort T,s> <skip,s> 

traise <traise T,s> 
s,T)!f 

<skip,s> 

The tabort rule means sending an abortion order to a visible task 

T. The traise rule models sending an order to raise a FAILUxE 

exception in a visible task T; the configuration <skip,s> means that 

"the execution of this statement has no direct effect on the task 

issuing the statement" (see (DoD] section 11.6). 

1 t t e Bsc in errup (s,T)?a 
<S,s> <abort,s> 

2. S e Bsc 

<S, s> 
(',T)?f 

<raise FAMURE, s> 

The interrupt rules mean that every basic statement has an 
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alternative meaning: receive an order from a task and then abort or 

raise a FAILURE exception. The interrupt rules model the requirement 

"For the task receiving the FAILURE exception, this exception is 

raised at the current point of execution" (see [DoD 8o] 

section 11.6). 

The interaction between exception and multitasking is indicated 

by the following rules: 

initial ization: 
= v, v#error 

entrycall 1. 
<T.W(e,z),s> i(*,T.W) 14<wait(T.W,z),s> 

gels = error 
2. <T.W(e,z),s>--L->abortion 

>i W,T)?;< 
W < S (T ) ) d [ / ]> W( accept ,s S readz ,e accept o , ,s v z x,e 

rendezvous 

<S,s> '<S',s'> 
readz 1. <S readz(T,W,e),s> --><S'readz(T,W,e),s'> 

It <S, s> ->s' 
d W W ) '> (T > -- >< k(T <S ) rea ,e ,s z , ,e ac , ,s 

> < abortion S, s> 
3. 

<S readz(T,W,e),s>--><ack(T,W,er);abort,s> 

<S, s> -- > jump 
4. 

<S readz(T,W,e),s> --><ack(T,W,U);raise U s> 

termination 

wait 1. 
<wait(T.W,z),s>f(*,T.W)?v .<ski 

f(*,T.W)?er 
2. <wait(T.W,z),s> <raise T-ERROR,s> 
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3. <wait(T.W,x),s> 
f(*,T.W)?U -><raise U,s> 

4. <wait(T.W,x),s> 
(*,T)?fl 

<wait(T.W,x);raisa FAILUxL,s> 

S. <wait(T.W,x),s> 
(*,T)?ab -=-<wait(T.W,x);abort,s> 

Qe]Is = v, v#error 
ack 1. 

<ack(T,W,e),s>f(*.W,T)!Q<skip,s> 

2' <ack(T,W, e) , s>-abortion 
Eel s . error 

The accept rule says that an accept statement in the 

initialization phase of a rendezvous receives the value v from the 

task T through its entry W and then becomes a rendezvous statement 

S rendzW(T,W,e). 

The rendz rules model the execution of the body of accept 

statements. Rule 2 says that if the execution of the body of an 

accept statement terminates normally then execute a normal 

acknowledgement statement. Rule 3 means that if the execution of the 

body of an accept statement terminates abnormally then the value er 

is sent to raise a T-ERROR exception in the calling task and the 

called task aborts. Rule 4 says that if an exception is raised 

insid" an accept statement and not handled normally, then U is sent 

to the calling task to raise a U exception and the exception is 

propagated. 

The wait rules model the termination phase of a rendezvous for 

the calling task. Rule 1 is the same as that in Ada.1 and models the 

normal termination of a rendezvous for the calling task. Rule 2 says 
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that if a wait statement receives the value or then a T-ERROR 

exception arises in the calling task. Rule 3 says that if the 

received value is an exception name U then the rendezvous is 

terminated and the exception U is raised. 

By now we have seenthat rendz rule 2 to 4, ack rule 1 and wait 

rule 2 and 3 model the requirement of the manual: 

"A rendezvous can be terminated abnormally in two cases: 

(a) When an exception is raised inside an accept statement and 

not handled normally. In this case, the exception is pro- 

pagated both to the unit containing the accept statement, 

and to the calling task at the point of the entry call. 

(b) When the task containing the accept statement is terminat- 

ed abnormally. In this case, the exception TASKING-ERROR 

is raised in the calling task at the point of the entry c- 

all. (see [DoD 80] section 11.5)" 

Finally, wait rule 4 and 5 mean that if a task receives the 

FAILURE exception or an abortion order during rendezvous then "the 

rendezvous is allowed to complete" and "the called task is 

unaffected" (see [DoD 80] section 11.6). 

<MS1,s> )<MSj,s'>Is'Iabortion 
parallel 1. 

<MS II MS 
1 2,s> --<btSiIIMS2,s'>I<MS2,s'>Iabortion 

<MS ,s> -% ><MS2,s'>Is'Iabortion 
2. 

<MS1 11 MS , s > <MS 11 MS2 ' 2 1 
,s >I<MSl,s'>Iabortion 
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<MS1,s>-k4<MS{,s'>, <MS2,s> <MSZ,s> 
3. 

<Ms1ilMs2, s>-§-)<MSiIIMSZ,s'> 

4<MS1,s>- <MSi,s'>, <MS2,s> s> 
. 

<MS2IIMS1, s> -$-><MS2IIMSi, s'> 

n- 4. k 1 

<S, s> --k--)<S', s'> I s' I abortion' +T,E(X) 4 
as 

+T, EW 
<T::E;S,s> 7 <T::E;S',s'>Is'Iabortion 

where +T E:A a ̀  A a is the partial function defined by 

e if X=S 

i(T,T'.W)I if X=i(*,T'.W)!v T#T' 

+T(X)- i(T.W,T')?v if X=i(*.W,T')?v T#T' 

f(T.W,T') Iv if X=f(*.W,T') Iv TOT' 

f(T,T'.W)?v if X=f(*,T'.W)?v T#T' 

(T,T')Iv if d=(*,T')Iv T#T' 

(T,T')?v if d=(*,T')?v T#T' 

where NeTnm u(*), T, T'eTnm, vcV u Exn. 

<S, s> II )jump 
2. <T::E,S, s> --->abortion 

Rule 1 is the same as that in Ada.1 with the extension of 4T to 

cover the new labels. Rule 2 says that an attempt to propagate an 

exception beyond a task body results in abortion and no further 

propagation of the exception (see (DOD 801 section 11.4.1) . Rule 2 

ensures that the transition rules for parallel structure and task 

specification are exactly as those in Ada.l. 

D-task 
<S,s> -><S',s'>Is'Iabortion, 'YX)j 

<task T::E;MS,s> )<taskT::E;S',s'>Is'Iabortion 
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where qT:A a -4A a is the partial function defined by 

X 

71T 
00 - 

I 
X 

X 

X 

if %=a 

if )=i(T',T".W)lv and TAT" 

if X=i(T'.W,T")?v and TAT', T#T" 

if X-f(T'.W,T")lv and TAT', TOT" 

if X-f(T',T".W)?v and TAT" 

d if d-(TP,Tps)lv and TAT" 

d if d-(T',T")?v and TAT', TAT" 

undefined otherwise 

where T, T', T"aTnm, veV u Ezn 

Thus a semantics for Ada.3 has been given. In fact, we can prove 

that for the semantics of Ada.3 all lemmas and the theorem given in 

section 3.2.2 still hold. 

Now let us examine the example given in section 3.1 using the 

semantics given in this subsection. 

Example 3.8 Raising and propagating an exception during a 

rendezvous 

In the following program task T2 will raise a FAILUid exception in 

task Ti, which is in the middle of a rendezvous with task T. This 

FAILURE exception is not handled locally (by the accept statement 

body); therefore it is propagated in both T1 and T: 
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Pr is task Tl::WI;( 

task T2::W2;(T1::W1;(accept W1(xl,yl) do 

T2.W2(z1-1,z1); 

yl:=xl+zl) except FAILURE +skip 

111'2::W2;acce t W2(x2,x2) do 

select x2=0-->traise Ti 

or 

x2#0 skip 

and 

IIT::W; T1.W1(1,y) except FAMUKFP*Y:=3)) 

A complete computation it: 

<Pr,s>-) 
task T1::Wi;( 

task T2::W2;(T1::W1;(T2.W2(xl-i,zl);yl:=xl+zl)rendz(T,W1,yl) 

except (FAU,UKE'iskip) 

II1'2::W2; ( the body of T2) 

IIT::W; wait(Ti.W1,y) except FAILUK1 y:=3)) 

2 
' 

task T1::W1;( 

task T2::W2;(T1::W1;(wait(T2.W2,zl);y1:=xl+zl)rendz(T.W1,yl),xl=1 

except (FAILURE--4skip) x2=0 

(IT2::W2;(select (x2=0=traise Ti) or (x2004skip) 

end)rendz (Ti,W2,x2) 

IIT::W;wait(Ti.W1,y) except FAILURE=0y:=3)) 



151 

3 

task Tl::W1;( 

task T2::W2;(T1::W1;(wait (T2.W2,zl);raise FAILURE;yl:=x1+zl),x1=1 

renaz(T,W1,yl) except FAILURE skip x2=0 

11T2::W2; (skip) renaz (T1,W2,x2) 

IIT::W; wait(Tl.WI,y) except FAILURi4y:=3)) 

--j 
4 

,task T1::W1;( 

task T2::W2;(T1::W1;(wait (T2.W2,z1);raise FAILUKE;yl:=xl+zl),x1=1 

rendz(T,Wl,yl) except FAILUxE=4skip x2=0 

11T2::W2;ack (T1,W2,x2) 

UT::W; wait(T.Wl,y) except FAILURE ---4y:=3)) 

task Tl::W1;( 

task T2::W2;(T1::W1;(raise FAILURE; yl:=xl+zl)renaz(T,Wl,yl),zl=l 

except FAILURE4skip 

11T2::W2; skip 

IIT::W; wait(Tl.Wl,y) except FAILURE=y:=3)) 

6 

,task Tl::W1;( 

x2=0 

zl=0 

task T2::W2;(T1::W1;(ack(T,Wl,FAILtRE); raise FAILURE) ,x1=1 

except FAILURE skip x2=0 

11T2::W2; skip zl=0 

IIT::W; wait(T1.Wl.y) except FAILURE4y:=3) ) 

Tl::Wl;(raise FAILURE) except FA1LUEx=skip task 12::W2;( 

HT2::W2; skip 

IT::W; raise FAILURE except FAILURE=)y:=3) ) 
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task T1::W1;( 

task T2::W2;(T1::W1; skip 

IIT2::W2; skip 

IIT::W; y:-3)) 

-¢--> 

task T1::W1; 

task T2::W2;(T1::W1; skip 

IIT2::W2; skip 

IIT::W; skip)) 

--g >(x1-1,x2=0,z1=0,y-3) 

y-3 

Let us justify transition step 3. It is obtained by applying the 

D-task rule twice and by the multitask rule since the following two 

transition relations ase valid: 

a. T1::W1;(wait(T2.W2,z1); y1:=xl+zl)renaz(T,Wl,yl) ,s 

except FAILURE 4skip 

(T1,T2)?fl 

T1::W1;(wait(T2.W2,z1); raise FAILURE; yl:=xl+zl) ,s 

rendz(T,Wl,yl) except FAILURE skip 

b . T2::W2;(select x2=O=traise T1 or x2#0= skip x2-0 
end)rendz (T1,W2,x2) 

(T2,T1)!f 

<T2::W2,(skip)rendz(T1,W2,x2) ,(x2=0)> 

Transition (a) is by the B-task rule since 

(wait(T2.W2,zl); y1:=xl+zl)rendz(T,Wl,yl) 

except FAILURE4skip 

(*,T2)?fl 



155 

(wait(T2.W2,zl); raise FAILURE; y1:-xl+zl) 

rendz(T,Wl,yl)except FAILIIxskip 

and this is obtained from the S-except rule 3 since 

<(wait(T2.W2,zl);yl:-xl+zl)rendz(T,W1,y1) s> 

(e,T2)?fl 

(wait(T2.W2,zl); raise FAILIIxE; yl:-xl+z1) ,s 
rendz(T,Wl,yl) 

This follows from the rendz rule 1 since 

(a,T2)?fl <wait(T2.W2,zl);yl:-xl+zl s> 

<wait(T2.W2,zl); raise FAILUKE; yl:-xl+zl s> 

which is by the composition rule since 

<wait(T2.W2,zl),s> 
(e ,T2) ?fl <wait(T2.W2,zl);raise FAILUKE s> 

by the wait rule 3. Similarly, we can justify step (b) and the 

other transition steps. U 

A criticism of the semantics may be that the motivation of the 

language designers was to introduce an asynchronous abortion and 

failure mechanism. Especially for the case of abortion the Ada 

manual says "An abort statement causes -the unconditional 

asynchronous termination of the named task" (see [DoD 8u] 

section 9.10). Our semantics given above is based on hanashaking and 

is synchronous. For example, a tabort statement can be executed ift 

the named task is ready to receive the order to abort and this is 

neither unconditional nor asynchronous. The techniques used in 

section 2.5 may solve this asynchronous problem. 
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4. An operational semantics for Edison 

The programming language Edison was invented by Brinch-Hansen 

([Brinch-Hansen 81a))' for use both in teaching the principles of 

concurrent programming and in constructing reliable programs for 

multiprocessor systems. Edison was born after deep consideration of 

both successful and ill-fated experiences in the use and design of 

concurrent programming languages, especially Concurrent Pascal and 

Modula. The concepts of modularity, concurrency and synchronisation 

are separated in Edison by introducing (respectively) modules and 

procedures, concurrent statements, and when statements. This 

decision makes Edison simpler, more general and more flexible than 

Concurrent Pascal and Modula. 

In contrast to CSP and Ada, communication in Edison is based on 

management of mutually exclusive access to shared variables (common 

data). This idea was developed independently by Brinch-Hansen 

([Brinch-Hansen 73,75)) and Hoare ([Hoare 741) as the 'monitor 

mechanism. 

In general a system of communicating processes in Edison is 

obtained by properly arranging modules, procedures and when 

statements. Thus far it is the highest level design in this 

direction. To convince the reader of this let us consider a typical 

example -- a one-character buffer. In Concurrent Pascal (or Modula) 

this can be programmed as follows: 
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8xas;ple 4.1 

type buffer 

monitor 

var x: char; b: boolean; 

send-q, receive-q: queue; 

procedure entry send (c:char); 

begin if b then delay(send-q); 

x:-c; b:-true; 
continue(receive-q) 

end; 

procedure entry receive(var c:char); 

begin if not b then delay(receive-q); 

a:-x; b:-false; 
continue(send-q) 

end; 

begin b:-false end; 

The shared variable x is a slot to store a character for 

exchanging, where the boolean b indicates whether the buffer is full 
or not. Two typed queue variables send-q and receive-q are used to 

delay the sending and receiving processes until the buffer is empty 

and full respectively. 

The procedure send delays the calling process (if necessary) 

until the buffer is empty then puts the character (actual parameter) 

into z and activates the first receiving process waiting in the 

receive queue. The receive procedure is similar to the send 

procedure. 

The body of the monitor sets the initial state of the buffer to 

empty. Since only one procedure must be performed at a time on the 

monitor variables the following rules apply to operations on queues: 
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When a procedure delays completion another operation can be 

performed by the other procedure. When a procedure activates a 
delayed procedure, the activating procedure automatically returns 

immediately after execution of the continue operation. 

The above explanation shows that a monitor in Concurrent Pascal 

or Modula is an intricate combination of shared variables, 

procedures, process scheduling and modularity. Edison replaces this 

complicated scheduling by a simple statement for synchronization, 

the when statement. Thus, in Edison, a one-character buffer can be 

simply programmed as a module: 

Example 4.2 

module buffer 

var x: char; b: bool; 

*proc send(c: char) 

begin 

when not b do 

x:-c; b:=true 

and 

and 

*proc receive(var c: char) 

begin 

when b do 

c:-x; b:=false 

and 

and 

begin b:=false and 

Here x and b have the same meaning as in the previous example and 

the functions of the procedures send and receive are also the same. 
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The * preceding each prop declaration above indicates that the 

associated procedures are to be exported from the module. Note that 

Edison does not include the monitor concept and that there are no 

queues or queue operations here. The execution of all when 

statements will take place strictly one at a time. If several 

processes need to evaluate (re-evaluate) the guards simultaneously 

they will be able to do so one at a time. The when statement means: 

1. Wait until no other process is executing the "body" of any 

other when statement. This is called the synchronisation phase. 

2. Then evaluate the boolean expression b. If its value is true 

then execute the body of the when statement; otherwise execute this 

when statement again. This is called the critical phase. 

The purpose of this chapter is to study the semantics of Edison. 

In section 4.1 the abstract syntax of a subset of Edison is given. 

We call this subset Edison.l. Since the primitive means of 

communication in Edison is by procedure call and modification of 

shared variables the declarations of variables, procedures and 

modules are introduced in the abstract syntax of Edison.1 as basic 

entities. In' section 4.2 we discuss the static semantics of these 

declarations. And finally, in section 4.3 a structural operational 

semantics is given for Edison.l. 

4.1 The syntax of Edison.1 

The abstract syntax of Edison.1 is.parameterised on the following 

disjoint sets: 

Var - a countably infinite set of variables, ranged over by x. 

Exp - a countably infinite set of expressions, ranged over by e. 
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Bexp - a countably infinite set of boolean expressions, ranged 

over by b. 

Pnm - a countably infinite set of procedure names, ranged over by 

P. 

Mum - a countably infinite set of module names, ranged over by M. 

The syntactic categories of guarded statements, statements and 

declarations are defined using a BNF-like notation as follows: 

Gts - a set of Guarded statements, ranged over by GS and defined 

by: 

GS ::- b4S I GSOGS 

Stm - a set of statements, ranged over by S and def ined by: 

S ::- skip I abort I x:-e I S;S I if GS fi I do GS od 

P(AP) I M.P(AP) I when GS and I S II S 

Dec - a set of declarations, ranged over by D and defined by: 

D ::- empty I var x I proc P(FP) BS 

module M(EP) BS I D;D 

Bstm - a set of block statements, ranged over by BS and defined 

by: 

BS .:- D;S 

Frm - a set of formal parameters, ranged over by FP and defined 

by: 
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FP ::- empty I val x I ref x I FP,FP 

Act - a set of actual parameters, ranged over by AP and defined 

by: 

AP ::- empty I e I loc x I AP,AP 

Vis - a set of exported (visible) procedure heads, ranged over by 

EP and defined by: 

EP ::- empty I P(FP) I EP;EP 

Finally, a program of Edison is just a block statement. 

Strictly speaking, the above syntax tells us that Edison.1 is 

only an "Edison-like" language. It differs from the original Edison, 

in the following respects: 

1. Types play an important part in Edison, but they are omitted 

in Edison.1 in order to focus our attention on parallelism and 

communication, as we did in previous chapters. Instead of using 

types we follow the traditional treatment of denotational semantics, 

and use disjoint sets of variables, procedure names, module names 

and so on. In fact, types can be introduced directly into the 

abstract syntax and studied in the operational way without 

difficulties (see (Plotkin 811). 

2. In the Edison manual (see (Brinch-Hansen 81a]) the conditional 

statements are introduced as deterministic entities. Their abstract 

syntax should be: 

CS ::- b do S I (b do S) else CS 
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Their execution consists of first evaluating the boolean 

conditions one at a time in the order written until one yielding the 

value true is found, whereupon the corresponding statement is 

executed, or until all the conditions have been found to be false. 

To simplify our later work of translating Ada to Edison see 

chapter 7) we use Dijkstra's guarded statements, as in (SP and 

Ada.1, as a replacement. 

3. In a module of the original Edison the form of an exported 

declaration is a normal declaration with a prefix "". For the sake 

of convenience in expressing the transition relations, we adopt the 

method used in Ada to describe the entries, listing all the exported 

procedure heads (procedure name together with formal parameters) 

after the module name in the module declaration. We only allow 

procedures to be exported entities of a module. 

4. The original Edison allows (mutually) recursive procedures, 

but for simplicity in Edison.1 we allow non-recursive procedures 

only. In the original manual a formal parameter can be a procedure 

heading, but in Edison.1 a formal parameter can only be a value 

parameter (val x) or a variable parameter (ref x). 

S. Finally, parallelism in Edison is achieved by concurrent 

statements, with the following abstract syntax: 

PS T do S I PS also PS 

S cobegin PS end 

where PS is called a process statement and T is system-dependent 

(specifying e.g. that the process must be performed on a particular 

processor) In Edison a process is a dynamic concept and the use of 
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nested concurrent statements is forbidden. The manual says "if any 

of the concurrent processes reaches a concurrent statement the 

execution fails". Instead of this discipline we use a simple form 

SilS into Edison.1 and allow the use of nested concurrent statements. 

4.2 Static semantics 

Since several kinds of declarations are included in the syntax of 

Edison.1 the study of its static semantics becomes more interesting 

than those in CSP and Ada.l. 

First of all we need for each formal or actual parameter it the 

sequence TY(rt) containing the types occurring in it in the order 

written. TY(rt) is defined by: 

Formal parameters 

empty val x ref x FP1,FP2 

TY a val ref TY(FP1).TY(FP2) 

Actual parameters 

empty a loc x AP1,AP2 

TY a val ref TT(AP1).TY(AP2) 

For each syntactic entity fl in Edison.l. We also need the 

following sets: 

FV(fl) is the set of free variables contained in fl. 

FPP(Q) is a set of pairs. For each simple call statement P(AP) in 

11, FPP contains the pair (P,TY(AP)), consisting of the free 

procedure name together with the sequence of types occuring in AP. 

FMP(Q) is a set of triples. For each exported procedure call 
statement M.P(AP) in fl, FMP contains the triple (M,P,TY(AP)). 
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For each declaration D we need the following sets: 

DV(D) is the set of variable names defined by D. 

DPP(D) is a set of pairs. For each procedure declaration 

proc P(FP) BS occurring in D. DPP contains the pair (P,TY(FP)). 

DPP(D) is a set of triples. For each exported procedure head 

P(FP) of module M occurring in D. DMP contains the triple 
(M,P,TY(FP)). 

We also need DV(FP), FV(AP) and DPP(EP) for each set FP of formal 

parameters, set AP of actual parameters and set EP of exported 

procedure heads. Finally, for a guarded statement GS we need the 

predicate: 

Bool(GS) is the disjunction of guards occurring in GS. 

All these sets and the predicate are defined inductively by the 

following tables: 

Guarded statements 

b 4 S GS1 0 GS2 

FV FV(b) uFV(S) FV(GSI) uFV(GS2) 

FPP FPP(S) FPP(GS1) u FPP(GS2) 

FMP FMP(S) FMP(GS1) uFMP(GS2) 

Bool b Bool (GS1) VBool (GS2) 

Statements 

skip abort X: Me P(AP) M.P(AP) 

FV 0 0 FV(e)u(x) FV(AP) FV(AP) 

FPP 0 0 0 ( (P, TY(AP)) } 0 

FMP 0 0 0 0 ((M,P,TY(AP))} 
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S1 ; S2 if GS f i do GS od when GS end S1 () S2 

FV FV(S1) u FV(S2) FV(GS) FV(GS) FV(GS) FV(S1) u FV(S1) 

FPP FPP(G1) uFPP(S2) FPP(GS) FPP(GS) FPP(GS) FPP(S1)uFPP(S2) 

FMP FMP(B1) uFMP(S2) FMP(GS) FPP(GS) FMP(GS) FMP(S1) uFMP(S2) 

Declarations 

empty var x proc P(FP) BS module M(EP) BS 

DV (z) 0 0 

FV 0 FV(BS)\DV(FP) FV(BS) 

DPP 0 ((P.TY(FP))) 0 

FPP 0 0 FPP(BS) FPP(BS) 

DMP 0 0 ((M.K)JIeDPP(EP)) 

FMP 0 0 FMP(BS) FMP(BS) 

Dl; D2 

DV DV(D1) aDV(D2) 

FV FV(D1)u(FV(D2)\DV(D1)) 

DPP DPP(D1)u DPP(D2) 

FPP FPP(D1) u (FPP(D2) \DPP(D1) ) 

DMP DMP(D1) uDMP(D2) 

FMP FMP(D1) u (FMP(D2) \DMP(D1) )r 

Block statements 

D; S 

DV DV(D) 

FV FV(D) u (FV(S) \DV(D) ) 

DPP DPP(D) 

FPP FPP(D) u (FPP(S) \DPP(D) ) 

DMP DMP(D) 

FMP FMP(D)u(FMP(S)\DMP(D)) 
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Formal parameters 

empty val x ref x FP1,FP2 

DV 0 (x} (x} DV(FP1) L DV(FP2) 

Actual parameters 

empty a loc x AP1,AP2 

FV 0 FV(e) (x) FV(AP1) uFV(AP2) 

Exported entries 

empty P(FP) EP1;EP2 

DPP 0 ((P,TY(FP))} DPP(EP1)UDPP(EP2) 

To define the static semantics of Edison.1 the following 

notations are needed: 

Notation 4.1 

If D a Dec. then D(D) denotes the set of all variables, procedure 

Lames (associated with the types of their formal parameters) and 

s=ported procedure names (associated with the types of their formal 

parameters) defined by the declaration D: 

ID(D) - DV(D) + DPP(D) + DPP(D) 

where 

define 

denotes the disjoint union of sets (see [Gordon 791). We 

IDvM(I I in1 (I) eID) 

IDp=(I I in2(I)elD} 

Dma(I I 'u3(I)8]D) 0 

The static semantics for a syntactic entity fl is represented as: 

IDka or F-a 
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The first form means that given a set ID, the syntactic entity 

0 is valid; the second says that 11 is valid without any 

preconditions. Thus for guarded statements, statements, 

declarations, block statements and actual parameters we have: 

ID I-GS D{-S 

]DI- D ID (- BS 

ID {- AP 

For formal parameters, exported entities and programs we have: 

{- FP I- EP 

{- Prog 

The static semantics of Edison.1 is defined by the axioms and 

rules below: 

Guarded statements 

ID S 

1. ID b-IS if FV(b) -ID v 

D {- GS1, ID {- GS2 
2. D GS1 GS2 

Rule 1 means that given ID a guarded statement b=OS is valid if S 

is valid under D and all variables contained in the boolean 

expression b have already been declared. Rule 2 is similar to the 

corresponding rules in CSP and Ada.l. 

Statements 

1. ID {- skip 2. ID {- abort 
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D F- S1, ID E- S2 ID GS 

3' Si,S2 4' ID if GS fi 

ID GS ID GS 

s' D do GS od 6. ID when GS end 

ID I- Sl , ID I- S2 
D 1 11 S2 

8. ID I- x:-e if FV(e) CIDv, xaIDv 

9. D I- P(AP) if (P,TY(AP) )eIDp, FV(AP) 
C]D 

10. D I- M.P(AP) if (M,P.TY(AP) )cIDm, FV(AP) CID 

Rules 1 to 7 are easy to understand and their forms are similar 

to those in CSP and Ada.l. Rule 8 says an assignment statement x:=e 

is valid if both x and the free variables contained in the 

expression e have already been declared. Let us explain rule 10. It 
says that a procedure call M.P(AP) is valid if and only if the 

procedure P has been declared as an exported procedure by a declared 

module M, the free variables in the actual parameters AP have been 

declared, and the types and numbers of the actual parameters 

occurring in AP are exactly the same as the types and numbers of the 

formal parameters declared for P. 

Declarations 

1. ID I var x 

I- FP, ID u DV(FP) I- BS 
2. ID proc P(FP) BS 
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I- EP, ID I- BS 
3. ID module WEN 

4. D D18D2 
D I- Dl, IDuD(D1) I- D2 

if DPP(EP)CDPP(BS) 

if D(01) .Z ID (D2) - 0 

Rule 2 says a procedure declaration proc P(FP) BS is valid if and 

only if FP is valid and all variables, procedure and module names 

contained in BS are declared. Rule 3 means that a module declaration 

module M(EP) BS is valid if EP and BS are valid and all exported 

entities are declared in D. The condition D(D1) nID(D2)'0 in rule 4 

means that a variable, procedure name or module name cannot be 

declared more than once in the same declaration area. 

Block statements 

1 I- D, ID uID (D) I- S 

1.D D,S 

Formal parameters 

1. I- empty 2. I- val z 

31 I- ref x 

FP1, I- FP2 
FP1 I FP2 i f Dv (FP1) n DV (FP2) =0 

Actual parameters 

1 . ID I- empty 2 . ID I- a i f FV (e) L ID 
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3. ID I-locx ifxsIDv 

D I- APl, ID I- AP2 
4. D 

Exported procedure names 

1. I- empty 2. I- P(FP) 

I- EP1, I- EP2 

3. EPl,EP2 

Programs 

0 D, ID (D) I- S 

D; S 

The final rule means that if the declaration D is valid under the 

empty set and S is valid under the declaration then the program D;S 

is valid. 

Let us now examine an example using this static semantics: 

Example 4.3 

Consider the typical communication mechanism in Edison.1 below (from 

example 4.2): 

var x; 

module M(send(val c),receive(ref c)), 
var x; var b; 

proc send(val c) when not b do x:=c; b:=true end; 

proc receive(ref c) when b do c:=x; b:=false end; 

b:=false; 

M.send(5) 11 M.receive(loc x) 
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We are going to prove this program is valid. To do so let BSm, 

BSs and BSr denote the bodies of the module M and the procedures 

send and receive respectively, and let m and D denote the 

declaration part of the module body and of the entire program 

respectively. According to the program rule we need to prove that 

the following two clauses are true: 

a.0l-D 

b. D(D) I- M.send(S) 11 M.receive(loc x) 

The first is true by declaration rule 4 since: 

I- var x by declaration rule 1 and 

0. {z}+9+0 I- module M(send,receive) BSm 

the second follows by block statement rule and declaration role 3 

since 

1. { z) +6+0 I- Dm 

2. {z} uD(Dm) I- b:-false 

3. {(send,val), (receive,ref)) C DPP(Dm) 

Clause 1 is true since 

{z)+p4. I- var x 

(z}++ 0 I- var b 

are true (by declaration rule 1) and 

4. {z,b)+0+0 I- proc send(val c) BSs; proc receive(ref c) Bar 

by declaration rule 4 since 

S. {z,b)+0+0 I- proc send(val c) BSs 

and 

6. {z,b}+((send,val))+0 I- proc receive(ref c) BSr 

Clause 5 is true by declaration rule 2 since 

7. I- val c 

by formal parameter rule 2 and 
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8. (x,b,c}+((send,val))+0 I- when not b do x:=c;b:=true and 

Clause 8 follows from statement rules 3, 6 and 8 and guarded 

statement rule 1 since all free variables contained in the when 

statement are in (x,b,c). 

and 

Similarly, clauses 2, 3 and 6 can be justified. We now have: 

D(Dm) (x,b) + ((send,val), (receive,ref)) + 0 

D(D) (x) + 0 + ((M,send,val), (M,receive,ref)) 

Finally, clause (b) is true by statement rule 7 since both 

M.send(3) and M.receive(loc x) are valid under D(D),by statement 

rule 10. 0 

4.3 Operational semantics 

Successful research in the denotational approach tells us that to 

construct a semantics for a language including declarations of 

entities such as variables, procedures and modules, it is necessary 

to: 

1. Distinguish the denotable valves (locations, procedure and 

module abstractions) from the storable values (truth values, natural 

numbers and files). 

2. Separate the concepts of store (mapping locations to storable 

valves) and environment (mapping identifiers to denotable values). 

For example, the elaboration of a declaration of variable x 

produces a new environment which maps x to a new location. The 

location can be thought of as an abstract address; note that we do 

not really want to commit ourselves to any machine architecture, but 
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only to the necessary logical properties. Similarly, a declaration 

of a procedure (or a module) maps the procedure name to a denotable 

procedure (or module) value. This is called a procedure abstraction 

(or respectively, a module abstraction). In general, the execution 

of a statement changes the store but not the environment, and the 

elaboration of a declaration changes the environment (and possibly 

the store). This approach provides a secure foundation for handling 

problems such as static binding (storage sharing), call-by-reference 

(aliasing problems), arrays (location expressions) and reference 

types. 

In this section an operational semantics of Edison.1 is given 

using the above concepts. First of all, we introduce the following 

sets and functions: 

Ide - the set of variables, procedure and module names, i.e. 
Ide-Var u Pnm u Mum. These sets are disjoint. Let I range over Ide. 

V - a given countably infinite set of storable values, ranged 

over by v and assumed to contain integers, truth values and 

character strings. 

Loc - a set of locations, ranged over by a. 

Pabs - a set of procedure abstractions (see (Tenant 811), 

defined by: 

Pabs - ( J.FP. BS I BSeBstm, FPeFrm I 

Mabs - a set of module abstractions, defined by: 

Mabs - Env 

Dval - a set of denotable values, ranged over by µ and defined by 
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Dval = Loc + Pabs + Mabs 

Env - the set of environments, ranged over by p and defined by: 

Env = ( peIde -4Dval I p(Var) CLoc, p(Pnm) CPabs, p(Mnm) CMabs} 

Note this is a recursive definition of Env. However this does not 

lead any problems, for details see [Plotkin 81]. We use D(p) to 

denote the argument domain of an environment p. For later discussion 

on environments some standard notation is necessary (see [Gordon 

79]): 

Notation 4.2 Store 

A store s is a function s:Loc -jV; Stores is the set of all stores. 

A function new:Stores-4Loc is defined by: 

for any seStores s(new s) is unused 

Notation 4.3 Environments 

a 

If pi, P2 a Env and I e Ide, then pl[p2] a Env is defined by: 

pl(I) if p2(I) is undefined 

Pl[P2](I) = 

if p2(I) is defined 

If µi e Dval, Ii a Ide, i=1,...,n, then [µl,. 'µn/I1'...'In] a Env 

denotes the "little" environment p defined by: 

µi if I = Ii, for some i=1,...,n 

undefined otherwise 

For xeVar let (a=a} be the little environment defined by: 



175 

if I-x 
(x-a) (I)' 

otherwise 

In order to describe the behaviours of the syntactic entities of 

Edison.1, we need to add the following extra syntactic clauses: 

D .: - ... l p I FP-1,P 

S ... crit S end 

BS ... body::BS 

Here FP-AP denotes the substitution of formal p*rameters by 

actual parameters; body::BS is a procedure body and denotes the 

execution of a procedure; crit S and is called a critical statement 

and denotes the execution of the critical phase of a when statement. 

The static semantics of these new syntactic entities are given 

below: 

E- FP, D I-AP 
ID FP-AP 

ID crit S and 

ID BS 
ID body: :BS 

if TY(FP)-TY(AP) 

Finally, the operational semantics of Edison.1 is given by the 

following labelled transition systems: 



176 

ags.<rgs,Tgs,ngs, --Ss-+> 

T. .<rs,T3,ns, >> 

ad w<rd,Td,Ad, ---P» 

abs'<rb$,Tbs,AbsI -b> 
> 

where the sets of configurations are defined by: 

rgs-(<GS,p,s>I GSaGts, paEnv, seStores)ur s 

Tgs 'r s 

P .(<S,p,s> I SeStm, paEnv, seStores) w Ts 

Ts .(<p,s>I peEnv, seStores) w (abortion) 

Pd -(,<D,p,s>) DaDec, paEnv, s8Stores)uT5 

Td 'Ts 

r bs'(<BS,p,s>) BSeBstm, paEnv, s8Stores)uTs 

Tbs=Ts 

In general, given a configuration <Q,p,s>, Q denotes the current 

syntactic entity to be executed and p and s denote the current 

environment and' store. A configuration <p,s> stands for a normal 

termination where p and s denote the environment and store at 

termination. As in CSP and Ada.1, abortion denotes an abnormal 

termination. 

The set of transition labels (actions) is 

ngs=ns=Ad:Abs'(e) . 
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This is much simpler than in CSP and Ada.1 since communication in 

Edison.1 is not achieved by handshaking but by mutually exclusive 

access to shared variables. We will see this later. In fact we can 

omit the action a since it is the only action in the above 

transition systems, but here we prefer to have it because it may be 

useful for proving properties of the semantics. 

Finally, we define the transition relations in the above systems. 

As usual, we will omit the gs, s, d, and bs under the arrows when 

there is no confusion in the context. 

In general, given a syntactic entity 4 a transition relation in 
the above transition systems takes one of the following three forms: 

a. <a,P,s>--L <a',P',s'> 

meaning that given an environment p and a store s, the execution of 

n produces a new configuration where O becomes fl', and p, s are 

changed to p' and s' respectively. 

b. <Q,p,s> - <p',s'> 

meaning that given an environment p and a store s the execution of 

Q results in a normal termination <p',s'>. 

c. <a,p,s>-L-)abortion 

meaning that given an environment p and a store s the execution of 

Q leads to an abnormal termination. 

As usual we assume that any expression eeExp (or boolean 

expression beBexp) can be evaluated properly and results in either a 

value veV or an error. The form Qe]ps denotes the value of a 

expression a under the environment p and the store s. A predefined 

boolean variable i (different from all other identifiers) is 

introduced to implement the control of mutually exclusive access to 

shared variables; the initial value of x is assumed to be ff. 
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All the transition relations (rules) of e> are given below: 

Guarded statements 

I G d 
[b]P3 = tt, <S,p,s>. 8 )r 

uar s ' <b-+ S. p, s> -L->r 

Alternative 

Qb]ps = error 

<b4S,p,s>--L->abortion 

<GS1,p,s>-1--><S1,p',s'>I<p',s'>Iabortion 
<GS10 GS2,p,s>- -?<Sl,p',s'>I<p',s'>Iabortion 

2. 
<GS10 GS2,p,s> s--*<S2,p',s'>I<p',s'>Iabortion 
<GS2,p,s>-t-><S2,p',s'>I<p',s'>Iabortion 

The rules for the guarded statements are similar to those in CSP 

and Ada.l. 

Statements 

skip <skip, p, s> --L--><p, s> 

abort <abort,p,s>-3---)abortion 

Qe]ps = v 
assign 1. 

<z:-e, p,s> 8--'<skip, 

[a]ps = error 
2. 

S-composition 

<x:-e,p,s> -e )abortion 

<Sl,p,s>- 8 ><Si,p',s'>k<p',s'>Iabortion 
<S1tS2,p,s> 8 ><SiiS2,p',s'>1<S2,p',s'>Iabortion 
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conaition 1. <if GS fi,p,s) <S,p',s')I<p',s'>Iabortion 

QBool(GS)Ilps=ff 
2. 

repetitive 1. <do GS od,P',s> 6 ><S;do GS od,p',s'> 

<GS,p, s> -A--><p' , s'> Iabortion 

3 

when 1. 

2. 

i 1 t 

<GS,p,s)-I-><S,P',s'>I<p',s'>Iabortion 

<if GS fi,p,s) abortion 

<GS,P,s> -><S,p',s'> 

2. 
<do GS od,p,s)--g-><do GS od,p',s'>Iabortion 

<do GS od,p,s>-e--><p,s> 

ffBool(GS)Dps=ff 

1[iDps= ff, <GS,p,s>-!-4<S,p',s'> 

<when GS end,p,s>-I-><crit S end,p',s'[tt/p(i)]> 

II]Ips= ff, <GS,p,s> g ) <p',s'>Iabortion 
<when GS end,p,s>-- ><p',s'>Iabortion 

<S,P,s> a ><S',p',s'> 
or . <crit S end,p,s> e > <crit S' end,P',s'> 

<S,p,s> ><p',s')Iabortion 
2. <crit S end,P,s>- ><skip,P',s'[ff/p(i)l>Iabortion 

When rule 1 means that if no other process is executing the 

critical phase of a when statement (the value of 
WIz 

in the store s is 

ff) and at least one guard of the guarded statement in this when 

statement is satisfied, then this when statement gains exclusive 

access (the value of i in the stores' is changed to tt) and enters 

its critical phase (the 'corresponding crit statement).. When rule 2 

deals with skip or abort actions of guarded statements. The crit 

rules model the execution of the critical phase of a when statement. 

For example, crit rule 2 says that if the execution of the body of a 
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critical statement terminates normally then the execution of this 

critical statement is finished and exclusive access is given up (the 

value of z in the store s' is changed to ff); if the execution of 

the body of the critical statement, aborts then so does the critical 

statement. 

concurrent 1. <SiIIS2,p,s> ><SillS2,p',s'>I<S2'P' ,s'>Iabortioa 

<S2,p,s>-1-><SZ,p',s'>I<p',s'>Iabortion 

<Sl,p,s>-g-3<Si,p's'>I<p',s'>Iabortion 

,s'>labortion 2' <S1IIS2,p,s>-1-4<S1IISi,p',s'>I<Sl,p' 

The concurrent rules are very much simpler than those in the 

semantics of CSP and Ada.1 since there is no handshake communication 

between concurrent processes in Edison. The rules mean that a. 

concurrent statement is executed by interleaving the execution of 

its component processes. 

call 1. <P(AP),p,a>-$-><body::FP'AP;BS, p,s> 

if p(P) = 1. FP. BS 

2. <M.P(AP),p,s>-$-><body::FP'AP;BS, p,s> 

if p(M)(P)=. FP. BS 

We now give the transitions for declarations: 

Declaration 

empty <empty,p,s> -><p,s> 

D-var <var x,p,s>-I-><fx=new(s)},P,s[undefined/new(s)]> 
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D-proc <proc P(FP) BS, P,s> 5 ) <(Pi)Sp.pp;BS). p,s> 

undefined if IsDV(FP) 

pp(I)- 

p(I) otherwise 

The D-proc rule means that the elaboration of a procedure 

declaration forms a little environment (P"7..FP.pp;BS). All free 

variables, procedure names and module names are bound to their 

values at procedure-declaration time, i.e. only static binding 

(where bindings of all free variables, procedure names and module 

names are determined by their textual occurrences) is considered in 

Edison.l. 

D-module 1. 
<BS,p,s> a <BSI,pI,s'> 
<module M(EP) BS,p,s> $ ><module M(EP) BS',p',s'> 

<BS, p, s> -L-> <p' , s' > I abortion 
2. 

<module M(EP) BS, p, s> --L-),< (M-P') 9, S' >I abortion 

Rule 1 sdys that all local and exported entities declared in M 

are created one at a time in the order written and then the body of 

that module is executed. Rule 2 says that when the elaboration of a 

module declaration terminates normally a new module abstraction is 

created; otherwise the elaboration of the module results in 

abortion. These two rules model the following requirement from the 

Edison manual: 
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"The initialization of a module M takes place in three steps: 

1. The local and exported entities declared in M are created 

and added to the current context. 

2. The modules declared in M are initialized one at a time 

in the order written. 

3. The initial operation of M is performed." 

D-composition 

<D1;D2,P,s>-e><Di;D2,p,s>Iabortion 
<D1,p,s>- -><D{,p,s>Iabortion 

<D,p[POI,s>- -J-40',P[po I, s' >I abortion 
2' <pO;D,p,s> a ><pO;D',p,s'> abortion 

3. <P13P21P,s> a--4<P1[P23,P,s> 

4. <p1,P,s>-1-><p(p13,s> 

Parameter bindings 

Eel Ps - v 

<val x - e,P,s> 8-)<(x-new(s)}, P,s[v/new(s)]> 

Eel 
Ps 

- error 
2. 

<val x e,p,s> -)abortion 

3. <ref x - loo y, p,s>--1-4<(z=p(y)},P,s> 

<FP1APl,p,s>-I-> <pl,P,s'Aabortion 
<(FP1,FP2-AP1,AP2),p,s> 6 )<p1;FP2=AP2,p,s'>[aortion 

Parameter rule 1 models a call-by-value binding mechanism. It 
says that an actual parameter gives a new (little) environment 

Ix-new(s)} and a new store where the (new) location new(s) is 
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assigned the value obtained by evaluating the actual expression e 

under the environment p and store s. Rule 3 models a 

call-by-reference binding mechanism, binding the formal parameter in 

the environment to the location in the store occupied by the actual 

parameter. Rule 4 says that the bindings of the parameters of a 

procedure are created one at a time in the order listed. 

Finally, we define transitions for block statements: 

Block statements 

procedure body 

<D1,p,s>-g-><D{,p,s>Iabortion 
<D1;S2,p,s>---)<Di;S2,p,s>Iabortion 

2. 
<pO;S,p,s> --- <p0;S',p,s'>I<pCpO],s'>Iabortion 
<S,P[p0],s> }<S',PCPO],s'>I<p(PO],s'>labortion 

<BS,p,s>-L4<BS',p',s'>I<p',s'>Iabortion 
<body::BS,p,s> -)<body::BS',p',s'> <p,s'> abortion 

Note that the second case says that after a procedure call the 

environment is restored to what it was before the call. 

Now we have given an operational semantics for Edison.l. 

It should be mentioned that the D-composition and block statement 

rules are similar to those given in [Plotkin 81]. Let us work 

through two simple examples to see how these rules work. For 

simplicity, in the following examples we will use (x=ax} to denote a 

little environment in which we assign an unused location ax to x, 

and will omit the action a. 
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Example 4.4 

Given the initial environment p and store s. Let 

s'-s[nndefined/a1] and s"-s'[undefined/ab]. 

Consider the elaboration of a declaration as follows: 

<var x;var b;proc P(FP) BS,p,s> 

1<(x-aZ);var biproo P(FP) BS,P,s'> 

2<{xaax};{baab};proc P(FP) BS,p,s"> 

<{x-ax}[{baab}];proc P(FP) BS,p,s"> 

<{x-aX,b=ab),(P-XFP.BS),p,s"> 

<[x-abaab)[(P-XFP.BS)],P,s"> 

6 <PI{x=aZ,b-ab,P-;.FP.BS}],s"> 

It is easy to see that step 1 is by D-composition rule 1 since 

<var x,p,s>><(zaaZ),p,s'> 

Step 2 is by D-composition rules 1 and 2 since 

<var b,p((x-a1)] ,s' »<{b-ab},p[{a-aZ}],s"> 

and step 3 is by D-composition rule 2 since 

< {x-aX) J {b=ab} , P , s> )< {zaaZ) [ {baab } ] , P , s"> 

by D-composition rule 3. Similarly we can examine transition steps 4 

to 6. a 

When we understand the rules for declarations the block statement 

rules become very easy to comprehend. Let us consider the following 

example. 
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Example 4.5 

Consider the computation of the block statement below: 

<var z;z:-l,p,s> 

Mx-ax );z:-l,p,s[undefined/az]> 

2><(x-az),skip,P,s[1/az]> 

3 
)<p[(z=az)],s[l/az]> 

Step 1 is by block rule 1 since 

<var z,p,s>----><(x"az),p,s[undefined/az]> 

Step 2 is by the first case of block statement rule 2 since 

<z:-l,p[[x-a z)],s[undefined/az]> ><skip,p,s[1/az]). 

Step 3 is by the second case of block rule 2 since 

<skip,P[(zsaz)],s[1/az]> )<p[[x-a1)],s[1/az]>. 0 

As in the case of CSP and Ads, we can prove the following 

properties of this semantics: 

Loma 4.1 

1. Let 0, 0' aGtsuStm. 

If or <Q,P,s> 8 ><p',s'> then p'-p. 

2. Let 0, 0' aDec uBstm. 

If «,p,s) 8 ><a',p',s') then p'=p. 

Lema 4.2 

a. If OsGts. Stm and then 0' aStm and 

M12') CFV(11) and FPP(0') CFPP(13) and FMP(0') CFMP(f) 
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b. If <D,p,s> e ) <D',p,s'> then 

FV(D') SFV(D) and FPP(D') CFPP(D) and FMP(D') CFMP(D) 

DV(D') CDV(D) and DPP(D') CDPP(D) and DMP(D') CDMP(D) 

c. If <BS,p,s>-L-)<BS',p,s'> then 

FV(BS')CFV(BS) and FPP(BS')C FPP(BS) and FMP(BS')C FMP(BS) 

DV(BS')C DV(BS) and DPP(BS')CDPP(BS) and DMP(BS')CDMP(BS) 

Theorem 4.1 

a. Let QeGts.Stm. If ]D(p)I- Q and <Q,p,s>-->r, then either 

r-<S,p,s'> SaStm and D(p)I- S or r is one of <p,s'> or abortion. 

b. If D(p)I- D and <D,p,s> a >r, then either r=<D`,p,s'> and 

D(p) I- D' or r is one of <p',s'> or abortion. 

a. If ]D(p)I- BS and <BS,p,s>--$-)r, then either r-<BS',p,s'> and 

]D(P)I- BS' or r is one of <p',s'> or abortion. 

Let us examine the example given in section 4.1 using the above 

semantics. 

Example 4.6 

Let {ax=v} denote a little store which means assign a value v to ax. 

Firstly, the elaboration of the local declaration contained in 

the module body is: 

var x; var b; 

proc send(val c),BSsj ,{i=az,x=axj, tar ff} 
proc receive(ref c),BSr; 
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{z=az,b=ab}; 

proc send(val c),BSat , (-az,x-ax), {az=ff) 

proc receive(ref c),BSr; 

(these transitions are by the D-composition rule and the D-var rule) 

(z=az,b=ab, 
, -4 send=l. val a. (i=az,z=az,b=ab} ,BSs, ,(i=az,z=az), (az=ff) 

receive=k ref a. (z=a;,z=az,b=ab,send=---),BSr) 

P; m 

This is by the D-proc and D-composition rules. Let pm denote the 

elaboration of the declarations contained in the module M. The 

execution of the initial statement of the module is: 

<b:=false, {i=az,z=az}[pm], (az ffr> 

<{i=az,z=az)[pm], (az ff,ab=ff)> 

This is by the assign and skip rules. Thus according to the block 

statement rule the execution of the module body is: 

<Dm; b:-false, {i=az,z=ax), (az ff)> 

:<; b:-false, (i=az,z=ax), (az ff)> 

><(i=az,z=ax)[pm], (az ff, ab=ff)> 

Let pm=(i=az,z=ax}[pm]. Applying the D-module rule the 

elaboration of the module gives: 

<module M(send,receive) BSm , (i=az,z=ax), (az=ff)> 

-!4<{(=pm), {i=az,z=ax), (az ff,ab=ff)> 

Thus the elaboration of the declaration of this program is: 
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<D,d,s>- '4<(i-ai,z-aZ,M"Pm},d,(ai ff,abff)> 

Let p denote (i=az,xsax,M-pm}. Applying the block statement rule 

the computation of the program becomes: 

<D;(M.send(S)UM.receive(loc x)) , 0, (ai=ff)> 

><p,(M.send(S)IIM.receive (loc x)) , 0, (az ff,ab=ff)> 

Consider a computation of the concurrent statement in which the 

execution of the procedure call M.send(S) is followed by the 

execution of the procedure call M.receive(loc x). If we notice that: 

val c-5; (i-ai,x=ai,b-ab}; 
when not b-+(x:=clb:-true) 

!> (c-ac,i=ai,x=ai,b-ab} r 

rules) 

and 'Pm'(ax ff,ab=ff)i 

when not b-O(x:-cjb: -true) end 'am' (ai ff,ab=ff,ac-5)j 

(by the actual parameter and D-composition and block statement 

C> (c=ac,x-ai,x=ax,b-ab); 
crit (ship;b:=true) and 'Pm' (ai tt,ab=ff,ac=S,at=5) 

(by the the when ruleand and block statement rule) 

-<(c=ac.i=ai,x=ai,b=ab}iskip, 
pm, (ai ff,ab=tt,ac=5,ai=5)> 

Then we see the computation of the procedure call M.send(5) i: 

<M.send(5), p, (ai=ff,ab=ff)> 

><body::(val c a5);Psend;BSs , p, (ai ff,ab=ff)> 

-><body::(caac,Psend}, P, (ai ff,ab=tt,ac=S,ai=5)> 
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-f--)<p,(az ff,%Mtt,ac1S,a1-5)> 

Therefore applying the concurrent statement rule the computation 

of the concurrent statement becomes: 

<p:(M.send (5)(IM.race ive(loc x)) ,0,(aZ-ff,ab=ff)> 

-4<ps M.receive(loo x) ,0,(aZ ff,ab-tt,ac=S,a'-5)> 

Similarly, the complete computation is: 

<p;M.receive(loc x) , 0,(az ff,abatt,ac=S,a'-5)> 

)<p, (aZ ff,ab-ff,ax-S,aZ=S)> 

It is easy to check that if the procedure call M.receive(loc x) 

is executed first then its computation will- be suspended when the 

execution reaches the corresponding when statement (the initial 
value of the guard b is false) until the execution of the'procedure 

call M.send(S) is complete. a 

Finally, similar to Hoare (see [Hoare 74]) we can introduce a 

more general form of when statement: 

with t when GS and 

where t is a boolean variable. The statement says to wait until 
no other process is executing a when statement with the same boolean 

t, then execute the body of the when statement. Similarly we need a 

new crit statement with t crit GS and to describe the execution of 

the when statement. The semantics of these statements are: 

with-when 

Qtllps= ff, <GS,p,s>---><S,p',s'> 

1. <with t when GS end,p,s> $ ><with t crit S end,p',s'[tt/p(t)]> 
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It]ps= ff, <GS,p,s>-- -L-><P, a'> I abortion 
2. 

<with t when GS and, p, a> -1-+<P, s'> I abortion 

with-grit 

<S,P,s>-g--4<S',p',sI> 
<with t crit S end,p,s> -)r<with t crit S' end,p',s'> 

<S,p,s>'-_e_ 3<p',s'>Iabortion 
2. <with t crit S end,p,s>-¢--><ski p,p,s'[ff/p(t)]> abortion 

The execution of all the new when statements with the same t take 

place strictly one at a time. So in this -sense we can say that the 

statement when GS and is a "global" when statement and the statement 

with t when GS and is a "local" when statement. 
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S. An operational translation theory 

Between a high level programming language and the "bare" 

machines on which it runs there are normally several layers 

represented by intermediate languages. Between each pair of 

consecutive levels there is a translation of high-level objects into 

lower-level objects. In this sense the general subject of 

translation is a very pervasive and important part of computer 

science today. The examples are too numerous to mention, but it is 

worth noticing that, recently, several proposals for implementing 

tasking in Ada use this approach. In [Luckham at al 811, the 

implementation of multitasking facilities in Ada is by translation 

into a lower level intermediate language called Adam. In another 

ambitious project [Bjbrner and Oest 80], a semantics is given for 

Ada by translation into the language META+CSP. A similar approach is 

also taken in [Belt at al 80] where preliminary Ada has been 

translated into SEKANOL+Semaphores+Forking. 

In theory the translation problem may be formalised in the 

following way: As we know, a semantics for a language L can be given 

by 

1. a semantic domain SD(L) 

2. a semantic mapping ML from the objects L (usually programs) to 

SD (L) 

A translation can then be viewed as a mapping Q D:L1 -+L2, and 

its correctness can be investigated by considering the diagram 
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fIl 

Figure 5.1 

where tr is some predefined mapping between the semantic domains. 

Thus by the correctness of a translation we mean that the diagram 

commutes, i.e 

Q ]J.M,L21'MLlotr 

Here Q B is a mapping between syntactic categories and tr is a 

mapping between semantic domains. In our later work semantic. domains 

will be constructed from syntactic entities, so there will be little 
distinction between the two and we will use the term "translation" 

to describe these two kinds of mapping, where the exact meaning will 
be understood from the context. 

This kind of approach was announced first by McCarthy and Painter 

((McCarthy and Painter 67]) and then Burstall and Landin ((Borstal l 
and Landin 70]) with the goal of making compilers for high-level 

programming languages completely trustworthy by proving their 

correctness. Morris stated his belief that the compiler correctness 

problem is much less general and better structured than the 

unrestricted program correctness problem and gave the above diagram 

((Morris 73]) treating Q B as a compiler. Using a denotational 

approach he proved the correctness of a compiler for a small 

sequential language. Later ADS studied this problem using an 
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algebraic approach [ADS 79]. 

It should be mentioned that all these authors are concerned only 

with sequential programming languages and use either denotational 

semantics or algebraic semantics. A problem arises when the 

languages include parallelism and communication as in Ada, CCS, CSP 

and Edison. The reason is that no satisfactory formal semantics of 

such a language in the denotational or algebraic style has so far 

been produced, though research is progressing in this area (see 

[Hennessy and Plotkin 80], [Plotkin 82]). 

We study this problem using the structural operational approach. 

Roughly speaking, the basic idea of our approach is that: 

1. Any syntactic translation between languages L1 and L2 induces 

a sesantic translation between the transition systems which define 

the operational semantics of L1 and L2. 

2. The execution of a program can be represented by a finite 

transition sequence ending in a terminal configuration (successful 

computation), by a finite transition sequence ending in a 

nonterminal configuration (deadlock computation), or by an infinite 
transition sequence. Saying that a translation is correct amounts to 

saying that all these three kinds of computations for a program in 

the object system and in the target system correspond to each other. 

In particular, the possible final configurations of the translation 

of a program should be just the translations of the final 

configurations of the possible computations of the program. 

3. Once we have formalised the idea of the the correctness of a 

translation, the next problem is to set up some sufficient 

conditions which guarantee the correctness and which can be used to 

prove a particular translation is correct. We call this the adequacy 
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problem. A first attempt at sufficient conditions for a correct 

translation may be expressed by 

r----)r' iff tr(r) tr(r' ) 
where tr(.) may be a sequence. This means that if a translation is 

adequate then any program and its translation should have the "same 

behaviour" in the respective transition systems. Intuitively, the 

phrase "same behaviour" includes at least that any transition of a 

program in the object transition system can be simulated by its 

translation in the target system, and any finite transition sequence 

from a translation of a program must be a simulation of a transition 

of that program. We will see later that this requirement is not 

enough. In fact, when a transition system describes a language with 

nondeterminism, parallelism and communication, the conditions which 

a correct translation must satisfy are very complicated. 

Investigating these properties is the goal of this*chapter. 

In [Hennessy, Li and Plotkin 81] the correctness problem in the 

operational approach was first studied'in a concrete manner, i.e. 
the correctness of a translation from a simple CSP (without nested 

parallel structures) to CCS was studied and proved. In [Hennessy and 

Li 82] the adequacy problem was studied in a more general setting 

but the conditions found were not sufficient to prove correctness. 

It should also be mentioned that Jensen and Priese studied the 

problem of simulation between transition systems in a similar way 

but they only considered binary transition relations without 

transition labels and their conditions are too strong (see [Jensen 

80] and [Priese 80]). 

In section 5.1 the definition of a correct translation is given 

and the preservation of correctness under composition is proved. In 
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section 5.2 we deal with congruence relations on transition systems. 

In section 5.3 the adequacy problem is studied and a set of 

sufficient conditions for the correctness is given. Some examples 

are studied and help us to show why these conditions were chosen. 

5.1 Translation and its correctness 

To formalise and prove the correctness of a translation we need 

the following definitions: 

Definition 5.1 

Given a transition system V-<r,T,A,-4>, and recollecting that D is 

the set of deadlock configurations of T (see section 1.2), we 

define: 

B(r)-(r'l r --!4r', r'sT } 

a(r)-(r'l r--!4r', r'sD } 

Informally, B(r) is the set of reachable terminal configurations 

from r, and K(r) is the set of reachable deadlock configurations 

from r. 

Definition 5.2 Semi-D 

Given a transition system T<r,T,A,->>, the set Semi-D is the 

least set such that: 

1. DCSemi-D 

2. For any re [' if A(r) CSemi-D then reSemi-D. 

A configuration r is semi-deadlocked if reSemi-D. 

This definition means that if reSemi-D then all complete 

computations from r are finite with final configurations in D; that 
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is, r must eventually deadlock. A translation between two transition 
systems is defined as follows: 

Definition 5.3 Translation 

Given two labelled transition systems Tl-<r'1,T1,A 1,1>> and 

T2-<r'2,T2,A2,'>, a translation tr from T1 into T2 is any pair 
of mappings (we use the same name for both): 

tr : r1--)r2 and tr : A1--*A2 

where the second is an injective mapping. The transition system a1 
is called the object system and a2 is called the target system. A 

configuration xer 2 is called a translated configuration if for some 

rsr 1 tr(r)-x; a transition label psA2 is called a translated label 

if fqr some 71sA1 trW-P. 0 

Having introduced the necessary notation, we can now consider the 

correctness problem of a translation. Since any complete computation 

from a configuration r is either finite or infinite and when the 

computation is finite then the final configuration can only be a 

terminal or deadlock configuration, there is a natural definition: 

Definition 5.4 Correct translation 

A translation tr as given above is correct iff for any rar 1 

Al. tr0B(r))-8(tr(r) ) 

A2. tr(](r)) CSemi-D2 and ]K(tr(](r)))=B(tr(r) ) 

A3. rt iff tr(r)t u 

Condition Al means that terminal configurations reachable from 

the translation of a configuration are just the translations of 

terminal configurations reachable from the original configuration. 
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The first formula of condition A2 means that the translations of 

deadlocked configurations must eventually deadlock. If we omit the 

leftmost a, then the second formula of condition A2 becomes 

tr(a(r) )-X(tr(r) ) 

and this means that deadlocked configurations reachable from the 

translation of a configuration are just the translations of 

deadlocked configurations reachable from the original configuration. 

However since tr(]K(r)) is in Semi-D2 and is Semi-deadlocked, the 

X is added to the left part of the formula. Condition A3 says that 

the infinite computations in al correspond with those in a2. The 

following theorem partly expresses this idea: 

Definition 5.5 Input-output function 

Given a transition system T-<r',T,A,-4>, the input-output function 

a J:r-3Ts(8,1} is defined by: 

1r)-R(r)u(8I3r'sD, r-s>r'}u(1I rt} 

where rap, and 8 and t are distinguished symbols to denote deadlock 

and divergence respectively. 

In particular, if i'-(SynXStates)uStates where Syn denotes the 

set of syntactic entities of a language and 1-States, then the above 

input-output function can be written as 

Q I:Syn X States -->States:t(8,1} 

and QDDs-(s'I <D,s> >s'} 
u(813<u',s'>ED, 

<n,s>-s<u',s'>} 

U(_-1 «,s>t} 

and this is the usual form of the input-output function. The 

following general result holds for any correct translation: 
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Theorem 5.1 

If the translation tr:E1 --->E2 is correct then putting tr(i)-a and 

tr(b)=b, for any rer 1 

tr(Qrf)= fftr(r)D. 

Proof. Since tr is correct by condition Al we have 

tr(Bi(r))=E(tr(r)). We only need to prove: 

1. 6s(r) iff 8s(tr(r)J. 
2. 1e frI iff ja ftr(r) I . 

For the first clause, if 8a Irk. then by definition 5.5 E(r)#O. By 

condition A2, tr(I(r)) CSemi-D2 so E(tr(r))=E(tr(] (r)) )#$, That is 

Se(tr(r)). Conversely, if 8a$tr(r)l then E(tr(r))#4 so by A2 we 

have E(r)04, and this means Se1r). 

The second clause is immediate from A3. 0 

We can see that the converse of theorem 5.1 is not true, i.e. if 
theorem 5.1 holds then the translation need not be correct. This is 

because theorem 5.1 does not distinguish the deadlock computations 

but definition 5.4 does. Consider the example below: 

Example 5.1 

Consider the two transition systems associated with the graphs: 

0 0 

s s s s s 

e 1 e' e 1 

a1=<r1,T19A1,1>> where r1={0,1,e), Tl={1), Al={r) and the 

transition relation 1 is given as graph (a). 
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a2-<r2,T2,A2, 2 > where r 2-(O,l,e,e'), T2-(1), A2=(c) and the 

transition relation is shown as graph (b). 

Let the translation tr:al-4T2 be the identity mapping. It is not 

difficult to see that: 

tr(Qr)) - Qtr(r) D 

but tr(S(0))-{e} # (e,e'}=](tr(0)) 

a 

In fact we can take theorem 5.1 as a definition of the 

correctness of a translation. But in this thesis we prefer 

definition 5.4, because it is stronger, and sometimes distinguishing 

the different deadlock computations may be important to find 

rna-time errors in practice. 

One might ask why we do not use the set tr(]K(r)) to replace 

X(tr(:C(r))) in condition A2. The reason is that in most cases when 

we translate a high-level system into a low-level system, the 

equation 

tr(I(r))' (tr(r)) 
is not true. Let us examine the following example: 

Example 5.2 

Consider the transition systems associated with the graphs: 

0 0 

s s e s 

e 1 1' 1 

Figure 5.2 
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T1-<rl'T1.A1, 1)>, where r'1-(O,e,l), Tl-(l), nl-(t), and the 

transition relation 1> is shown as graph (a). 

Let r2-(o,1,e,1'), T2=(1), A2=(t1 ') and 24 is defined by 

graph (b). 

Let the translation tr:lr 1--4T2 be the identity mapping. It is 

easy to see that: 

X(tr(O))'(l') A (e)-tr(]K(0) ) 

but E(tr(0))-(l')- (tr(1K(0)) ) 

Clearly however the translation is correct in an intuitive sense 

since e is a deadlocked configuration in al and the complete 

computation from tr(e) in T2 terminates 

configuration. 0 

with a deadlock 

As we claimed at the beginning of this chapter, between a high 

level programming language and a "bare" machine there are often 

several translations between consecutive layers. It is therefore 

natural to ask whether the composition of two consecutive 

translations is correct if both translation are correct. The answer 

is in the affirmative. 

Definition 5.6 

Given transition systems T1, 72, a3 and translations 

trl :7r1- T2 and tr2:72 - 1r3 

The composite translation tr2otrl:1r -+a3 is defined by: 1 

tr2otrl(r)-tr2(trl(r)) for rer1 

tr2otrl(7.)-tr2(trl(1l)) for XsA1 
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Lemma 5.1 

If tr:T1-4'f2 is correct then tr(Semi-D1) CSemi-D2. 

Proof. Let reSemi-D1. We prove that tr(r)sSemi-D2. 

Firstly, there is no infinite computation from tr(r); otherwise 

by A3 there is an infinite computation from r and this contradicts 

the assumption reSemi-D1. 

Secondly, B(tr(r))-O otherwise by Al we have 

tr(B(r))=B(tr(r) )#0 so 8(000 
and this also contradicts the assumption reSemi-D1. 0 

For the composition of translations we have the following result: 

Theorem 5.2 

Let trl, tr2 and tr2otrl be given as above. If trl and tr2 are 

correct then so is tr2o trl . 

Proof We prove that tr2otrl satisfies Al to A3. 

For Al, take rar1, and calculate: 

B(tr2otrl(r)) R(tr2(trl(r))) 
tr2(X(trl(r))) 

= tr2(trl(1t(r))) 
(tr2 is correct) 

(trl is correct) 

= tr2etrl(]R(r)) 

Thus Al is proved. 

For A2, we first calculate that for anv ref-1, 

t r2 (t rl (]S (r))) t t r2 (Semi-D2) :Semi-D3 by lemma 5.1 
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and then that 

3i(tr2etrl(r)) ](tr2(trl(r))) 
](tr2(]S(tr1(r)))) (tr2 is correct) 

IE(tr2(]K(trl(]K(r))))) (trl is correct) 

Y(tr2(trl(iK(r)))) 

So tr2otrl satisfies A2. 

For A3, we jest note that tr2otrl(r)t iff trl(r)t iff rt. Thus 

the theorem is proved. 0 

5.2 Congruence relations on labelled transition systems 

When we study the correctness problem we need to understand the 

notion of a congruence relation on labelled transition systems. The 

reason is that usually the target language is more primitive than 

the object language; therefore one transition step of the object 

system will be modelled by a number of steps of the target system. 

To organise this simulation properly some "housekeeping" must be 

done and this inevitably introduces some "debris" into the target 

system. The following example will clarify this issue. 

Example 5.3 Translating into nets 

Consider a translation of a simple programming language into 

predicated nets. For example the statement if b then S1 else S2 

would be mapped into the net 

tr : if b then S1 also S2 I 

where Ni represents the net which results from the translation of Si 
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1-1,2. In the case when the predicate b is true, we would have the 

transition 

if true then 31 also 32 31 

However in the target system, we would have 

Figure 5.3 

and the right hand side is different from tr(31)=N1. However net 

theorists would agree that the nets 

N1 and 

Figure 5.4 

are equivalent and therefore the diagram is "almost" satisfied. The 

degree to which the qualifier "almost" is used depends on which nets 

we agree to say are equivalent. For this reason we introduce the 

following concept. 

Definition 5.7 Congruence relations on labelled transition systems 

Let T-<r,T,A, 4> be a transition system. A relation -SrXr is 

called a congruence relation on a iff - is a congruence relation 
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and whenever p-q, Xs A and p'sr 

a. if p-1--)p' then for some q'sr q_ )q' and p'-q'. 

b. if peT then qeT. 0 

From the definition we can see that the degree to which the 

qualifier "almost" is used depends on the congruence relation 
i.e. which configurations we agree to sty are equivalent. For a 

congruence relation on labelled transition system, we have the 

following result. 

Theorem 3.3 

A relation -C rX r is a congruence relation on T iff - is a 

congruence relation and whenever p-q, weA and p's(' 

a. if p -T-4p' then for some q's(' q -)q' and p'-q'. 

b. if psT then qeT 

Proof. We prove (a) only. The "if" part is trivial. We prove the 

"only if" part by induction on length(w). 

If length(w)-0, then the result is obvious. If length(w)=1 then 

the result follows by definition 5.7 

Suppose the case length(w)=k is proved. Consider the case 

length(w)-k+1. Then p hd w t w p, thus for some q" we have 

q 4q" and p"-q". Since length(tl(w))=k, by the induction 

hypothesis we have that there must exist q's r, such that q" tl(q' 
and p'-q' . So q _W q' and p.'-q' . 0 

Example 5.4 A congruence relation on CCS 

Consider CCS terms ax.NilIa(S,Nil) and According 

to the transition rules in section 1.3.3 we have 
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ax. Nil Ia(S,Nil) -,L->Nil INil 
y(S,ax.Nil)[A/y] -)ax.Nil( /r1 

In general, an execution of a CCS term produces a lot of redundant 

Nils and renamings, for example, Nil in the first transition and 

[ft/y] in the second; they are 'debris". The "housekeeping" which we 

should do is to let NiliNil - Nil and ax.Nil[o/yl - ax.Nil. To 

formalise this, we introduce the following relation -: 

Given a renaming + let CD(J) denote the set of line names which 

are really changed or restricted by $, that is 

CD(j)=(a I +().) is undefined or +(a) #a) 

Then - is defined by: 

1. t - tiNil 
2. t - t[+] where FL(t)i CD(+)'4 

3. t - t 
4. If t - u then u - t 
S . If t- u and u- v the t- v 

6. If t - u then C[t] - C[u] for any context C[ I of CCS 

where a context is merely a term with a "hole" in it in which any 

other term may be placed. 

The first two clauses do the housekeeping: the first means that 

we can always omit the term Nil and the second means that we can 

always remove the renaming + from t[+] if all lines contained in t 
cannot be changed or restricted by +. Clause 3 to 5 say that - is an 

equivalence relation. Together with clause 6 they say that - is a 

congruence relation on T. This can be proved by structural induction 

on the syntax of the terms. Thus we have Nil NNil-Nil and 
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ax.Nil( /y]^uz.Ni1. 0 

Remarks If - is a congruence relation on the transition system a, 
we will simply use the transition r -"4r' to indicate that there is 

an r" in r such that r-L->r" and r'~r". This means that r can 

evolve to r' via the transition action I to within the accuracy of 

the congruence relation -. Finally, in the remainder of this chapter 

we sometimes study transition systems without mentioning any 

congruence relation. In this case we mean that the congruence 

relation is the identity relation. 

5.3 Adequate translation 

In this section we invent some sufficient conditions for proving 

that a translation is correct. The difficulties involved in 

languages with parallel and nondeterministic constructs make the 

right conditions hard to find. For example, the following properties 

may at the first seem to be sufficient: 

X1. r )r' implies tr(r) 
12. tr(r) Z tr(r') implies r i>r' 
X3. raT1 implies tr(r)eT2. 

Unfortunately, there are many instances of translations which 

satisfy these properties and which are not correct. Let us consider 

a simple example: 

Example 5.5 A bad translation 

Consider the following translation: 

Figure 5.5 
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Let r1:<r1,T1,A1, 1>> where r'1-{1,2}, T1-{2}, Al-{t) 
is defined by 

112 

Let a2: <F2,T2,A2, 2)> 
defined by 

where F2-{"2,2'), T2-Tl, 

1. 1-1->2 

2. 1-t-->2' 

3. 2'-S--+2' 

and 

2> is 

Let the translation tr be defined by 

tr(n) u and tr(t)=t n-1,2 

This translation satisfies Xl, 12 and 13, but is clearly not a 

correct translation. (I 

To eliminate such phenomena we could introduce a condition to the, 

effect that every infinite transition sequence starting with tr(r) 
must contain a configuration other than the initial one, of the form 

tr(r'). But it is easy to find an example to show that this 

requirement is too strong. In fact, in certain instances we need to 

allow infinite sequences in the target system which lie outside the 

range of tr. See the following example: 

Bxaaple 5.6 

Let T130<r1,T1,A1, >> be defined by 

1. r 1-NXN (where N denotes the natural numbers) 
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2. T1=0 and Al=(t) 

3. ---4 is defined by 

+1 > < > >< N " f ll n ,m n,m V n, me or a 

+1 > > < < 
of of n, m n, m 

The intuition is the interleaving of two parallel processes and 

we could draw a net: 

Figure 5.6 

Let 'a2: <r2'T2'A2 > be defined by 

1. r2 =N 
1 

XN 1 (where N1=NUN'-Nu (n' I naN ) ) 

2. T2-0, A2=(t) 

3. let n,meN, n',m'eN' and zeN1. 2 is defined by 

<n,z> <n',z> 

<z,m>-T2 <z,m'> 

<n' , z> --TZ <n+1, z> 

<z,m'> Z-<z,m+l> 

The intuition is as before but we include some intermediate 
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configurations such as <n',m> and <n.m'> in T2. Thus each transition 

in 71 is split into two transitions in a2, i.e. 

<n,m>- 1><n+l,m>in Tl becomes <n,m>- 2><n',m>- 2><n+l,m> in aZ. 

We could draw a net: 

O 

Figure 5.7 

Let a translation tr be defined by 

tr((n,m>)=<n,m> and tr(t)st 

O 

O 

Then tr is correct and it of course satisfies Z1, X2 and X3, but 

it does not satisfy the suggested condition. A typical infinite 
sequence lying outside the range of tr is: 

<1->>-2 <l'.1> ><1',1'> ?)<2,1'> <2'l'> ?4 ... 
2 2 . 

Such a phenomenon is called an "accident of interleaving" and 

occurs naturally if we wish to translate a parallel language with 

assignment statements into'an assembly language in which transfer of 

data can only be made between the memory and registers and not from 

memory to memory. In the next chapter when we translate CSP into CCS 
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this pheuumanon will occur. 0 

The above two examples demonstrate that for a language involving 

parallelism and nondeterminism and even for a very simple case the 

execution of a program is rather complicated and finding sufficient 

conditions for the correctness of a translation is quite difficult. 
In the rest of this section we focus out attention on discovering 

appropriate conditions. As a first step we introduce the following 

useful notations and concepts. 

For sequences of transition labels we need a partial function rt 

in the direction opposite to the translation tr. 

Definition 5.8 function rt 
The function rt:A2 -4'Al is defined recursively by 

0 if u-A 

rt(u)- l..rt(tl(u)) if 7.sA1 and tr(X)-hd(u) 

rt(tl(u)) if hd(u)ptr(A1) 

Note that since tr:Al -9 A2 is an injection the function rt is 

well-defined. For the configurations in the target system reachable 

from a translated configuration we introduce the following notation: 

Definition 5.9 Ex-translated configurations 

The set of Ex-translated configurations Ex-tr(r'1) is the least set 

such that 

if xe r2 and for some re r'1 ueA2, tr(r) n2 ) x then 

xsEx-tr(r1) . 0 

We are now ready to characterise adequate translations. 
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Definition 5.10 Adequate translation 

Let -1, -2 be the two congruence relations on the transition systems 

a1 and T2 respectively. A translation tr:a1 -4T 
2 

is said to be 

M--adequate if it satisfies the following properties where 

MCA2\tr(A1) . 

P0. If reT1 then tr(r)eT2, and for xeT2 if tr(r)U)x and 

rt(u)-4 then reT1. 

P1. Whenever r, r' a F 1, J.aA1, if r--''1 >r' then for. some 
ueA* 

2 

tr(r) II2>tr(r') and rt(u)-X. 

P2. If tr(r) 
2 
)x, rt(u)-7l then there exist r'sr'1, x'sr'2 and ul 

with rt(u1)-O and u28M* such that r -ir', tr(r') Ul)x' 

and x 2>x' (see Figure 5.8). 

tr(r) ux r tr(r) n- -1 
2 

X u2 rt(ul)-0, u2eM* 

rt(u)-A r' tr(r') 2 X, 

Figure 5.8 

P3. If tr(r)t then there exist r'ar 1 and .sA1 such that r X 
1 

r' 
and tr(r')t. 

P4. in Ex-tr(r 1) is N-commutative. 

P5. If r is active (r#D1 u T1),'tr(r) U ->x and rt(u)=0 then there 

2 such that exist r'aF1, z'eF2, As Al, and u', u"eA* 

tr(r) 
r and u" and 

rt(u")-L 

tr(r') u' 41, rt(u')-0 
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We now have two concepts to evaluate the quality of a 

translation: correctness and adequacy. The concept of correctness 

focuses on the result (especially the input-output relation) of a 

program and its translation. The concept of adequacy pays more 

attention to the detailed simulation of the behaviour of a program 

by its translation. Loosely, clause PO says that a terminal 

configuration of al must be translated into a terminal configuration 

of a2 and conversely. Clause P1 ensures that any transition of the 

object system can be simulated by the target system; clauses P2 and 

P4 imply a weak version of the converse. Clauses P1 and P3 cover the 

simulation of infinite transition sequences. Finally, clause PS 

implies that deadlocked configurations in al and a2 correspond with 

each other. 

It should be pointed out that the set M mentioned in the 

definition may be. a proper subset of A2\tr(A1) . For some reasonable 

translations, the transition relations in Ex-tr((" 1) are only 

commutative in proper subsets of A2\tr(A1). 

The condition P3, i.e. "if tr(r)t then there exist r'ar1 and 

71eA such that r- ->r' and tr(r') t" is necessary for a translation 

to be correct. See the following example: 

Example 5.7 

Let T1: < r1,T1, A1, 14> be defined by r1=NXN, T1=0, Al-(t} , where 

is defined by 

<n, m> <n+l,m> if n#m 

<n,m> 1><n,m+1> if n#m 

Let a2: < r2,T2, A2, 2 > be defined by 

1 2-1 1, T2=T1, A2=(t, t'), and 
2 

is defined by adding to 
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the pair 

<n,n>- 2><n+l,n+l> 

Finally, let tr be defined by 

tr((n,m>)=<n,m> 

tr(r)=v 

The translation tr satisfies all conditions of definition 5.10 

except P3. However it is easy to see that tr((n,n>) has an infinite 
computation 

<n,n>- Z><n+1,n+1> >... 

while in the object transition system <n,n> does not.. The 

translation tr is not correct because it introduces the ability to 

diverge. 0 

It also should be mentioned that property PS is also necessary 

for a translation to be correct; otherwise the stuck computations 

may not be introduced, as in the following example: 

Example 5.8 

Let al:(r1,T1,A1,)> be defined by r1=NXN, T1=0, Al={r), and 

is defined by 

<n,m><a+l,m> 

<a,a>- ?<a,m+l> 

Let T2: <r2,T2,n2, 2>> be defined by 

A2=(r,r'), and 2> is defined by adding to 

1 > 
the following relation 
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<n,m>- Z><1',1'> 

Let the translation tr be defined by 

tr(r)r 
tr(s)- 

It is easy to see that the translation tr satisfies PO to P4 but not 

PS since <1',l'> is a deadlock configuration. It is of course not 

adequate since <n,m> can deadlock in T2 but can never deadlock in 

T11 U 

We now p vo at if a translation is adequate then it must be 

correct. In the following lemmas, theorems and their proofs we 

consider a fixed adequate translation tr:a1--+a2, we use r, x (maybe 

with superscripts or subscripts) to range over elements in (~1 and 

r 2 respectively, and X and p (maybe with superscripts and 

subscripts) to range over labels in Al and A2 respectively, and use 

w and u to range over sequences in Al and A2 respectively. 

The first lemma is a "many-step" generalisation of P1. 

Lena S.2 

r-a )r' implies that there exists u such that tr(r) tr(r') and 

rt(u)-w. 

Proof. By induction on the length of w. 

If length(w)"0, then choose u=0 and the result is trivial. 

Suppose the case of length(w)=k is proved, consider the case 

length(w)=k+l. Since rhdlw r., tlr,, according to Pl there 

exists u1eA 
2 

such that rt(ul)=hd(w) and tr(r) Z->tr(r"). Since 
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length(tl(w))=k we have by the induction hypothesis that there 

exists u2sAs 

2 such that rt(u2)=tl(w) and 

tr(r") 
n 

)tr(r') 

Thus choose u=n1.u2 and the result has been proved. 0 

Corollary 5.1 

tr(R(r)) R(tr(r) ) 

Proof. We need to prove that if is]R(r) then tr(r')e]R(tr(r)). Since 

r-Y-4r' by lemma 5.2 we have tr(r) n >tr(r') for some u and by PO 

we have tr(r')aT2, showing tr(r')sl(tr(r)). 0 

The next lemma is a "many-step" generalisation of P2. 

Leua 5.3 

tr(r)x implies that there exist 

u2eMe such that 

r rt n r, 

r'er1, x'sr2, 

and tr(r') x 

u1 
u2 

x' 

Figure 5.9 

Proof. By induction on length(rt(u)). 

rt(u1) 0 and 

If length(rt(u))=O, then there is nothing to prove as we can take 

r'=r, x'=z, u1=u and u2=o. If length(rt(u) )=1 then the result is 

just P2. 

Now suppose the case length(rt(u))=n is proved and consider the 

case length(rt(u))=n+1. 

Let u=t.v with length(rt(t))=1 and length(rt(v))=n. Now we have, 

for some y, tr(r) t->y -v-4x. By P2 we have that there exist r", y' 
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tl with rt(tl)'9 and t2sM* such that 

r t (I)- 4r" 
y 

and t2 

tr(r") tl 'y' 

Now consider the diagram: 

y! 
t2 with t2eM* 

By theorem 1.1 this fills in as indicated with t3eM and 

rt(v')-rt(v) since filN(v')-filM(v) and M C A2\tr(A2). Then we have 

tr(r")11,v"_)z" with rt(tl.v')-rt(tl).rt(v')-rt(v')-rt(v), 

and so the induction hypothesis applies and we get r'sr 1, such that 

r" y4 r' and z', ul and u2 such that 

with rt(ul)- and u2eM* 

But now we have: , 

a. r rt(tIr" t r' and so r 

b. tr(r') 1>z' with rt(ul) 4. 

rt t v r, and so r rt u r' 

C. x t3 xn u2 )z' and so z t3 u2z' with t3.u2aMe. 

as required. 9 

This lemma together with PO now enables us to prove that for any 

terminating computation from tr(r) in a2 there must exist a 
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terminating computation from r in Vl with corresponding initial and 

terminal conf igurations. 

Lemma 5.4 

tr(r) -3L4 X, zsT2 implies that there exists r'sT1 such that rr' and tr(r')1x. 

Proof. Applying the above lemma and noticing that zsT2, we have that 

there exist r'sr 1, rt(u1)-0 such that r rt!4r' and tr(r')x 
By PO we have r' sT1 and so tr(r')sT2, thus nl-0 and tr(r') n. a 

Corollary 5.2 

B;(tr(r)) {tr(8(r)) . 

Proof. We need to prove that if tr(r) -!-4x, zsT2 then there must be 

an r'sT1 such that r-'>r' and tr(r')"x, and this is immediate from 

lemma 5.4. 

We have proved that if tr is adequate then condition Al given in 

the definition of correct translation holds. Now we can show that 

condition A3 holds. 

Lemssa 5.5 

There exists an infinite computation from tr(r) iff there exists an 

infinite computation from r. 

Proof. For the "if" part: Suppose 

r 1>rl r2-... 
is an infinite computation from r. According to P1 we have 

tr(r) tr(r1) 2>tr(r2) ->... 
2 

where rt(ni)-A.i i-1,2,... . Since the first computation is infinite, 
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the computation from tr(r) is infinite. 

For the "only if" part: Suppose there exists an infinite 

computation from tr(r). According to P3 there exist ),2sA1, r1ar1 
such that r)r1 and tr(r') t. Similarly for tr(r') we get A.2aA1, 

r2s r 1 and r1 1>r2, tr(r2)t, By repeating this procedure an 

infinite computation from r can be constructed. 0 

Finally, we turn to proving A2. 

Lemma 5.6 

If reD1 then tr(r)sSemi-D2. 

Proof. It is easy to see that all computations from tr(r) are 

finite, otherwise according to condition P3 we could find r'sr1, 
XsA1 such that r-&->r' and this contradicts reD1. 

We prove that if tr(r)x is a complete computation then xtT2. 

Suppose that this is not true; since tr is adequate, either 

rt(u)-O then raT1 by PO or rt(u)#0 and there must exist r'sT1 such 

that r t u1 r' by lemma 5.3. Both of these contradict the condition 

reD1, so therefore xaD2 and tr(r)eSemi-D2. 0 

Lemssa 5.7 

tr(X(r)) CSemi-D2 and D;(tr(BK(r))) C]g(tr(r) ) 

Proof. The first is obvious from lemma 5.6 since B(r)t D1. For the 

second assume xa]I(tr(]K(r))), that is there is r'sD1 such that 

r >r' and tr(r') --->x and xaD2. By lemma 5.1 we have 

tr(r) -'>tr(r') -'>x, and this means xs]K(tr(r)). 0 

Lemma 5.8 

If tr(r)sSemi-D2 then reSemi-D1. 

Proof. Suppose tr(r)aSemi-D2. First, there is no infinite 
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computation from r; otherwise by lemma 3.5 there would be an 

infinite computation from tr(r). 

Second, we prove that there is no complete computation r W1 >r' 

where r'sT1. Suppose this is not true; by lemma 5.2 tr(r)- 2>tr(r') 

for some uiAZ and by PO tr(r')eT2. Thus there is at least one 

computation where tr(r) does not deadlock, and this contradiction 

assures that reSemi-Dl. 0 

Lemma 3.9 

=(tr(r)) C](tr(S(r)) ) 

Proof. Suppose tr(r)>z where zeD2. We need to prove that there 

exist r'sD1 such that r -!4r# and tr(r') n'>x. According to 

lemma 5.3 there exist r'ar1 and rt(ul)-0 such that r t n r' and 

tr(r') nn 

x. 

By P0, r' is not in T1 since otherwise tr(r') is in T2 and so 

ul-0 and x is in T2 contradicting the fact that x is in D2. 

By PS, r' cannot be active, otherwise for some x' and u" we have 

x nC4x' and rt(u")00 again contradicting xaD2. So r' is in D1 and 

the proof is finished. 0 

Having proved these lemmas and corollaries we prove our main, 

theorem: 

Theorem 5.4 

If the translation tr is adequate, then it is correct. 

Proof. The, proof follows directly from corollaries 5.1, 5.2 and 

lemmas 5.5, 5.7 and 5.9. 0 

Sometimes the following lemma can be very helpful for proving a 



220 

translation satisfies condition P3. 

Lena 5.10 

If a translation tr satisfies 

computation from tr(r) contains 

tr satisfies P3. 

P0, P2 and P4 and every inf inite 

at least one translated label, then 

Proof. We need to prove for any tr(r) such that tr(r)t there exist 

r' and ). such that r--4r' and tr(r')t. Let 

t r (r) -x0 > xl p2) x2 .. . 

be an infinite computation from tr(r), and let pk be a translated 

label, i. e. pk'tr(.) for some tanl. Applying P2 we find r', xk, u1 

(with rt(u1)) and IIkeM* (see figure 5.10), such that r-'-4r' and 

n1II" tr, (r') ->zk and xk 4xk 

tr(r)`6 IIk-->xk-pk+l---O x. --pk+2-zk+2 .. . 

IIk IIk 1 

t r (r') --IIl-->sk--Sk+l--zk+l-- 

Figure 5.10 
Now for 

pk+l->z and x' xk k+l Zk k 

uk+2... 

V Sk+l--k+2 .. . 

by P4 and lemma 1.1 we can find xk+1 and uj+1 and 6k+1 such that 

' a*x and zk+1 II +1- a xk' 
k+1 +l 

where fi1M(pkyl)-fi1M(Sk+l) and Sk+l and uk+l is a subsequence of 

Ui 
so uj+lt$e (see figure 5.10). By repeating this Procedure we have 
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an infinite computation from tr(r') and so the lemma is proved. 0 

Finally, we might expect that an at._.,-to translation would 

satisfy the following property: 

P6. If tr(r) U>tr(r') for usn2 where rt(u)#4 then r t ar'. 

Unfortunately, this is not the case as the following example 

shows: 

Exaapl a 5.9 

Let a1:<r1,T1,A1, 1>> where r1=(1, 
is defined by 

2, 3), Tl-O, A,-(v) and 

1 V 1 2 

Let a2:<r2,T2,n2, 1>> be defined by 

r2-(1, 2, 3, 4), T2'4, A2-(s,s') , and 
2 > 

is 1-f41ted by 

T 

3 s 12)4 

T 

44 

Let tr:a1-472 be defined by 

tr(1)-1 

tr(2)-2 

tr(3)=3 

tr(r)-v 

'Lot M-(t'). It is easy to see that tr is an M-adequate 

translation but the following transition in 
'r2 
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1 T3 
shows that it does not satisfy P6 since the corresponding transition 
is not true in T1. However we have already seen that P6 is not an 

important condition for a translation to be correct. 0 

Now we have set up the beginnings of the operational translation 
theory which will be used in the next two chapters. The theory tells 
us that if we want to prove that a translation is correct we only 

need to prove that it is adequate, i.e. that the translation 

satisfies the conditions PO to PS. In the next chapter we will study 

a important translation from CSP to CCS and use our theory to prove 

that it is correct. 
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6. Translating CSP to CCS 

The purpose of this chapter is to demonstrate some techniques for 

proving that a translation algorithm is correct. To do so, we study 

a useful example -- a syntax directed translation algorithm from 

CSP to CCS and prove it is correct. More precisely,we will consider 

a restricted subset of the CSP studied in chapter 2 (but still 
including all the essential features of Hoare's original proposal) 

and a slightly amended CCS with transition system 

ac:<rc,Tc,Ac, c)> where Tc will be subset of rc chosen to 

correspond to the possible final CSP computations and Ac remains to 

be specified. 

Our strategy used here is that we first introduce an intermediate 

CCS called CCSA, then give a translation from CSP to CCSA and a 

translation from CCSA to CCS, and composing the two translations we 

obtain a translation from CSP to CCS; furthermore we prove the first 
translation is correct- indirectly by proving its adequacy and prove 

the second Is correct directly. Then the composition theorem of 

chapter 5 ensures the composition is correct. 

Generally speaking, our proof process consists of the following 

four steps: 

1. Given two languages L1 and L2 define a (syntactic) translation 

Q 3: L1-4L2 

2. Define two transition systems (operational semantics) al and 

T2 for L1 and L2 respectively. 

3. From Q 3 generate a (semantic) translation between two 

transition systems: 

t r : al --41T 2 
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4. Prove the translation tr is adequate. 

In section 6.1 an intermediate CCS called CCSA is introduced and 

a translation from CCSA to CCS is given and proved to be correct. In 

section 6.2 we deal with both the syntactic and semantic translation 

from CSP to CCSA. In section 6.3 we prove this translation is 

adequate. 

Finally it should be mentioned that in (Hennessy, Li and Plotkin 

811 a translation from a simple CSP (without nested parallel 

structure) is given and is proved correct. In this chapter we study 

a more general case, e.g. nested parallel structure is allowed. 

6.1 An intermediate CCS 

Bather than translate directly to CCS we consider a language CCSA 

called intermediate CCS, where AC A(for our purposes A will be the 

set of translated labels). The syntax of CCSA is just the same as 

CCS but with a new kind of term c'.t. 

The transition system Tt for CCSA is defined by: 

'at=<(t.Tt.At. ---t4 > 

where (t is the set of CCSA terms and Tt=Tc and nt=nc u (s') . 

The transition relation t is the same as c> with the 

following changes (see section 1.4): 

action 3. v. t -S--4 t 

4. v'.t-:--fit 
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composition 

3. 
tt', an-' 
tin-1 t'in', nit---)n'It' 

if Xk and the line name of X is in A 

t t', u -1-4u' 
tin -,--fit' u' , nit -T->n' l t' otherwise. 

Rule 3 means that a composition is transformed by a marked t' if 

the line name of the transition label ( therefore its complement) of 

its component is in A. Rule 4 is the same as rule 3 in 

section 1.4.3. The motivation for introducing these rules is to 

distinguish translated actions from actions which denote 

interaction with simulated memory. We will see this point later. 

The only difference between ac and 'fit is that ---& involves a 

marked transition label t'. Define the obvious translation 

tr':at_4Tc, which jest removes the dashes. We assume that for any t 

in rt tr'(t)eTc implies teTt and will check this later. We have the 

following result: 

Lemma 6.1 

1. If tl -2L-->t2 then tr'(tl) tr'(14tr'(t2). 

2. If tr'(tl)--L>x then there exist , and t2 such that 

ti ----) t2 and z=tr' (t2) and tr' (1,.)=p. 

3. taTt iff tr'(t)eTa and t=tr'(t). 

Proof. The proof is by structural induction on U. U 
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L.na 6.2 

Let ueAQ . 

1. If tl-u >t2 then tr'(tl) tr'(U)4tr'(t2). 

2. If tr'(tl) -Z-4x then there are u and t2 such that 

tl -2->t2 and x tr'(t2) and tr'(u)-v. 

3. t is deadlocked iff tr'(t) is deadlocked. 

Proof. Clauses 1 and 2 are from lemma 6.1 by induction on the 

lengths of u and v respectively. Clause 3 is clear. d 

Theoress 6.1 

The translation tr' is correct. 

Proof. Al. Suppose zetr'( R(t)). Then t >t, and t'aTt and 

tr'(t')"z. By lemma 6.2 we have tr(t) ->tr'(t')-xaTc and so 

xsR(tr'(t)). Therefore tr'(M(t))CBl(tr'(t)). 

Conversely, suppose za]R(tr'(t)). Then tr'(t) * )x*Tc. By 

lemma 6.2 t *4t' and z r'(t') for some t'. But t'-tr'(t') .aTt so 

t'aTc. So zatr'(IR(t)). Thus I(tr'(t))ctr'(]R(t)). 

A2. As anything in E(t) is deadlocked so is anything in 

tr'(a(t)) by lemma 6.2. So indeed tr'(]K(t))1;semi-Dt and indeed 

a((tr'(a(t)))-tr'(lL(t)). 

A3. This is straightforward using lemma 6.2. U 

This theorem tells us that given a language if we want to find a 

correct translation from L to CCS we only need to give a translation 

tr from L to CCSA for some A and prove it is correct. For then the 

composition tr'otr defines a translation from L to CCS and the 

composition theorem ensures it is correct. This is the strategy we 

shall adopt in this chapter. 
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6.2 Translation frog CSP to CCS 

6.2.1 Useful notation 

First we introduce some useful terms which are used to describe a 

translation algorithm, tr. As we go along we shall introduce various 

constraints on the set S, of the line names needed to fix exactly 

which CCSA is intended as the range of our translation. It will be 

convenient to assume that all the CSP programs under consideration 

use variables in X={xl,..,xn} (by making n large enough we can 

include any finite set of programs). 

A. A store 

For each variable xieVar a term Regi is defined to model a 

register which is used to hold the (current) value of x. Such 

registers are defined in [Milner 80], using parameterised recursive 

definitions. Regi contains two lines: ai for writing a new value 

into the register and Pi for reading this valuc. Thus if Regi(v) 

represents the register which contains the value v then we should 

have: 

Regi(v) - 

Pv 1 >Regi(v) 

Regi(v) ai "Regi(v') 

and these are the only transitions. To obtain this effect let 
Regi(e) be the term: 

[µR(v).(Pi(v,R(v))+aiv'.R(v'))](e) 

We may assume that Stores=[X--W1 and for any store s in Stores 

let Ms denote the term 
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Regi(s(zi)) 
i-l..n 

The term 6[s simulates the store s; from now on we assume that ai, 

Pi 
ii,...,n are distinguished line names. 

Let aj-(zjl,zj2,...,zjk)S X and tsTerms. The notation 

RS, 
j 

[ t ] is used to denote Ajlzjl.(Pj2zj2.(...(Pjkzjk.t)..,)) 

The use of the form RS, 
j 

is for reading the set zj from the 

simulated store Ms. 

B. Anxilliary terms 

Let ar, 8 be distinguished line names in S. The following terms and 

constricts will prove useful 

where 

and 

done - o(O,Nil) 

fail - S(O,Nil) 

t before u - (t[n]Ir1z.u + y2z.fail)\(yl,y 2) (x is not in u) 

t par u - (t[n]I u[n] I part )\(Yl.T21 

part = y1z.(Y1z.t'.done + y2z.fail) 

+ r2z.(y1z.t'.fail + r2z.fail) 

N - (Y1/a'T2/8) 

and Y1, y2 (Y1#7 2) do not occur freely in t and u. Strictly 
speaking, we should insist on a particular choice of Y1 and y2 and 
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include a-conversion in the congruence, -, to allow for the fact 

that the choice of Yl and T2 will depend on t and u. 

Note that s' appears in the term ar and will correspond to 

a given in CSP. The lines a and 5 in the terms before and par are 

restricted, thus the term t before u means that if the execution of 

t is finished then a signal is sent through the (restricted) line 

a and the term t before u is transformed to u via an internal action 

c. If the execution of t leads to fail then a signal is sent through 

the (restricted) line 5 and t before u is transformed to fail via an 

internal action. Similarly, for the term t par u if one of t and u 

is done then t par u becomes the other followed by -c' done; if one 

of t and u is failed then the behaviour of t air u is the same as 

the other followed by a s'.fail. All these explanations will be 

described formally in the next section. 

6.2.2 Hoare's CSP 

To translate Hoare's CSP, as we explained in chapter 2, we need 

to restrict the static semantics for guarded commands. To do so, we 

introduce the set, Bsc, of basic commands ranged over by BC and 

defined as follows: 

Bsc - ( skip, P?W(x), PIW(e) } 

That is a basic command can only be skip or an input or output 

command. Then the syntax and static semantics for Hoare's guarded 

commands commands are defined by: 

GC ::- b-BC;C I GCUGC 

The forms of guarded commands now can only be 

b-lskip;C or b4P?W(x) ;C or b=OPIW(e) ;C or GCIIGC 
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as we discussed in section 3.1 they are the same as 

b-*C or b,P?W(z) -4C or b,P!W(e) -9C or GCOGC. 

Given a guarded command GC, the set GV(GC) of free guard 

variables contained in the guard of GC is defined by: 

b-OBC; C GC10GC2 

GV FV(b) uRV(BC) GV(GC1) uGV(GC2) 

The static semantics of these guarded commands are given below: 

C [- BC, c 

Fgc b-OBC; C 

[- GC1, c GC2 

gc GC1 GC2 

if GV(b-OBC;C)-0 

Note the static semantics for other commands are the same as before. 

Rmarks We assume that all CSP commands concerned in this chapter 

are syntactically correct. 

Notation 6.1 

Let s be a state. 

The forms s(e) and s(Bool(GC)) denote the substitution of free 

variables in a and Bool(GC) by s respectively. 

The forms s(BC) and s(GC) denote the substitution of free guarded 

variables by s respectively. 0 

Finally, to prove the translation is correct we need to modify 

the parallel rule given in chapter 2 as follows: 
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parallel-B 1.3. 
<C1,a>-L-)s'labor tion 
<C111C2,s>-- <C2;skip,s'>1<C2;abort,s> 

2.3. 
<C2, s> -L->s' I abortion 
<C (IC 1 2's>----<C2;skip,s'>I <Cljabort, s> 

The difference from the parallel rules as given in section 2.3 is 

that if one of the constituents aborts, the parallel command may not 

abort immediately as the other may not terminate. 

6.2.3 Syntactic translation 

For convenience we use the suggestive line names [N,N')W 

throughout the translation, where N. N'ePlab u(0) and WePtn. 

Intuitively, [N,N'IW denotes the name of a communication line 

through which process N sends a value to process N' with a pattern 

W. For simplicity it is also assumed that all expressions can be 

evaluated properly, i.e, the case Qe1s=error can not happen. 

Having introduced the necessary notation and assumptions we now 

study the syntactic translation from CSP to CCSA. This translation 
consists of the two types of translations: 

Q D :Bsc -4Terms 

Q D:Syn-4Terms 

defined below: 

Basic commands 

1. ([skipD =QskipD 
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2. QP?W(xi)D = QP?W(xi)Il 

3. QQ!W(e)D = [*,Q]W(e,I[skipll) 

Guarded commands 

1. ITb= BC;CIJ = if b then QBCDbefore[[C]l else Nil 

2. QGC1I]GC2Il = I[GC1I1 + QGC2II 

Commands 

1. Qskipll = t' .done 

2. I[abortll = ti'.fail 

3. 9xi.=e11 = r' .RSFV(e) [ai(e, Qskipl )] 

4. QCl; C2I1 = QC1I1be.-foreQC2]1 

5. ITP?W(xi)ll = [P, *lwx.cci(x, Ilskipl ) 

6. IIQ!W(e)D = RSFV(e)[[*,Q]W(e,I[skipll)] 

7. Ilif GC fill = RSGV(GC)[if Bool(GC) then QGCII else Qabortll] 

8. Ildo GC odll = 9F'RSGV(GC)[if Bool(GC) then (QGCIlbefore P) 

else QskipiJ] 

9. ftC111C2lJ - QC1D Par QC271 
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10. 9R: :CM = QC]I[¢RI 

where 
+R is the renaming defined by: 

[R,P]W if a=[*,PIW and R#P 

+R(a)= [P,RIW if a=[P,*]W and R#P 

a if a is one of s', s, ails, Pi?v, a!0 and 6!0 

11. Q rocess R;CD = QCD[T1R,FPL(C)] 

where nR,L is the renaming defined by: 

[*,PIW if a=[R,PIW and PfL 

[P,*]W if a=[P,RIW and P$L 

TIR,L(a)= undefined if a=[R,P]W and PeL 

undefined if a=[P,RIW and PeL 

a if a is [P,NIW or [N,P]W where R#N,R#P 

a if a is one of s', s, ails, Si?v, a!0 and 610 

Let us explain the meaning of 
'IR,L 

informally: 

Suppose a=[R,PIW. Together with the translations of R::C and 

P!W(e) and R?W(ai) we know that there are only two possibilities: 

a. A command R::C' occurs in C and a command P!W(e) occurs in C'. 

In this case if PgFPL(C), i.e. the command P::C" does not occur in 

C, then from the outside of Qprocess R;CD this action must be 

[*,P]W!v since process R;C defines the scope of R. Thus the line 

[R,P]W becomes [*,P]W and this is the first case of the definition. 

If PcFPL(C), i.e. a command P::C" does occur in C, then by the scope 

rule the action [R,P]Wly must be invisible from the outside of 

Qprocess R; CD . So '!R, L([R, Plw) is undef ined and this is the third 
case of the definition. 

b. A command P::C' occurs in C and a command R?W(ai) occurs in 
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C'. In this case PsFPL(C) and according to the scope rule the action 

(R,P)W?v must be not visible from the outside of Qprocess R;C] . 

This is also the third case of the definition. 

Similarly we can check the remaining cases of the definition. To 

make sure the translation is syntactically correct we need the 

following notation: 

Definition 6.1 

Let Ma=( ai I and M={ Pi 

The function read:Z -4M0 is defined by: 

read(zi)=Si i=1,...,n 

The function write:Z--*Ma is defined by: 

write(zi)-ai 
and M=MauMsu(Q,b) 0 

By structural induction we can prove the following results: 

Lemma 6.3 

a. If I- D then 

read(RV(Q))=FL(fl )n M 

write(WV(Q) )=FL( QQD) nMa 

b. If I- C111C2 then 

FL( QC1D) nFL( QC2D) nMa4 

c. FV(QBC)) = RV(BC) 

FV(QGCD) = GV(GC) 

FV(QCD) = 0 

QS(GC)I = sfGCD 0 

6.2.4 Semantic translation 

We now study the adequacy of our proposed translation tr and 
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begin with its definition using the notation introduced above. 

Firstly, we need to set up the transition systems for CSP and 

CCSA. To simplify the later proofs we take the union of the 

transition systems agc and ac given in chapter 2, (of course with 

the constraints given above) defining 

ap=<rgcurc, Tc,Ac, .-)w--c4> 
and this is the transition system for CSP. We will just use the 

identity congruence. 

The transition system at of CCSA is defined as: 

A a [[N,N']W I N,N'ePlab u[}, WePtn and N# or N'#e } 

and 

Tt=[(doneIM3IR)\M, (Ms0Ifail)\M I s*Storesl 

where sO(zi)-O for all i, and R is the reset term given as: 

R - 5x.al(O,a2(0,...,an(O,fail) ...) 

i.e. if R receives a signal from line 5 then it sets the simulated 

state Ms to M30. 

The congruence relation - on the transition system 1t is just as 

given in section 5.2. 

The translation tr:lrp -4Tt is defined by: 

(Qa] IMsIR)\M if r'<a,s> 

tr(r)= (donelM3IR)\M if r-s 

(Msolfail)\M if r-abortion 

and 

[N,P]W!v if Jl=(N,P) !W(v) 

tr(l)= [P,N]W?v if Jl=(N,P)?W(v) 

t' if X=s 
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Note tr on labels is an injeotive mapping; and we see that t' is the 

translation of a, it was the need to keep track of the a transitions 

that led to the introduction of CCSA. 

Remarks The purpose of introducing the term R is just to give 

injective mapping for abortion. In practice, when a program is 

terminated abnormally, the store (memory) is very important for 

users to find run-time errors. From this point of view, we should 

introduce « ,s> and <t,s> to replace s and abortion in the semantics 

of CSP respectively; and then.the translation would become: 

(go] IMs)\M if r-<Q,s> 

tr(r)- (donelM5)\M if r- « ,s> 

(faillM5)\M if rr<t,s> 

In fact this will make the later proofs simpler. 

Finally, it should be mentioned that if we omit the restriction 

for the guards (see section 6.2.2) and use general Plotkin's guards 

then our translation is not adequate. Let us check the following 

example: 

Example 6.1 

Consider the CSP command C' with Plotkin's guards: 

C'- R:: C II P:: R?x3 

where the command C is given by: 

C - if 
truea+P10 

a 

true( if x1=OQ10 9 not x1=Q?x2 fi) 
fi 



23 7 

Let the initial state be s=(zl=O,z2=O,x3=O). We know that the 

command C' can never deadlock. The translation of C is: 

ECM = if true 

then(QP!OD+ftlz. (if true then( QQ!OD+QQ?x3D)else Qabortll) 

elseIabortl 
and consider the following computation: 

tr(<C,s>)=(QCD IMsIR)\M 

-t--) if tt then(QQ!OD+QQ?x3D )elselabortl) IMsIR)\M 

and is deadlocked. So the computation from tr(<C',s>) can deadlock. 

a 

6.3 Proving the adequacy 

In this section we prove the translation tr:ap-4Tt is adequate. 

According to chapter 5 we need to prove tr satisfies PO to P5. To do 

so, we first introduce some useful results about the terms 

t before u and t par u, and then prove tr satisfies PO to P5 one by 

one. The method used to prove adequacy is mainly structural 

induction. 

6.3.1 Useful lamas 

As we have already seen, in the syntactic translation we 

introduced the terms t before u and t par u, and in the semantic 

translation we introduced the form (tIM5IR)\M. In this suosection we 

will introduce some notation to help us study the properties of 

these terms. The proofs of these properties are given in appenaiz 1. 

First of all we need the following definitions: 

Definition 6.3 

Given yeA and 7lent and nest, 
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1. yak iff ) y!v or A."y?v for some v. 

2. A.en iff Xshd(u) or Xstl(u) recursively. 

Definition 6.4 Well-formed terms 

A term t is well-formed iff whenever t--1-4t' -A >t" where neither 

a nor b occur in u, and ask or ScA, then t' is done or fail and 

A.=10 or A.=6! 0. (Of course then if ask then t' ,t" must be done and 

Nil respectively and A. must be a1O; and if SsA then t',t" must be 

fail and Nil respectively and A. must be 6!0.) 

By structural induction we can prove the following lemma: 

Lemma 6.31 Lot is ' and C be a command of Hoare's CSP. If [C] --`--fit 

then t is a well-formed term. 

Definition 6.5 Merge 

Let u, v, w be in A A. Then w is a merge of u and v (written as 

Merge(u,v,w)) iff u, v and w can be written for some n>O as 

u = ul...un 
v = vl...vn 
w = wl...wn 

and for any j with 1<j<n one of the following holds: 

1. wj=uj=A. and vj=0 

2. wj=vj=A. and uj=0 

3. For some A. with label in A, wj=t', uj=A, vj=. 

4. For some A. with label in {a,S,ai,si,yi}, wj=t, uj=A, vj=. 0 

The motivation of merge is that for a transition sequence of a 

composition tllt2w)tilt2 if we consider the "projected" 

transition sequences of its components we will have 

ti u >ti and t2---> t2 

Then these three transition sequences must satisfy Merge(u,v,w). 
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Definition 6.5 

Given usA t and s eStates, the state su s States is defined by: 

s n= 
sn = :no n=Xu' ai #X and Pig X 

su' n=(Ai?s(xi))u' 

s[v/xi]u' n=(ailv)u' 

The motivation of the definition is that su defines the final 

state of a computation via the transition sequence u from the 

initial state s. 

Definition 6.6 

Given Want, the transition sequence nsAt is defined by: 

0 n=0 

n -u.;' u-).u' ai#X and Pi$X 

vu' n=Au' aia7, or Piax 

The motivation is that 

t u > , iff m(t,s) nm(t',su). 

Notation 6.2 

From now on we always use the following notation: 

m(t,s) _ (tIMsIR)\M 

Notation 6.3 

Given two states sl, s2 and finite subsets L1, L2sA with 

L1nL2nMa=0, we define the operation 6 on sl and s2 as follows: If 
that sl and s2 agree on those zi for which ai not in L1 or L2 then 

si(zi) if aieL, 

sles2(zi)= 

32(zi) otherwise 
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Let 

w=tt't U_ UPI 00 v--OP? ft 
w'=A1?O.t'.a2l° u'=A1?O.P!O.O v'=O.P?O.a2!O 

Then have 

w=w' u=u' v=v 

and 

Merge(u,v,w) and Merge(u',v',w') 

and 

su'=s sv'=s' and s'=su'esv' 0 

Lemma 6.4 

Let t be well-formed and w$A*. Then m(t,s) w- x iff one of the 

following holds: 

a. For some t' , u and s' we have t -IL-+t' and s'=su and w=-ff and 

z=m(t',s') and neither asu nor Seu. 

b. For some u, u'and s' we have a. Son and 

t $L3fail and w= u' and s'=su and 

m(t,s) -2--4m(fail, s') n!4x. 

(and of course weft}*) 0 

Lemma 6.5 

Let t1 and t2 be well-formed with no free occurrences of 7i. Then 

m(tlbefore t2,s) -2--+x iff one of the following holds: 

a. For some ti and s' we have: 

m(t1,s) -!--4m(ti,s') and a=m(tibefore t2,s') 

b. For some and u, u' and s' we have: 

m(t1,s)u>m(done,s') and m(t2,sI) n>a and w=n-sa'. 

c. For some n, u' and s' we have: 

m(ti, s) -u)m( fail, s' ) n >a and w=u'cu' . 0 
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Lemma 6.6 

Let tl and t2 be well-formed with no free occurrences of Yi and 

FL(ti) nFL(t2) n%-O. Then m(tl Par t2,s) '-3z iff one of the 

following holds: 

a. For some n, v, and w' we have: w' -w and 

z-m(ti par t?.sw') and Merge(u,v,w') and sw'=suesv and 

m(tl.s)-U-4m(ti,su) and m(t2,s) v-->m(tZ,sv). 

b. For some w', w" and ti we have w-w'tw" and: 

m(tl par t2.s) w '%-(done par t2,sw') and 

m(t2 before done,sw') w"4z 

and for some u, v we have Merge(u.v,w') and sw'=snesv and 

m(tl,s) -1-4m(done,su) and m(t2.s) V )m(t2.sv) 

c. For some w', w" and ti, s' we have w=w'tw" and 

m(tl gar t2, s) W,4-(ti par done, sw') and 

m(ti before done,sw') w" )z 

and for some n, v we have Merge(u,v,w') and sw'=suesv and 

m(tl,s) u)m(ti,su) and m(t2,s) °)m(done,sv) 

d. For some w', w" and ti we have w=w'tw" and 

m(tl gar t2, s) 'w'4-(fail par tipsw') and 

m(t2 beforeLabortL , sw' ) x >z 

and for some u, v we have Merge(u.v,w') and sw'=suesv 

and m(tl,s)5 m(fail,su) and m(t2,s) °-4m(t2,sv) 

e. For some w', w" and ti we have w=w'tw" and 
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m(tl par t2,s) -4m(ti Par fail,sw') and 

m(ti beforef abort],sw') -">z 
and for some u, v we have Merge(u,v,w') and sw'=suOsv 

and m(tl,s)-u >m(ti,su) and m(t2,s) -v->m(fait,sv) 

Lemma 6.7 

Suppose u#O. Then m(tl+t2,s) n 4z iff 
either m(tl,s) -A-4z or m(t2,s) n z. 

Lemma 6.8 

Suppose u#0. Then 

m(if b then t else u,s) --)z iff 

either Qb D =tt and m(t,s) -2-4x or Qb] =ff and m(u,s) -A-4x 

Lemsa 6.9 

Let t be well-formed with no free occurrences of 7i and weAt and let 
+ be any renaming which is defined on w and is the identity on a, 

6, ai and Pi. Then m(t(41,s) --!--->z' iff one of the following holds: 

a. For some t' and s' we have z'=m(t'[+],s') and there is a w' 

with 4(w') =w and m(t,s) w 4m(t',s') and s'=sw'. 

b. For some u, u' and v we have S,a¢u and w=uv and +(u') =u and 

m(t,s) -"(fail, su') and m(faii,su') -°4z'. 
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6.3.2 Proving the adequacy 

In this section we prove the translation tr:ap-oat is adequate 

with M=[s]*, to do so we prove that tr satisfies PO to PS. First of 

all, for convenience of later proofs we give the complete 

transitions for the following simple translations: 

tr(<skip,s>) = m(s'.done,s) 

)m(done,s)-tr(s) 

tr(<abort,s>) = m(s'.fail,s) 
T 4m(fail,s) 

-T-(Mso Ifai1)\M=tr(abortion) 

Here v+ denotes a deterministic transition sequence. 

tr(<xi=e,s>) - m(s'.RSFV(e)[ai(e,Qskipll)],s) 

- >m(RSFV(e) [ai(e, QskipD) ] , s) 

)m(ai(s(e) [skipll ),s) 

T->m(Qskipll .s[Qs(e)I1/zi]) 

T m(done,s(Is(a)II/xi]) 

tr(<P?W(xi),s>) = m([P,*]W?z.ai(z,ffskip_),s) 
[P, IW?)m(ai(v,Iski Il),s) 

V >m(Qskip]1,s(v/zi]) 

'm(done,s[v/xi]) 

tr(<Q!W(e),s>) m(RSFV(e)[[*,Q]W(e,ffskipD)].s) T« ;m([*,Q]W(s(e),Iskipll)],s) 
[*. Q]W! Is (e) 

D`m(skip, s) 

T>m(done,s) 
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The renamings fR and 
TIR,L 

have the following properties: 

Lemma 6.10 

For any Xent we have 

rt($R(%)) = tR(rt(k) ) 

with one side being defined iff the other is. 

Proof. The proof is by case analysis on the definition. 

Lemma 6.11 

Let L be a finite subset of Plab. For any Xent we have 

rt(TIR,L(%)) = TIR,L(rt(X)) 
with one side being defined iff the other is. 

Proof. The proof is by case analysis on the definition. 

We assume that the definition of the functions fR and TIR,L are 

extended to the sequences of transition actions in both CSP and 

CCSA. As usual, we use Syn to denote the set of syntactic entities 

of CSP. 

Theorem 6.2 

Given seStates, it is impossible that for any PeSyn tr(«,s>) --R-4x, 

where x is in Tt and rt(u)=0. 

Proof The proof is by structural induction on D. 

case 1. 52 is skip, abort, x:=e, PIW(e) and Q?W(x). 

Looking at the complete computations from tr(< ,s>) given above 

the result is obvious. 

case 2. Q is b=>BC;C. 

Then Qb1s=tt and FV(b)=O and 
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tr(<b+BC;C.s>)-m(if b then(BC)beforetCDelse Nil,s) 
"m(if b then(BCDbefore(CD also Nil, s) 

(for as GV(b-1BC; C) . we have (BC)-QBCD ) 

mm(if b thentBC;CDelse Nil,s) 

Thus the computation from tr(<b"+BC;C,s>) is the same as the 

computation from tr(<BC;C,s>) therefore by the induction hypothesis 

the result is true. 

case 3. a is GC10GC2. 

Computation from tr(<GC10 GC2,s>) is the same as computation from 

tr(<GCi,s>) i-1 or 2. By the induction hypothesis on GCi the result 

is therefore true. 

case 4. a is C1;C2. 

tr(«.s>)-m( QC11before(C21 s) 

Then according to lemma 6.5 we have only three possibilities: 

a. For some t' and a' we have 

z=m(t'beforetC21,s') and tr(<C1.s>)-u->m(t',s') 

Since x is not in Tt this is not the case. 

b. For some ul, u2 and s' 

tr(<Cl,s>) U-)m(done,s') and tr(<C2.s'>)4z 
and u-ultu 2. By the induction hypothesis to C1 the case is 

impossible. 

c. For some ul and s' 

tr(<Cl,s>)fail, s')-1-)tr(abortion) 

By the induction hypothesis to Cl the case is impossible. 

case S. 0 is do GC od. 

According to the translation any computation from tr(«,s>) begins 

as follows: 
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tr((D,s>)-m(UP.(BSGO[tf Bool(GC) then(QGCDbefore P)elsefskipl]) s) 

--V )m(if s(Bool(GC)) then Qs(GC)DbeforefiQD also Qskip],s) 

So for some ul with rt(ul)-O we have one of the following 

possibilities: 

a. m(<Qs(GC)]Ibefore[Q],s>) 1->x 

b. tr((skip.s>) n1)z 

Similar to the proof of case 4 the first is impossible, and by 

case 1 the second is also impossible. 

case 6. Q is if GC fi. 

The proof is similar to case S. 

case 7. 0 is C1aC2. 

According to lemma 6.6 we have five possibilities: 

a. For some t1, t2 and s' we have z-(tl par t2.s'). Then z is not 

in Tt to this is not the case. 

b. For some ul and u2 and t2 we have 

tr((ClIC2,s>)m(done Ear t2,s') and 

m(t2 before done, s') -414x and u-ulvu2 

and for some nll, u12 we have Merge (ull,ul2,ul) and s'-s(ull)®s(u12) 

and tr(<C2,s>) - m(t2,s(ul2) ) 

and tr(<Cl.s>) )m(done,s(ull)) 

Since rt(u)-O so rt(ul)-O thus according to the definition of Merge 

rt(ull)-O. So by the induction hypothesis the last transition is 

impossible, and so case (b) is impossible. 

c. For some ul, u2 and t2 we have: 

tr(<C1IIC2,s>) u1> (fail par t2,s') and 

m(t2 beforetabortl,s') _32+z and u lcu2 
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and for some nll, u12, we have Merge (nll.u12,ui) and 

s'=s(u1l)is(u1 2) and 

and tr(<C2.s>) m(t2,s(u12)) 

and tr(<C1,s>)II' 4m(fail,s(nl1)) 

Similar to case (b) rt(n11)-O, so by the induction hypothesis 

the last transition is impossible and case (c) is impossible. 

d. Exchange the positions of Cl and C2 in cases (b) and (c). Then 

the cases are still impossible and the proofs are similar to cases 

(b) and (c). 

case S. a is R::C. 

As rt(u)-O we have $R(u)=u (by lemma 6.10) therefore by lemma 6.9 

tr(<C,s>) u >z. zaT2 and rt(u)-O. By the induction hypothesis this 

is impossible so case 8 is impossible. 

case 9. D is cess R;C. The proof is similar to case 8. U 

Corollary 6.1 

The translation tr satisfies P0. 

Proof. If raTc it is either s or abortion. Then tr(r) is either 

m(done.s) or (Ms01fai1)\M and so in Tt in either case. 

If tr(r) -L4x with x in Tt and rt(u)-l then by the previous 

theorem r cannot be of the form <Q,s> so raTc. a 

To prove tr satisfies P1 we need the following lemma which is 

easily proved by structural induction. 

Lemma 6.12 

If <Q, s> -L-->abortion then 

tr(<G.s>) >m(fail,s) -I-)tr(abortion). 
and rt(u)=a. 
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Theorem 6.3 

The translation tr satisfies P1. That is for any r<<O.s>, asSyn and 

laAp. <a,s>-1p r implies that for some usAt tr(<O,s>) -gt tr(r) and 

rt(u). . 

Proof The proof is by structural induction on 0. We need to examine 

the following cases: 

Case 1. 0 is skip, abort and x:-e. By looking at their complete 

computations the result is obvious. 

Case 2. a is P?W(xi). 

Then r must be <skip,s> and J. must be (',P)?W(v). So 

tr(<P?W(xi),s>)-m([',P]Wx.ai(x,[skip]),s) 

[0,P]W?vt (ai(v,Qskip ll),s) 

tm(Qskip ll,s[v/xi]) 

The last term is just tr(<skip,s[v/xi]>. 
Case 3. S is PIW(e). 

The proof is similar to case 2. 

Case 4. S is b-BC; C. 

According to the guard rule in section 2.3 Qbllsmtt and- 

<BC,C,s> r. By the induction hypothesis we have 

tr(<BC;C,s>)->tr(r) and rt(u)=X. 

So since Qb]Js=tt and FV(b)4 and 

tr(<b-OBC;C,s>)am(if b then(BCDbeforeLC]lalso Nil,s) 
'm(if b thenLBC]IbeforeLC]I else Nil, s) 

(for as GV(b-iBC;C)4 we have (BC)=QBC]I) 

m(if b thenLBC;Cllelse Nil,s) 
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Thus the computation from tr(<b-1BC;C,s>) is the same as the 

computation from tr(<BC;C,s>) therefore 

tr(<b-iBC;C,s>)-1 tr(r). 

Case S. Q is GC1OGC2. 

According to the alternative rule in section 2.3 we know that 

<GCi,s>- ,)r where i-1 or 2 

By the induction hypothesis we have 

tr(<GCi, s>) - p)tr(r) and rt(u) -).. 
Thus by lemma 6.8 

tr(<GC10GC2, s>)-m(QGC1D+QGC2]I ,s) 

)tr(r) 

Case 6. a is do GC od. 

According to the repetition rule in section 2.3 we need to examine 

the following subcases: 

1. QBool(GC)D5-tt and <GC,s>-><C,s'>Is'Iabortion. 

Let us just check the first one: 

<GC,s> p-)<C,s'> and so <s(GC),s> p)<C,s'>. 

By the induction hypothesis 

tr(<s(GC),s>) m(QC]I.s') and rt(u)=). therefore 

tr(<do GC od.s>) 

-m(RP(RSGV(GC)(if Bool(GC) then(Q GC]Ibefore P)else Qskip]1]),s) 

-1t-)m(if s(Bool(GC)) then( Qs(GC)Dbefore QQD) also Qskip],s) 

(by the recursive rule and lemma 6.4) 

u t m(QCIbefore Il nI , s' ) 
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(by lemma 6.8) 

The list form is just tr(<C;do GC ode s'>). 

2. QBool(GC)3s-ff, therefore 

tr(<a.s>) - (if s(Bool(GC)) then( Qs(GC)DbeforelQ3)else Iskip]I.s) 

1-?m (done 5) . t 

The last form is just tr(s). 
Case 7. Q is if GC fi. 

The proof is similar to case 6. 

Case S. Q is C1;C2. 

According to the composition rule in section 2.3 there are three 

suboases to study: 

a. <Ci.s>- p><Cj,s'>. Then by the induction hypothesis we have 

tr(<Cl,s>)u>m(QCi3,s') and rt(u)=J.. Therefore applying lemma 6.5 

tr(<Q,s>)im( QC13beforeIC23 ,s) 

>m(QCi3before(C23,s') 

The last is just the form which we expect. 

b. <Cl,s> p>s'. The proof is similar to suboase (a). 

c. <C1.s> p)abortion. Then <Cl;C25s> p>sbortion. By lemma 6.1 2 

we have: 

tr(<C1,s>) u )m(fail,s)--L->tr(abortion) 

and rt(u)=e, therefore by lemma 6.5 

tr(<Q,s>) ut m(fail before IC2]),s) 
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fail, s) -7-)tr(abortion). 
Case 9. a is C1(I C 2. 

According to the parallel rule in section 2.3 we need to study the 

following subcases: 

a. <C1,s> -le <Ci,s'> and <a,s> p<CiIIC2,s'>. By the induction 

hypothesis we have 

tr(<C1,s)) u m(QC1D,s') rt(n)=7L 

By lemma 6.4 (a) we have u' such that n'=u and s'=su'. Noticing that 

Merge(u',0,u') and s'-su'6s0=su' applying lemma 6.6 we have: 

tr(<a,s>)-m( QC13parIC23 ,s) 

m(acif arac21 , s' 

b. <Cl,s> <Ci,s'>' <c2'3>- 1,)<C2,s> and then 

<a,s) p 4<CinC' s'>. By the induction hypothesis we have: 

tr(<C1, s>) uil .tr(.) .n12m(QCiB ,s') 

tr(<C2, s>) u21.tr(Q) .22_( ac, I's) 

where uii, u12, u21, u22 are sequences which contain t only. By 

lemma 6.4 (a) we have vll, v12. v21 and v22 such that vii=nli, 

vi 2-u12, v21-u2l and v22-u22. Let 

v1' vli.tr(7.) .vi 2 and v2 v21.tr(T) .v22. 

we have s'=s(vi) and s-s(v2). Take v3=vil.vi 2.t' .v12.v22 then 

Merge(vl,v2,v3) and s(v3)=s(vl)6s(v2)=s' (Noticing 

FL(QCi]) nFL(QC2D) nMa=0) . So applying lemma 6.6 we have: 

tr(<a,s>)=m(QC13parIC2D,s) v (QCiIparQC2D,s') 

c. <Cl,s> Sp>s then <a,s> 8 ><C2;skip,s>. By the induction 
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hypothesis we have 

tr(<Cl,s>) ut)M(done.s) and rt(u)'s. 

.By lemma 6.4 (a) we have u' such that u'-u and s-su' . Noticing that 

Merge(u',O,u') and s-su'Gs0-su', applying lemma 6.6 we have 

tr(«,s>) (done parfC21,s) 

'Ct}M( IC21bef oral skip]. a) 

d. <C1, s> p >abortion then <a, s> -5> <C2; abort, s> . By the 

lemma 6.12 we have: 

m(IC11 's) "_)m( fail, s) -- >tr(abortion) 

and rt(u')-s. So applying lemma 6.6 we have: 

tr(«,s>)-( ([C1ll arfC211 ,s) 

-1-+(f ail par[C2 s) 

-T-4( RC2]before Iabort] ,s) 

e. By exchanging the positions of C1 and C2 in suboases (a), (b), 

(c) and W. the proofs of these cases are similar to the proofs in 

(a), (b), (c) and W. 
Case 10. U is R::C. 

Then if <R::C,s>-L)r there are three subcases where for some 

X' with X +RW) we have: 

<C,s>-b -><C',s'>Is'Iabortion 

and r is <R::C'.s'> or s' or abortion. We just consider the first 
one. By the induction hypothesis we have 

tr(<C,s>)-->tr(<C',s'>) and 

rt(u)=.'. So u"ultr(.)n2 where ul and u2 are composed of is only. 

Therefore as }R(A') is defined so is +R(u), by lemma 6.9 we have 

+0 (u) 
tr(<R::C,s>) ----)tr(<R::C',s'>) 

thus we calculate that 
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rt(+R(u)) = rt(ul+R(tr(X') )u2) 

rt (+R(tr(X')) ) 

+R(rt(tr(X'))) (by lemma 6.10) 

= 1 

Case 10. Q is process R;C. 

Then if <process R;C,s>-fir there are three subcases where for 

some X' with X=R,FPL(C)(X ) we have <C,s>-<C',s'>Is'Iabortion 
and r is <process R;C',s'> or s' or abortion. Let us just consider 

the first subcase. 

Now by the induction hypothesis we have 

tr(<C,s>) n-4tr(<C',s'>) where u=ultr(X)u2 

and ul, u2e{t}a. As rt(tr(X'))=X' and gR,L(X ) is defined 

TIR,L(rt(tr(X ))) is defined; so we can apply lemma 6.11 to see that 

gR,L(tr(X )) is defined and also 

rt(gR,L(tr(X') ) )"R,L(X') 
so by lemma 6.9 we have 

ul R,L(tr(X ) )u2 
tr(<process R;C,s>)- -3 tr(<process R;C',s'>) 

and rt(ul R,L(X'))u2) = gR,L(X') as required. 

Thus the lemma has been proved. II 

Leaaa 6.13 

If tr(<GC,s>) u fix then hd(u)etr(Ap). 

Proof. The proof is by structural induction on GC. 

case I. GC is b = BC;C. According to the definition of the 
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translation the first transition action of tr(<GC,s>) must be the 

same as the first transition action of tr(<BC,s>). Since BC can only 

be skip, PIW(e) or Q?W(x) the result is obvious. 

case 2. GC is GC1UGC2. Since computation from tr(<GC,s>) is the same 

as tr(<GCi,s>) for i-1 or 2, by induction on GCi the result is 

proved. 9 

We now choose 6[=(s}* and prove the translation satisfies P2. 

Theoren 6.4 

The translation tr satisfies P2. That is, if tr(<a,s>) 
t 

rt(u)- then there exist rs('p, x'sr t, and ul, u2a(s}* such that 
n u 

<a,s>--L-r and tr(r) -1z' and z ---fix' (see figure 5.8) . 

Proof The proof is by structural induction. Consider the following 

cases: 

Case 1. a is one of skip, abort, x:-e, P?W(x) and PIW(e). 

Since the computation from tr(<a.s>) is deterministic the result 

is obvious. 

Case 2. a is b4BC; C. 

Then Qb1s"tt and the computation from tr(<a.s>) is the same as 

the computation from tr(<BC;C,s)). By the induction hypothesis the 

computation from tr(<BC;C,s>) satisfies the lemma, thus so does the 

computation from tr(<a.s>). 

Case 3. a is GC1 + GC2. 

Here we need only notice that the computation from tr(<a,s>) is 

the same as one of the tr(<GCi,s)). 

Case 4. a is Ci;C2. 

According to lemma 6.5 three subcases can arise: 

case 4.1 For some ti, s' we have: 

x-m(t1before QC2D,s') and tr(<Ci,s>) n > (tips') 

Now by the induction hypothesis we can find rip xi and ul,u 2aft}* 
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such that 

<Cl,s>-K4rl and tr(rl)-II--i-)x{ and m(tl,s') --24z 

Now there are still three cases according to the form of rl: 

case 4.1.1 rl=<Cj,s">. Then we take r-<Ci;C2,s"> and certainly 
U1 

<C1tC2,s) )r. Next since tr(<Cj,s">) > { and rt(ul)=A, by 

theorem 6.2 we have xi-m(ti,sl) for some ti and s'. So we take 

x'-m(t'beforef C2I,s1") and by lemma 6.5 have: 

tr(r)=tr(<C1 2,s">) n---l)m(t'before([C2D,s1) 

and since m(tl,s') n->x'-m(tis1) by lemma 6.5 again 

n 
m(tibeforefC211,s') --m(t'before([C2]J,s") 

and so the case is proved. 

case 4.1.2 ri-s". Then tr(rl)=tr(s") and so ul=O and xi=tr(s"). 
Take r'-<C2,s"> and z'=tr(<C2,s">). Now by the composition rule we 

have 

<C1,C2,s> &-<C2,s'> 

and by lemma 6.5 we have 

m(t1 beforefC2D,s')-- )m(done beforefC2I1,s") gym(<QC2D,s">) 

and the last is just x' so the case is proved. 

case 4.1.3 rl=abortion. Then tr(rl)=tr(abortion) so u1=O and 

u2 zi=tr(abortion) and u2s(t}* and m(tl,s')tr(abortion). So by 

lemma 6:12 we have s'=s and for some u21e(t)* and u2 u21.t+ and 

m(tl,s) 2 m(fail,s) t >tr(abortion) 
Thus take r-abortion, x'=tr(abortion); by lemma 6.5 (c) we have: 

no 
m(tibefore([C23,s) ?>tr(abortion) 

where n2=u21.t.t+ and so the case is proved. 



257 

case 4.2 For some wl, w2 and s' we have u wltw2 and 

tr(<Cl,s>):14m(done,s') and tr(<C2,s'>) 2,x W 

Since rt(u)=. we see that rt(wl)=A or rt(w2) -0. By theorem 6.2 we 

cannot have rt (wl) i so rt (w2) =O. 

By the induction hypothesis to C1 we have rl, ul, u2 and zl such 

that 

<C1,s>---)r1 and tr(rl) l)X and m(done,s') 2>zl 

Here X=rt(wi), u2=0 and x{=m(done,s'). Since rt(u1)=0 by theorem 6.2 

we have ri=s' and ui=0. 

So we take r=<C2,s'>, z'=z, u2=0 and u1=w2 and have 
w 

<Ci;C2,s>)-- ><C2,s'> and tr(<C2,s>) ?)x. 

case 4.3 For some wl, w2 and s' we have u=wlw2 and 

tr(<Cl,s>)Wi )m(fail,s') 2)X 
Here rt(wl)=rt(u)=.. By the induction hypothesis we have rip u1, u2 

and zi such that 

<Ci,s>-k-->ri and tr(ri) l>xj and x )xi 

Noticing that the computation from m(fail,s') is deterministic so 

we choose x =tr(abortion) and then by theorem 6.2 we see that 

ui=0 and so ri=abortion. So take r--abortion and z'=xj by the 

composition rule we have <C1; C2, s> --abortion and we already have 

u2 '-)xix ' and the case is proved. 

Case S. 0 is do GC od. 

There are two subcases to analyse: 

a. QBool(GC)lls=ff. Then: 

tr(<Q,s>) .(if s(Bool(GC)) than(Qs(GC)]beforeffgl)elsellskipll,s) 
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m(doae s) . t 

choose r=s. x'-m(done,s) and ul=u2=0. 

b. QBool(GC)D5=tt. Notice that the initial transition sequence 

of the computation from tr(<Q,s>) is a deterministic v sequence 

followed by a transition sequence of m(Qs(GC)D beforelQD,s) Then the 

proof can be done by an analysis like that of case 4. 

Case 6. Q is if GC fi. 
The proof is similar to case 5. 

Case 7. Q is C1 fC2. 

This is the most important and complicated case. Suppose 

tr(< C11C2,s>)=m(QC1DparIC2D,s) s)-3-4x and rt(u)=X. 

Then according to lemma 6.6 five possible subcases arise: 

case 7.1 For some u', vi, v2, s' we have u'=u and 

Merge(vl,v2,u') and x=m(tlpar t2,s') and 

m(IC1D,s) ' 1 )m(ti,s(vi)) and m(IC22,s) v2--->m(t2,s(v2)) 

where s'=sv16sv2. Noticing that rt(u)=J. and so rt(u')=J.. According 

to the definition of merge, there are two subcases to study: 

case 7.1.1 rt (vi) = for some i (i=1 or 2) . Suppose i=2, thus 

rt(vl)=J.. By the induction hypothesis there exist r1, and 
ull' 

u12e(t) such that: 

<Cl,s>- >r1 and tr(ri)ul " 1 and m(ti,s(vi)) u12>xi 

Now there are still three subcases depending on the form of r1: 
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al. If rl-<Ci,sl> then by theorem 6.2 xi-m(ti,si) for some ti and sl 

so 

v 
tr(<C1,sW ) 1 ) (tl,svl) <Cl,s> 

I ul 2 1X 
n 

tr(<Ci,sl>) --l)m(tl,si) <Cl,sl> 

where siwsluil"vln12 and ull-Ill' ul f 112 (by lemma 6.4). So take 

r'"<Ci II C 2, s1) and x'"m(tipar t 2, s3) , where s3-siesv 2 and u1-u11v 2 

and u2'12. Notice Merge(n11,v2,ui1v2) and Herge(ui2,0'n12) and 

s3=sl(uil)!s(v2)-sl(uilv2) and s3-(svl)ui2esv2s(svlv2)ui2=s'n12 

(FL(QC1II In QC2II nMQ14) so by lemma 6.6 we have 

m(IClparQC2 's) 
n 

`m(tl par t2, s' ) 

n v 11 a(QCiDparQC2I1 , sl) 2 ) m(ti par t2,s3) 

and by the parallel rule we have <Cl fl C2, s> --p <C' II C2, sl> . 

a2. If rl-s then choose r'=<C2;skip,s>, x'=m(t2before[ skip],s) and 

ul-'V 2 and u 22`u12s . 

a3. If rl-abortion then choose r'=<C2;abort, s>, 

x'-m(t2before[ abort],s), ul=v2 and u2u12s. 

case 7.1.2 rt(u)=a and rt(vl)=p, rt(v2)=p (Here if is the 

complement of p). By the induction hypothesis there exist <Ci 

ti, and ull, n2lafs}0 such that 

m(QC1II,s) vl )m(t1,sv1) <Cl,s> 

m(QCi1 1 ,3) 
n21 

+m(ti,si) <Ci,sl> 

,s1>, 
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where siosluiiws(vin21) and ailuli and a21-u21 as usual. 

and <C2,s>, t2, u1 2, u22a(z)' such that 

m(IC2D,s) 
v2 

`sm(t2,sv2) <C2,s> 

u22 tic 

m(QC2Il.s) 
a12 

(t2,s2) - <CZ,s> 

where s2=sn12=s(v2ui2) and nifu12 and a22'n22. 

Let s3=sies2. Take r-<CiIIC2,s1>, z' m(ti par t2,s3), 

u2=u21.u22. Applying lemma 6.6 (a) we have 

m( [C1DparaC23 a) u m(ti Par t2,s') 

U2 

a( ICi]par[C2D , si) ul 'm(ti par tZ,s3)- 

where the horizontal transition is because 

ul'ul1-% 2 

Merge (all, u12, ullul 2) and s3=sies 2=slullesul 2"sl (ullul 2) 

and 

the last equality is by FL(QC1D) nFL(QC2D) nMa=O. The vertical 
transition is because 

Merge(n21,u 2,u 1u 2) and 

s3=sies2's(vlu21)es(v2a22)_(svlv2) (a21ui?s'(u21u22). 

By the parallel rule we also have <C11IC2,s>--tp <Cl'IIC2,s'> and so 

the case is proved. 

case 7.2 For some wl, w2, s' and t2 such that uawlsw2 
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and tr((C1IIC2,s>) 
w '1) (done par t2,s') 

w 
and m(t2 beforetdone,s') W2 

and for some vl, v2, we have Merge(vl,v2,w1) 

and tr(<Cl,s>) 
v 
4m(done,svl) and tr(<C2,s>) 

v2>m(t2.sv2) 

where s'-sv16sv2 as usual. Since rt(u)=l. we have rt(wi)"0 or 

rt(w2)-O. By theorem 6.2 we cannot have rt(wl)'O so rt(w2)-o. 

Similarly rt(v1)-. 9 

By the induction hypothesis on C1 we have rl and all, a21 in {t)s 

and zi such that 

<Cl,s>-L-)r1 and tr(rl) it )zi and m(done,s') 1114xi 

Here 
u21'6 and zl-m(done,s'). Hence as vile{t}s by theorem 6.2 again 

we have rl-s' and so by lemma 2.1 X=a and ull=O. 

So take r-<C2;skip,s'>, x'-x. uiw2 and u2-0 and we have: 

w 
tr(r)-tr(<C2; skip, s' >) -> and <C111 C21 s> ---><C2; skip, s>. 

case 7.3 For some wl, w2, t2 and s' we have tMWltw2 

and tr(<C1IIC2,s>) 
w-)-(fail 

ar t2,s') 
w 

and m(t,beforeaabortll,s') ----)z 

and for some vl, v2 we have Merge(vl,v2,w1) and s' 'sv16sv2 and 
v v2 

tr(<C1, s>) (fail. svl) and tr(<C2, s>) -V2>m(t2, sv2) 

Notice the computation from m(fail, s') is deterministic and its 
transition sequence contains is only. By theorem 6.2 rt(vl)-O is 

impossible, therefore rt(wl)4 and rt(w2)-O. By the induction 

hypothesis on C1 we have r1, x{, ull and u21. Again the computation 
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from m(fail,s) is deterministic so ri=abortion and xi-tr(abortion). 

Then by lemma 2.1 ) g . We take r-<c 2; abort , s> , x'=x, ulaw2, u2'0 and 

have: 

tr(<C2;abort,s'>) x and <C111C2.s> ><C2;abort,s> 

case 7.4 Exchange the positions of C1 and C2 in case 7.2. The 

proof is then similar to that of case 7.2. 

case 7.5 Exchange the positions of C1 and C2 in case 7.3. The 

proof is then similar to that of case 7.3. 

Thus the case 7 is proved. 

Case S. 0 is R::C. 

According to lemma 6.9 there are two subcases: 

case 8.1 x-m(t[+R],s') and m(QClJ,s)'>m(t,s) and +R(u')=u. By 

the induction hypothesis there exist r',t' and ui, u28[r) such that 

m(QC1J,s) - u-3m(t,s') <C.s> 

u2 rt(u') 
n 

tr(r') - >m(t'.s1) r' 

If r'-<C',s"> then choose r=<R::C',s">, x'=m(t'[+R] ,s1) and ui=ui 

and u2-u2. According to the definition of +R rt(u') can only be one 

of a, (t,P)?W(v) and (t,P)1W(v) (P#R), so +R(rt(u')) is defined and 

then by lemma 6.10 we have 

+R(rt(u'))=rt(+R(u'))=rt(u) and so <R::C,s> 1-tI24<R::C',s'>. 
By lemma 6.9 we have m(t[+R],s')-)x' and x 2)x,. 

If r'=s" then choose r=s", x'=m(done,s") and u1=0, u2 u . (Noticing 

ui=0). 

If r'=abortion then choose r=abortion, x'=tr(abortion) and u1=0 and 

u 2=u . 
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w w 
ease 8.2 For some wl, w2 tr(<C, s>) --im(faii, s') ---2>: where 

u=+R(wl)w2. So by the induction hypothesis we have rl and ui, u2 in 

(v} and :i such that 

<C' s> r u' rl and tr(rl) 1>:1 and x- - >x1 

As usual we can take xj=tr(abortion) then by theorem 6.2 ui=A and so 

rl=abortion. Now we calculate that 

+R(rt(wlw2))=rt(+R(wlw2))=rt(+R(wl)w2)=rt(u). 

Therefore we take r=abortion, ul=0 and u2=w2 and x=:' and the result 

holds. 

Case 9. D is process R;C. 

The proof is similar to case 8. 

Thus the theorem has been proved. 0 

Theorem 6.5 

If tr(<D,s>)t is an infinite computation then it must contain at 

least one translated label. 

Proof The proof is by structural induction on 0. 

By looking at their complete computations it is easy to see that 

a cannot be skip, abort, x:=e, P?W(x) and PIW(e). Thus we only need 

to examine the following cases. 

Case 1. 0 is b=OBC;C. 

Then fb]I5=tt and the transition sequence tr(< ,s>)t must be the 

same as tr(<BC;C,s>). By the induction hypothesis we know that the 

transition sequence tr(<BC;C,s>)t contains at least one translated 

label. 

Case 2. f is GC10GC2. 

The case is true since the computation from tr(< ,s>) must be a 
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computation of one of tr(<GC1,s>) i-1.2. 
Case 3. a is if GC fi. 

Then QBool(GC)Ds=tt and tr(<D,s>)t must have the same computation 

as tr(<GC.s>). By the induction hypothesis the case is done. 

Case 4. a is do GC od. 

Then QBool(GC)D,=tt and the initial transition sequence is 

tr(«,s))--'C>if s(Bool(GS)) then Qs(GC)DbeforeltQDelsefskip].s) 

there are two subcases: 

a, tr(<GC,s>)t, then by the induction hypothesis it must contain 

at least one translated label so the case is proved. 

b. the computation from tr(<GC,s>) is finite. Then it cannot be 

stuck, therefore applying lemma 6.5 we have: 

tr(<GC,s>) 4m(done,s'). 
By theorem 6.2 rt(u)#$, that is u contains at least one translated 

label therefore tr(<Q,s>)t contains at least one translated label. 

Case S. a is C1;C2. 

Let tr(<Cl;C2,s>) -,.1>z1-- )z2--U ... 
be an infinite computation and un=1112...A.n. Applying lemma 6.5 we 

see three possibilities and consider the latter two first: 

case 5.1 For some wn, vn and sn we have un=wntvn and 

In this case, by theorem 6.2, wn must contain at least one 

translated label and so does un. 

case 5.2 For some wn, vn and sn we have un=wnvn and 

w v 
tr(<Cl,s>)g) (fail.sn) )x 
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But this is not the case since the above computation is finite. 

case 5.3 For every n we have for some tn and sn and 
u 

znl-m(tn beforef C2D,sn) and tr(<Cl,s>) >m(tn'sn) 

We have an infinite computation: 

tr(<Cl,s>) l> (t1,sl) ha(t2's2) - ... 

applying the induction hypothesis to C1 we see that this 

computation must contain at least one translated label. 

Case 6. a is ClIIC2. 

Let tr(<Cl11C2,s>) -U->Xl '2)x2--4... 
be an infinite computation and unn.l). 2....n. Then applying lemma 6.6 

we see five possibilities and consider the latter four first: 

case 6.1 For some wn,vn.sn and t2n we have un=wnsvn and 

w 
tr(<C1I1C2,s>) ' )m(done par t2n,sn) 

v 
m(t2nbeforefskip],s) --B-Izn 

and for some wn, w' we have Merge (wn'wn'wn) and 

w' 
tr(<C1,s>) --8-)m(done,swn) 

w" 
tr(<C2.s>) -A)m(t2n,swn) 

and snmswneswn. By theorem 6.2 wn must contain at least one 

translated label, then so does wn by the definition of merge. 

case 6.2 For some wn, vn, sn and t2n we have un=iintvn and 

tr(C111C 
w 

21s>)- >m(fail par t2n,sn) 
V 

m(t 2pbe f ore l abort] , sn) '- ) Xn 

and for some wn, w'' we have Merge(wn.wn,wn) and 
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w' 
tr(<C1,s>) n)m(fail,swn) 

WO 

tr(<C2,s>) -Ym(t2n'swn') 

and snuswn6swn. As usual since m(fail, swn)-14tr(abortion) so by 

theorem 6.2 we see that wn must contain at least one translated 

label and so wn contains at least one translated label. 

case 6.3 Exchanging the positions of C1 and C2 in case 6.1, the 

proof is similar to case 6.1. 

case 6.4 Exchanging the positions of C1 and C2 in case 6.2, the 

proof is similar to case 6.2. 

case 6.5 For ever n we have for that some t1n, t2nand sn 

xn-m(tln Par t2n,sn) and for some un, un we have,Merge(nnna,un) and 

tr(<C1, s>) --->m(tln, sun) 

n" 
tr(<C2, s>) M)m(t2n,snn) 

where sn=snn9sna. We see that for some n at least one of nn or nn 

contains a translated label, otherwise since un is arbitrarily long 

so, by the definition of merge, at least one of un or un is 

arbitrarily long. Therefore one of the computations from tr(<C1,s>) 

or tr(<C2,s>) is infinite and by the induction hypothesis it must 

contain at least one translated label; and this is a contradiction. 

Case 7. a is R::C. 

Since tr(<a,s>)-m( I CII[+R],s) by lemma 6.9 and 6.10 as usual we 

see that tr(<C,s>)t. Then, by the induction hypothesis, the latter 
must contain at least one translated label and therefore the result 

is true. 

Case 8. 12 is process R;C. 

The proof is similar to case 7 
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Thus the theorem is proved. 0 

Theorem 6.6 

The translation tr satisfies P4. That is t in Ez-tr(rp) is (t) 

commutative. 

Proof Let SleSyn and tr(« ,s>) u>1 We are going to prove any 

computation at x is (t) commutative. The proof is still by 

structural induction. Consider the following cases: 

Case 1. 0 is one of the forms skip, abort, x:=e, P?W(x) and 

PIW(e). Then the computation from tr(<fl,s>) is deterministic and the 

result is immediate. 

Case 2. 0 is b=OBC;C. 

Then Qb]I5=tt and tr(<b 4 BC;C,s>) nt z is the same as 

tr(<s(BC);C,s>)uz. By the induction hypothesis computation at t 

is (t) commutative. 

Case 3. 0 is GC1UGC2. 

According to lemma 6.13 any computation from tr(<f,s>) must be: 

tr(<Q,s>) m(QGC1jJ+QGC2IJ,s) 

t 4z , nt4z 

where petr(Ap). Thus if any computation from t contains a transition 
label v then length(u)>1, and therefore the computation from 

tr(<fl,s>) is the same as a computation from tr(<GCi,s>) i=1 or 2. By 

the induction hypothesis any computation at x is (t) commutative. 

Case 4. G is C1;C2. 

Let tr(<C1;C2,s>) --4z. Applying lemma 6.5 we see three 

possibilities of the form of x. 

case 4.1 x m(tlbeforef C2I1,s1) and tr(<C1,s>)u >m(tl,sl). Now we 
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still have two suboases: 

a. ti is done or fail. Then computation at x is deterministic, so 

is commutative. 

b. ti is neither done nor fail. Then suppose 

x-L4xl and x-l-->x2 

Notice here we only deal with one transition step, applying 

lemma 6.5 and theorem 6.2. so for some 
tll, t12, sll and a12 we 

have: 

xl-m(t11beforef C2]1,s11) and m(t1,s1) )m(tll,sil). 

x2-m(tl,beforefC2]I,s12) and m(tl,sl) )-m(t12s12) 

By the induction hypothesis on m(t1,s1) (since 

tr(<Cl, s>) >m(t1, s1)) we have: either 7lsv, m(tll, sll )-m(tl 20 sl2) 
or for some 

t13, s13 the following diagram commutes: 

m(tl,sl)m(tll,sll) 

z tlT 
m(t12. S12) >m(t13, s13) 

Therefore by lemma 6.5 we see that either v and xl-x 2 or take 

x'-m(t13before[C2]I , s13) and have 

xl'm(t11beforefC2D,s11) )m(tl3beforeQC2]I,s13) 

x2-m(t1,beforelC2]1 , s12) 3 )m(t13beforetC2] , s13) 

So in this case the result is true. 

case 4.2 For some u1, n2 and s1 we have u u1tu2 and 
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tr(<C1, s>) -)m(done, sl) and 
u 

tr(<C2'sl>) -- x. 

By the induction hypothesis on C2 we see that computation at z is 

commutative. 

case 4.3 For some ul u2 and sl we have: 

tr(<C1,s>) 
n 

>m(fail,s1) 
U2 

>x 

Then we see that computation at x is deterministic so is 

commutative. 

Case S. 0 is do GC od. 

If Q Bool(GC)Ds=ff then the result is immediate, since the 

computation from tr(<O,s>) is deterministic. Otherwise there are two 

possibilities: 

a. tr(<II,s>) >x 

Cm(if s(Bool(GC)) then (Qs(GC)llbeforelIID) also Qskipll,s) 

Since the computation at x is deterministic so the result holds. 

b. m(ffs(GC)DbeforelQD,s) n 4z 
Then to prove that any computation at z is commutative we need 

examine three subcases which are similar to case 4. Let us consider 

the second subcase: for a given u we find some u1, u2 and s' and 

have u-u1tu2 

tr(<s(GC),s>) ' )m(done,s') and 
a 

tr(<II.s'>) --4x. 

Here length(u2)<length(u). Since u is given so by repeating this 

procedure on the last transition finite times we will have for some 

s" either the above case (a) holds then the result is immediate or 
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tr(<s"(GC),s">) -S-->x 

By the induction hypothesis on GC the result is true. 

Case 6. Q is if GC fi. 

The proof is similar to case S. 

Case 7. Q is C1IIC2. 

Let tr(<C1 I1 C2, s>) -2-4x. Then applying lemma 6.6 we have the 

following five possibilities: 

case 7.1 For some n', ul and n2 

n'-u and Merge(u1,u2.u') and X-m(tl Par t2'31) 

tr(<C1,s>) -1-)m(tl,sul) and 

n 
tr(<C2,s>) _U2>m(t2,su2) 

There are still two cases: 

case 7.1.1 Neither t1 nor t2 is done or fail. Let 

z -&-4xl and x-1-4x2 

For the first transition notice that we only consider one 

transition step at x. by lemmas 6.6 and theorem 6.2 we see that: 

for some pl and p2 and xl=m(tllpar t21,sll) 

m(tl,s1) --)m(til.sipl) and m(t2.sl) P2) (t21,s1p2) 

and Merge (pl , p 2'.') and '=X and s11=s1p16s1p 2. 

For the second transition we have for some i (i..1,2),say is1, 

x2=m(tl 2par t2. 12) 

and m(t1, 31) -t-4m(t12 s12) 

Now there are various possibilities: 
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a. p2=0. Then V=pl and t21=t2 applying the induction hypothesis 

to m(tl,sl) we see two subcases: 

a.l. t=1 and m(t11' slpl) =m(t12, s12) then x12 and the result 

holds. 

a.2 For some t13, s13 
the following diagram commutes: 

m(t1,s1) -----m(t11's1p1) 

m('12,s12) m(t13''s13) 

So we take x'=m(t13par t2,s13) and apply lemma 6.6 have 

m(tlpar t2,s1)>m(tllpar t2,slpl) 

m(t12par t2, sl 2) I m(t13par 
V 

t2"13 ) 

b. pl#O and p2M. Then A,=v' and pl, P 2atr(('p) and pl=p 2. In this 
case tApl and similar to case (a.2) we take x'=m(t13par t21's1 2) and 

apply lemma 6.6 and have: 

m(tlpar t2,s1) r>m(tllpar t21,s1) 

it 

2ka-E t2,s12) t--m(t13! t21's12) 

c. p2#$ and 2f=0. Then l'=92. In this case the computation from x 

is interleaving its constituents, applying lemma 6.6 the result is 

certainly true. 

case 7.1.2 One of tl or t2 is done or fail. For example, let 
tl=done then x=m(done par t2,s1) and the proof is similar to 

case 7.1.1 (a) and (c). 
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case 7.2 For some ul, u21 t2 and s' we have u-'n1tn2 and 

tr(<C111C 
n 

2. s>) 1)m(done par t2, s') and 
u 

m(t)beforefskipD,s') ---114x 

and for some ui, u1 we have Merge(ui,u1 ui) and 

nom,, 

tr(<Cl,s>) >m(done,snl) and tr(<C2,s>) m(t2,sn1) 

By lemma 6.5 we have 

nu 
tr(<C2; skip, s>) I24z 

So similar to the proof of case 4 we see that computation at x is 

commutative. 

case 7.3 For some ul, u2, t2 and s' we have uanlru2 and 

tr(<C1liC2,s>) 
n lm(fail par t2,s') and 

m(t )before 9abort] , a') 
--u2)x 

and for some nl, ul we have Merge(uj,ul,u1) and 

a' If 

tr(<C1,s>)1)m(fail, sul) and tr(<C2,s>) -->m(t20su1) 

By lemma 6.5 we have 

u;uq 
tr(<C2; abort, s>) -- b >x 

So similar to case 4 the result is true. 

case 7.4 Exchanging the positions of C1 and C2 in case 7.2. The 

proof is similar to case 7.2. 

case 7.5 Exchanging the positions of C1 and C2 in case 7.3. The 
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proof is similar to case 7.3. 

Case 8. a is R::C. 

Then applying lemma 6.9 we see two possibilities: 

a. z has the form m(t[+R],sl) and tr(<C,s>) ut> (t,sl) where 

+R(n')=u. Applying lemma 6.9 we have 

m(t[¢R],s1) p >m(t'[+R],s2) and m(t[+R],s1) - - m(t"[¢],s3) 

iff m(t,s1) p >m(t',s2) and&m(t,s1) >m(t",s3) 

where +R(P')=P. So by the induction hypothesis any computation at 

m(t,s1) is (r} commutative, so therefore computation at m(t[4R],sl) 

is commutative. 

+ 
b. tr(<R::C,s>) >m(fail,s') >x. Then computation at z is 

deterministic so is commutative. 

Case 9. a is process RC. 

The proof is similar to case 8. Thus the lemma has been proved. El 

Theorem, 6.7 

The translation tr satisfies PS. That is if «,s> is active and 

tr(«,s>)-4x and rt(u) then there exist r', x', u1 and u2 such 

that 

tr(r) 
r. 1 W and 2 rt(u2)=a. and rt(u1)=O 

tr(r') 1T 

Proof. The proof is still by structural induction on a. 

case, 1. a is one of skip, abort, z:=e, P?W(x) and PIW(e). Since 

computation from tr(<Sl,s>) is deterministic the result is obvious. 

case 2. Sl is GC. By lemma 6.13 the first transition label from 

tr(<GC,s>) must be a translated label, so the result is obvious. 
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case 3. Q is C1;C2. 

Let tr(<C1;C2,s>)-3-4x. Applying lemma 6.S we see three 

possibilities: 

case 3.1 z=m(tlbeforel[C2D,s1) and tr(<C1,s>) u ) (tl,s1). Since 

Cl;C2 is active according to the composition rule (see chapter 2) C1 

must be active. So applying the induction hypothesis we can find rl, 

z1, ui and a2 such that 

tr(<Ci,s>) -n-+m(tl,sl) rt(n2)-. 
<Cl,s>-k >r1 and 

n' 
1 -izl rt(ul) tr(rl) 

Now there are three cases depending on the form of rl: 

a. r1=s' . Than tr(rl)'(done, s') and so ui=O and zl(done, s') . 

Take r'=<C2,s'>, z'.m(QC21,s'), ul=O and u2=u2t then rt(u2)_A. 

b. rl=abortion. Then by theorem 6.2 zl=tr(abortion) and so ui=O. 

Take r'=abortion, z'=tr(abortion), ul=O and u2-u 2tand rt(u2)=X. 

c. rl=<Ci,s'>. Then zl-m(ti,s') for some ti. So take 

r'=<Ci;C2,s'> and z'-n(tibefore QC2D,s') and ul=ui and u2-u2 and 

rt (n 2) -X - 

Applying lemma 6.S we see that for these three cases the result 

is true. 

case 3.2 For some w, v, t2 and s' we have n=wvv and 

tr(<C1,s>) s>m(done,s') and tr(C2,s'>) -v-,1z 

According to theorem 6.2 rt(w) 4 so this is not the case. 

case 3.3 For some w, v, t2 and s' we have u wv and 
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tr(<Cl,s>) --)m(fail, s') -°°4z 

According to theorem 6.2 rt(u)At so this is still not the case. 

case 4. 0 is do GC od. 

Then we have: 

a. tr(<Q,s>) -14 

m(if s(Bool(GC)) then Qs(GC)D beforeQGDelsefskip]),s) 

Note that the initial transition sequence is deterministic. Thus 

If Q Bool(GC)IS=ff then the result is obvious, since the 

computation is deterministic. 

If Q Bool(GC)D5=tt then according to the alternative rule GC must 

be active. Since computation from tr(<Q,s>) is the same as 

computation from tr(<s(GC);Q,s>), we can prove this case using a 

similar analysis to the proof of case 3. 

case S. Q is if GC fi. The proof is obtained by induction on GC. 

case 6. 0 is C1QC2. 

Now let tr(<C11C2,s>) n )x and rt(u)=9. Applying lemma 6.6 we 

have five possibilities: 

case 6.1 For some u', u", tl, t2 and si we have: 

z=m(tipar t2,s') and merge(u',u",u) and 

tr(<Ci,s>) u-4m(ti,sl) and tr(C2,s>) n-_1m(t2,s2) 

where sl=su' and s2=su" and s'=sles2. 

According to the parallel rule we have the following cases: 

case 6.1.1 Only one of Cl and C2 is active. 

Let C1 be active. Applying the induction hypothesis to C1 for some 
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r1. sip ni and ui we have: 

tr(<C1, $>) -3-+m(tl, sl) rt(n?)-), 

<Cl, s> _"r1 and nj and 

n' tr(rl), rt(iai)-0 

Here are still three subcases depending on the form of rl. 

s. rl'<Cj,s">. Then by theorem 6.2 xl*m(ti,si), where 

sits"ui=sln?. So take r'"<CjIIC2,s"> x'-m(ti par t2,s3) and 

s3+sies2 and ul-uin" and n2 u2 applying lemma 6.6 we have: 

tr(<C1tC2,s>) n .U(tlpar t2,s') 

TI 

tr(<Ci0C2,s"> 
l 

- ),m(ti2ar t2,s3) 

The horizontal transition is from Merge(ui,n",uin") and 

s3isiOs22s"ui$su"-s"(niu")=s"ul. (FL( [C111 nFL( QC2D) iM124) 

the vertical transition is from Merge(n?,O,u?) and 

s3-(s 1)a27s' n?. 

b. r1-s". Then x1-m(done,s") and nj" . So take 

x'-m(t.)beforel[ skipll,s"), and %=u" and n2=u?s. 

r'=<C2;skip,s">, 

c. rl-abortion. Then x1itr(aboon) and ui=O. By lemma 6.12 we 

have for some n21 

tr(<Cl,s>) '>m(tl,s) u-- m(fail,s) -1,14tr(abortion) 

1 2 

So take r'-<C2; abort, s> and %'"m(t2beforetabortll , s) note 

Merge (n?l.O,n?1) and by lemma 6.6 we hive 
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a' 
x 21m( fail sir t2, s) --)m(t2 beforeffaborti , s) 

and 

tr(<C2;abort,s >) m(t2beforefabort],s ) 

and the case is proved. 

asst 6.1.2 Both C1 and C2 are active. Then applying the induction 

hypothesis to C1 and C2 we have 

tr(<Cl,s>) ->m(tl,s1) 
1 

<Cl, s> - >r1 and 

and 

<C2' 
S> 

X2 

)r2 and 

tr(r1) Ui 

rt(u2)-x1 

->zl rt(nl)-0 

tr(<C2,s>) -U>m(t2,s2) rt(n2)=712 

tr(r2) z2 rt(nl)-O 
fr and 

Now there are two subcases depending on the forms of 71l and 712. 

a. 711-Z2. Then li#e 1-1, 2. By lemma 2.1, say, we have 

rl-<Ci,s> and r2-<C2,s"> and by Theorem 6.2 

zl-m(ti , s12) and 

sl-sni-s2n2 and 

z2-m(t2,s22). 

32273"u1=s2n2 and 

n2-u2itr(pl)n22 and n2-u21tr(P2)n22 

So take 1-e and r'-<CiIIC2,s'"> and z'-m(tipar t2's128s22) 

Let al-uin1 and n2-n21n21z'u22u22. Then applying lemma 6.6 we have: 

tr(<C1IIC2,s>) 

tr(<CiIIC2,s">) 

n 7m(t1par t2,s') 

it 
2 

*m(tiPar t2,s12Bs22) 

and 
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and the case is proved. 

b. X1#k2. Then there is no interaction between C1 and C2. So in 

this case the proof is similar to case 6.1.1. 

case 6.2 For some w1, w2 and s' and t2 we have u=wltw2 and 

w 
tr(<C1QC2,s>)--+m(done par t2,s') and 

w 
m(t2beforeEskipD,s') -fix 

and for some wl, wl we have Merge(wi,wl,wl) and 

w' 
tr(<C1,s>) l4m(done,swi) and 

tr(<C2,s>) Im(t2,sw1) 

where s'=swjOswl. By theorem 

not the case. 

6.2 rt(wi)r0 so rt(wl)/0 and this is 

case 6.3 For some wl, w2, s' and t2 we have u=wltw2 and 

tr(<C1IIC2,s> 
w 
1>m(fail par t2,s') and 

w 
m(t2beforelabortll , s') --23x 

Similar to case 6.2 we see rt(wl)#(1 so this is still not the case. 

case 6.4 Exchange the positions of C1 and C2 in case 6.2. Then 

the proof is similar to case 6.2. 

case 6.5 Exchange the positions of C1 and C2 in case 6.3. Then 

the proof is similar to case 6.3. 

case 7. St is R::C. 

Then C must be active. Since rt(u)=0 by lemma 6.9 we have 

tr(<C,s>) -n--x1, and by theorem 6.2 we know x=m(t[ R] ,sl) and 

x1=m(t,sl). So by the induction on C we have: 
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<C, s> -L->rl and 

tr(<C,s>) U >xl 
u12 rt(u12)=% and rt(u11)O 

tr(r') nll->x2 

Then by lemma 2.1 rl can only be <C',s'> or s' or abortion. Let us 

consider the first case. Since rt(u11)=O by theorem 6.2 we have 

x2=m(t',s"). So take 

r'=<R::C',s'>, x'=m(t'[¢R],s") and u1=u11 

Noticing rt(u11)=A so $R(u1)=u 

1=ull' and by lemma 6.9 
u tr(r') --1->m(t'[$R] ,s")=x'. 

Since R::C is suntactically correct and by lemma 2.3 ?. can only 

be a or (,P)!W(v) or (*,P)?W(v). Therefore by L-process rule in 

section 2.3 we have 

}R() 
<R::C,s> -- )<R::C',s'> 

and fR(rt(u12) is defined. So take u2=fR(ul2) and by lemma 6.9 we 

have 

n 
u2 m(t[$R] ,s) +>( 

) 

m(t'[fR],s') that is x x'. 

and the case is proved. 

case 8. 0 is process R;C. 

Then C must be active and the proof is similar to case (7). 

The theorem is proved. 0 

Theore* 6.8 

The translation tr:1 _31I't is an adequate translation. 

Proof The proof is directly from corollary 1, theorems 3 to 7 and 

lemma 5.10. 0 

Corollary 6.2 

The translation tr'otr:T' -11' from CSP to CCS is correct. 
p c 
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7. A proposal for implementing multitasking in Ad& 

A proposal for implementing multitasking in Ada is given in this 

chapter. The approach is that the implementation is composed of two 

syntax-directed translations. We first the translate multitasking 

constructs of Ada into an Edison-like language (Edison.1). More 

precisely, in the first translation the entries of a task are 

translated to give a module which contains message buffers, and the 

communication statements of Ada are translated into calls to the 

corresponding procedures of this module. The second stage of the 

translation is to implement the when statement using a language we 

call Edison.0 consisting of sequential Ada plus some primitive 

constructs for scheduling. 

In section 7.1 a translation algorithm from Ada.1 into Edison.1 

is given. The language Edison.0 is introduced in section 7.2.1 and a 

translation from Edison.1 into Edison.0 is given in section 7.2.3. 

7.1 A translation from Ada.1 into Edison.1 

In this section we give a translation algorithm from Ada.1 into 

Edison.l. At first glance'the communication mechanisms in Ada.1 and 

in Edison seem completely different since communication between Ada 

tasks is achieved by rendezvous and communication in Edison is based 

on the idea of exclusive access to shared variables. But when we 

study their working processes thoroughly we will discover the common 

ground between these two mechanisms, and this will lead us to a 

simple translation algorithm which gives efficient implementation of 

communication. 

As we discovered in section 3.1 a rendezvous in Ada consists of 

three phases: the initialization phase, the phase of executing the 

accept statement body and the termination phase. In the 
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initialization phase synchronization between the calling task and 

the called task begins and the calling task sends a value (maybe 

only a signal) to the called task which receives that value. During 

the second phase the called task executes the accept statement body 

and the calling task waits for an acknowledgement. In the 

termination phase the called task sends an acknowledgement 

accompanied by a value to the calling task,and the calling task 

receives this acknowledgement and then the synchronization (and of 

course the rendezvous) is finished. 

It is easy to see that during a rendezvous communication must 

occur in the first and the third phases. These communications can be 

,implemented in Edison.l using a simple communication mechanism --- a 

message buffer. We will need two buffers for each entry W, one for 
the initialization phase (called buffer-IW -- I is for 
initialization. W is the entry name), one for the termination phase 

(called buffer-FW --- F is for termination (finale) and W is the 

entry name). A rendezvous is implemented by sending and receiving 

messages through these buffers as follows: 

In task T1 In task T2 

T2.W(el,xl) accept W(x2,e2) do S 

translates to: translates to: 

send-IW(val el, val Tl)1 r-receive-IW(ref x2,val T2) 

module 

T2 entries 

S 

(accept statement body) 

receive-FW(ref xi, val Ti) I 
buffer-IW 

buffer-FW 

send-FW(val e2, val T2) 
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Each send and receive call must include the name of the calling 

task as a parameter; this is necessary to keep track of multiple 

rendezvous with the same entry W. 

Suppose that, as in the diagram above, task T2 owns entry W, and 

suppose that x2 and e2 are of type integer. In fact Edison.1 as 

described in chapter 4 does not include types at all, but for 

expository, reasons we will pretend it has an Ada-like type scheme 

for the moment. Suppose that taskname is a predefined type and stack 

is defined to be a stack of tasknames. Than buffer-11W can be 

implemented as follows: 

module T2-entries(..., send-IW, receive-IW,...) 

var full-Ill: bool; 

var buffer-IW: integer 

var last-Ill-sender: taskname; 

var callstack-W: stack; 

proc send -IW(val is integer, val sender: taskname) 

when not full-IW *(buffer-IW:=i; 

last-IW-sander:=sender; 

full-Ill:-true) end; 

proc receive-IW(ref is integer, val receiver: taskname) 

when full-IW and receiver'T2 -0 

(i:=buf for-IW; 

push(last-IW-sender, callstack-W); 

full-IW:=false) end; 

full-IW:=false; callstack:=empty; 
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If we omit the variables, parameters and statements dealing with 

task names then this module is a typical message buffer as studied 

in chapter 4. Since an accept statement for an entry may contain 

other accept statements for the same entry (or for other entries) 

the variable last-IW-sender and the stack callstack-W are introduced 

to deal with nested accept statements. The variable last-IW-sender 

contains the name of the most recent calling task for entry W (i.e 

the last caller of send-M. When this call is received (i.e. when 

task T2 calls receive-IW) this name is pushed onto callstack-W. Thus 

the name of the calling task which most recently finished the 

initialization phase (and has not yet entered the termination phase) 

is always at the top of the stack. Later we will see that the stack 

is used by the termination phase (procedures send-" and receive-FW) 

to keep track of the order of acknowledgements. 

Note that T2 is the only task which should call receive-IW and so 

the guard includes a test for this. Although this condition will 

always be satisfied in a program which is the result of translating 

from Ada.l. it makes the proof of adequacy tidier. 

Similarly, buffer-FW is: 
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module T2-entries(..., send-FW, receive-F!,...) 

var full-FW: bool; 

var buffer-FW: integer; 

var caller-W: taskname; 

proc send-FW(val is integer, val sender: taskname) 

when not full-FW and sender-T2 -1 

(buffer-FW: -i; 
pop(caller-W, callstack-W); 

fall-FW:-true) end; 

proc receive-FW(ref is integer, val receiver: taskname) 

when full-FW and receiver-caller-W -0 

(i: -buffer-FW; 

full-FW:-false) end; 

full-FW:-false; 

Acknowledgements must be sent in the reverse order to that in which 

calls were received. The most recent caller for entry W is' at the 

top of callstack-W, so when task T2 calls send-" to send an 

acknowledgement callstack-W is popped and the top value stored in 

the variable caller-W. All of the (calling) tasks which have 

completed the initialization phase have called receive-" and are 

waiting for buffer-" to become full, and the value of cal ler-W is 

used to pick out the proper one to acknowledge (see the guard in 

receive-IM). 

The module T2-entries will contain not only procedures send-IW, 

receive-IW, send-" and receive-FW, but also the corresponding 
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procedures for all other entries owned by task T2. 

Having provided a rendezvous mechanism we can now study the 

translation algorithm for the statements. Noticing that skip, abort, 

assignment, select and loopselect are same in Ada.1 and in Edison.1 

(but select and loopselect are called if and do respectively), we 

focus our attention on translating the call, accept and multitask 

statements. We assume that a block statement of Edison is extended 

to be a statement. 

Since the name of the task containing an entrycall or accept 

statement is needed as a parameter for the calls of send -IW, 

receive-I! send-FW and receive-FW these generate, the translation 

algorithm must be parameterised by the name of the task (say L). As 

suggested above the translation of the entrycall, accept and 

multitask statements are: 

IT.W(e,x)I LI' T-entries.send-IW(val e, val L); 

T-entries.receive-FW(ref x, vat L) 

[accept W(x,e) do S11L- L-entries.receive-IW(ref x, val L); 

QSDL; 

L-entries.send-FW(val e, val L) 

Q wait(T.W,x)D L- T-entries.receive-FW(ref: x, val: L) 

Q ack(T,W,e)D L- L-entries.send-FW(val: e, val: L) 

IT::E,SDLh [SIT 

QMSI IIMS2DL- QMS]LII QMSDL 
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Qtask T::E, MSD L- module T-entries:(exported -proc-names (E)) 

(var mutez T; 
local-vars(E); 

exported-procs(E)T; 

mutez T:-false; init(E)); 

QMSDT 

where exported -proc -names(E) defines exported procedure names as fol- 

lows 

exported -proc-names(E1;E2) - exported-proc-names(E1); 

exported-proc-names(E2) 

exported-prop-names(W) - send-IW(val i, val sender); 

receive-IW(ref i, val receiver); 

send-FW(val i, val sender) ; 

receive-FW(ref i, val receiver) 

local-vars(E) defines local variables 

local-vars(E1;E2)- local-vars(E1); local-vars(E2) 

trv(W)- var fall-IW; var full-4M; 

var buffer-IW; var buffer-FW; 

var last-IW-sender; var caller-W; 

var callstack-W; 
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exported-procs(E) defines exported procedures 

exported-procs(E1;E2)T_ exported-procs(EI)T; 

exported-procs(E2)T 

exported -procs(W)T- 

roc send-IW(val i, val sender) 

with mutez T when not full-IW 

(buffer-IW:-i; 

last-111-sender:-sender; 

full-IW:-true) end; 

proc receive-IW(ref i, val receiver) 

with mutez T when full-1W and receiver-T a# 

(i : -buffer-IW ; 

push(last-IW-sender, callstack-W); 

full-Ill:-false) end; 

proc send-FW(val i, val sender) 

with mutex-T when not full-" and sender-T-+ 

(buffer-FW:-i; 

pop(caller-W, callstack-W); 

full-F!:-true) end; 

Prop receive-FW(ref i, val receiver) 

with mutez T when full-" and receiver-caller-W =4 

(i:-buffer-FW; 

full-FW:=false) end; 
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init(E1;E2)= init(E1); init(E2) 

init(W)= full-IW:=false; 

full-FW:=false; 

callstack:=empty 

The translation differs slightly from the above explanation in 

that we replace the simple form of the when statement by the general 

form: 

with mutex-T when GS end 

where mute=-T is a local boolean variable for each task T (see 

section 4.3). Thus our use of this form means that mutual exclusion 

on access to message buffers will be task-wide rather than 

program-wide. 

It should be mentioned that Luckham and his colleagues proposed a 

method for identifying techniques for efficient implementation in a 

similar way by translating Ada constructs concerned with 

multitasking into an intermediate language, Adam (see [Luckham at al 

Si] and [Stevenson 80]). The translation algorithm given here is 

simpler and more efficient than those given in [Stevenson 80] since 

the- -- key point of our translation algorithm is translating 

entries into message buffers. In [Stevenson 801 the basic idea is 

that each entry of a task is translated into a procedure containing 

the bodies of all the accept statements for that entry, and the rest 

of the body of the task is itself translated into a separate 

procedure, with calls to a scheduler replacing the accept 

statements. The shortcomings of this method are: 

1. It destroys the integrity of the text of programs since accept 
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statements become calls, with the translation of the accept 

statement bodies positioned elsewhere. 

2. In Ada several different accept statements associated with the 

same entry may occur in a task, and an accept statement may contain 

several different accept statements for the same entry in its body. 

In order to make the method work in these cases, they introduce 

extra notions such as "synchronization levels" which further 

complicate the algorithm and make it more difficult to understand, 

to formalise and to prove correct. 

7.2 Translating Ada.1 into Edison.0 

In this section we investigate how to translate the when 

statement. We first introduce a small language called Edison.0 which 

consists of sequential Edison plus some primitive constructs for 

scheduling, and then we study the translation algorithm. 

7.2.1 An introduction to Edison.0 

The language Edison.0 is a lower-level concurrent programming 

language. It contains all the language entities in Edison.1 except 

the when statement. 

Edison.0 also contains the following predefined types: 

Semaphore 

Variables of type boolean are Used to implement primitive mutual 

exclusion. When a variable is Used for this purpose we call it a 

semaphore. The following two indivisible procedures may be Used to 

implement mutual exclusion: 

set(var sem:bool): busy waits until sem is ff, then gains exclusive 

access by assigning tt to sea. 
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reset(var son: bool) : gives up exclusive access by changing sem from 

tt to ff. 

These are just like the well-known P and V operations. 

Queues 

Values of type queue are FIFO (first in first out) queues of task 

names. For simplicity, we assume that queues cannot be full. The 

following three procedures are operations on queues and all these 

operations are indivisible: 

insert(var T: taskname, var Q: queue): inserts the task name T in 

the queue Q. 

remove(ref T: taskname, var Q: queue): removes the first task name 

from the queue Q and returns it as the value of T. 

empty(Q: queue) returns tt if the queue Q is empty, otherwise ff. 

Q-matrix 

Values of type g-matrix are two dimensional arrays defined by: 

type mode is (receive-I, send-I. receive-F, send-F) 

type q-matrix is array(mode, entryname) of queue 

Let us consider a portion of a typical q-matrix qm: 

send-I gm(send-I, W) 

receive-I gm(receive-1,W) 

send-P gm(sand-P,A) 

receive-F qm(receive-F,W) 

This shows that for every entry named W there are four queues of 

tasknames. All tasks in the queue qm(send -I,W) are tasks calling 

that entry in the initialization phase, in order of arrival. The 



291 

queue gm(reoeive-1,W) contains at most one task name,the called task 

name (the owner of W). If this queue is nonempty then the called 

task has reached an accept statement with entry W. 

The type mode has an operation cmpl defined by: 

cmpl(send-I)-receive-I and cmpl(receive-I)=send -I 
cmpl(send-F)-receive-F and cmpl(receive-F)=send-F 

The operation cmpl says that the complement of a receiving action is 

a sending action and vice versa. 

Finally, we assume that the implementation of Edison.0 will 
provide a minimal kernel for control of task execution. Interfacing 

to this kernel is accomplished in the language by assuming a 

predefined scheduling module SUPERVISOR with the following visible 
procedures: 

suspend: results in the suspension of the calling task. 

activate(var T:taskname): reactivates the task T after suspension. 

All these predefined procedures are assumed to be implemented 

using standard methods, for example those in [Br inch-Hansen 77]. 

7.2.2 Translating Edison.l into Edison.0 

In this subsection we investigate the problem of translating 

Edison.l to Edison.0. We should have already realised that: 

Firstly, the only difference between Edison.l and Edison.0 is 

that in place of the when statement in Edison.1, Edison.0 uses the 

lower-level parallel facilities introduced in the previous 

subsection. 
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Secondly, in general a when statement can occur anywhere in an 

Edison program, but in a program which results from translation of 

an Ada.1 program a when statement can only appear in the procedures 

send-III, receive-Ill, send-FW and receive-FW. 

Therefore to obtain a translation algorithm from Edisou.1 to 

Edison.0 we only need a translation algorithm for the when statement 

in these special contexts. The idea is to introduce a local module 

named SCHD into every module generated by the translation algorithm 

described in section 7.1. The module SCHD has two visible procedures 

ENTER and EXIT for scheduling. We translate the when statement in 

these special contexts as follows: 

[when GS end](T,W,m) 

-SCHD.FNTER(Bool(GS),T,W,m); if GS fi; SCHD.EXIT(T,W,m) 

where (T,W,m) denotes the context: T is the calling task name, W is 

the entry involved and the mode m means that 

meaning 

send-I it is in a send-III procedure. 

receive-I 0 is in a receive-III procedure. 

send--F Q is in a send-FW procedure. 

receive-F Q is in a receive-" procedure. 

where 0 denotes the when statement. Bool(GS) is the disjunction of 

the guards in GS (see section 4.2). 

The local module SCHD is defined below: 
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module SCED(ENTER.EXIT) 

var tm: taskname; 

var qm: q-matrix; 

proc ENTER(val is-open: bool, t: taskname, w: entryname, m: mode) 

set(mutez T); 
do not is-open x# insert (t, qm(m,w) 

reset(mutez T); 
suspend; 

set(mutex-T) od 

end; 

proc EXIT(t: taskname, w: entryname, m: mode) 

if empty(gm(cmpl(m),w)) '4reset(mutez T) 
0 

not empty(gm(cmpl(m),w)) '1 remove(tm,qm(cmpl(m),w)); 

roset(mutez T); 
activate(tm) 

f i; 
end; 

begin mutez T:=false; gm:-empty end 

Let us explain the meaning of module SLED informally. Consider 

the case m-receive-I, i.e. the when statement occurs in a receive-IW 

procedure. The procedure ENTER first gains exclusive access. It then 

says that if none of the guards of the when statement are open then 

insert the task name T into the queue qm(receive-I,W), give up 

exclusive access and suspend the calling task; otherwise exit from 

the procedure ENTER but retain exclusive access (so control will 
execute the when statement body). The procedure EXIT says that if 
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the queue gm(send-1,W) is empty than give up exclusive access; 

otherwise remove the first task waiting in this queue, give up 

exclusive access and activate that task. 

Putting the translation of the when statement and the module SCHD 

together, a when statement is implemented as follows: 

1. Call exported procedure ENTER of the module SCHD. 

l.a. Gain exclusive access; i.e. at any time only one of the when 

statements occurring in a module. T-entries as given in section 7.1 

can be in its critical phase. 

l.b. If Bool(GS)-ff (that is, all guards of GS are closed) then 

the when statement cannot be executed. Therefore insert the name of 

this task in the corresponding send or receive waiting queue of the 

entry W. give up exclusive access and suspend the this task. By the 

wait queue corresponding to entry W we mean that if the when 

statement is in a procedure receive-IW or receive-FW then put the 

name of task which calls this procedure into the queue 

qm(receive-1,W) or gm(receive-F,W) respectively; if the when 

statement is in a procedure send-IW or send-FW then put the name of 

this task into the queue gm(send-I.W) or gm(send-F,W) respectively. 

If Bool(GS)-tt (i.e. at least one of the alternatives is open) 

then exit from procedure ENTRY, but retain exclusive access. 

2. Execute the if statement, i.e, one of the open alternative may be 

chosen and executed. 

3. The completion of the if statement means that a send (or receive) 

action has succeeded, and its complementary action (if any) waiting 

in the corresponding queue is available for execution. Activating 

the waiting task is the job of the procedure EXIT which says that if 
there is no complementary action waiting in the queue then just give 

up exclusive access; otherwise remove the first one from the 
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complementary queue, give 

task. 

up exclusive access and activate that 

Having explained the idea of the translation we now give the 

formal translation algorithm: 

[with mutex-T when GS endll(T,W,m) 

SCHD.ENTEB(va1 Bool(GS), val T, val W. val m); 

if GS fi; 
SCHD.EXIT(val T. val W, val m) 

[ploc send-IW(val i, val sender) BS ll (T,W,m) _ 

roc send-IW(val i, val sender) 

QBSII (sender,W, send-I) 

Qproc receive-IW(ref i. val receiver) BSII(T,W,m) 

Rzoe receive-IW(ref c: integer, val receiver: taskname) 

QBSII(race iver,W.receive-I) 

lT send-FW(val i, val sender) BS 0 (T,W,m) 

roc send-W(val i, val sender,) 

QBSII`sender, W, send-F) 

ff a receive-FW(ref i, val receiver) BSII(T,W,m) 3 

proc receive-FW(ref i, val receiver) 

IBS] (receiver, W, receive-F) 

([module T-entries(EP) BSII(T,W,m) = module T-entries(EP) 

SCHD(T-entries); 

QBSII (T,W,m) 
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where SCED(T-entries) 

module SCED(ENTER,EEIT) 

var: ta; 

var: qa; 

pro* EIITER(vai is-open, vii t, vii w, val m) 

set(mutez T); 
do not is-open -i (insert(t,gm(w,m)); 

reset(mutez-T); 

suspend; 

set(mutez T)) 
od; 

proc EZIT(val t, val w, val m) 

if 
empty(ga(cmpl(m),w)) -0 reset(mutez T) 

D 

not empty(gm(cmpl(m),w)) -1 remove(tw,gm(cmpl(m),w)); 

reset(mutez T); 

activate(tm) 

fi; 
begin gm:sempty and 

Thus we have completed a translation algorithm from Edison.1 to 

Edison.0. 

It should be mentioned that we can obtain a direct translation 

algorithm from Ada.l to Edison.0 by composing this translation 

algorithm and the translation algorithm given in the previous 

section. In fact, this can be done by introducing module SCSD into 
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every module T-entries given in section 7.1 and replacing when 

statements occurring in procedures send-IW, receive-IW, send-FW, and 

receive-FW by their translations as given above. Therefore to 

implement multitasking in Ada we only need to implement Edison.O. 

The language Edison.0 does not exist in reality; it is only a tool 

which we use to explain our translation algorithm. What is important 

is that the target language must be composed of all the sequential 

constructs of Ada and constructs for multitasking without 

communication and some primitive structures for scheduling as given 

in section 7.2.1. In fact the when statement is just a device for 

explaining the translation algorithm and helping to prove its 

correctness. 

Finally, strictly speaking, in this chapter we have not described 

how to implement multitasking but only how to implement 

communication between cooperating processes. The problem of 

implementing multiple parallel processes is not touched upon. This 

is an operating system problem with an almost standard solution. 
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8. Conclusion 

In conclusion we summarise the achievements and the inadequacies 

of the work presented here and discuss areas for future research. 

Generally speaking our work is in two areas: investigating the 

semantics for concurrent programming languages and studying the 

translation problem between these languages. 

In the semantics area we use the structural operational approach 

to give the semantics of four representative languages for 

concurrent programming. They are CCS, CSP, Ada and Edison. The work 

includes: 

a. Formalising the static semantics for all syntactic entities. 

b. Giving semantics for the standard sequential constructs of 

these languages. 

c. Describing the parallel structure explicitly and defining its 
semantics by the interleaving of its constituent actions. 

d. Investigating the semantics of handshaking communication 

mechanisms, such as in CCS, CSP and Ada. 

e. Investigating the semantics of communication mechanisms, such 

as those in Edison, which use mutually exclusive access to shared 

variables. 

f. Studying the semantics of exception handling and the 

interaction between exception and communication. 

g. Studying the semantics of declaration and the scope of 

variables, procedures and modules in Edison, and of processes and 

tasks in CSP and Ada. 
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h. Proving the properties of these semantics and the interactions 

between static semantics and dynamic semantics. 

As we have already seen, the structural operational approach is 

indeed a powerful tool to define the semantics for concurrent 

programming languages. Its flexible expressive power makes possible 

the description of many kinds of language structure involving 

parallelism and communication. Using this approach the semantics for 

languages can be constructed without employing heavy mathematical 

machinery while still providing a solid base for proving the 

semantic properties of programs. Its operational "nature" is close 

to the programming experience of programmers and thus may be more 

acceptable to than. 

Our work in this area is far from complete and further research 

is needed to overcome the following inadequacies: 

We defined the semantics for a parallel structure by interleaving 

its constituents and thus the concurrency happens in a rather 

"macroscopic" sense, i.e. only asynchronous interaction is 

considered. We did not investigate the semantics for the real time 

constructs which are an important part of some concurrent 

programming languages. Perhaps ideas like those of Milner [Milner 

82] might guide and motivate such a study. 

To focus on parallelism and communication we omitted and did not 

concern ourselves with the abstract data types which play an 

important role in the modern concurrent programming languages. Here 

a lot of further research is needed. 

In the translation area, we introduced the concept of correctness 

of a translation between two concurrent programming languages and 

proved the composition theorem. The adequacy problem was also 
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studied and a set of sufficient conditions was found. As 

applications we gave a syntax-directed translation from CSP-to CCS, 

and proved its correctness, and declared a proposal for implementing 

multitasking in Ada. 

There are several counts on which our work is certainly 

inadequate. We have not examined the composition problem for 

adequate translations. Basically, our definition of correctness does 

not mention the behaviour but only the results of the computations 

of the program and its translation. The definition of adequacy deals 

with the behaviour of the program and its translation, but the 

sufficient conditions are not as succinct as could be hoped for and 

are rather complicated. As a result of this, the proof of the 

adequacy for a translation is too long and complicated. Recently, 

more powerful mathematical tools for transition relations have 

appeared , such as the bisimulations given by Milner [Milner 82] and 

some equivalence relations given by de Nicola and Hennessy 

[de Nicola and Hennessy 821. Introducing these concepts may simplify 

and strengthen the conditions. For example, those dealing with 

commutativity (P2) and activity (P5) may be omitted. 

Finally, in a semantics for a nontrivial language it is not 

difficult to define and understand individual rules, but it is 

difficult to manage and understand all the interactions between 

rules. The proofs involving semantics are basically by structural 

induction and are not difficult to construct but rather detailed and 

boring. Therefore automatic aids are a possibility for checking 

details of this type of proofs. For example, interactive theorem 

proving systems like LCF [Gordon, Milner and Wardsworth 791 could be 

used to prove the semantic properties and the conditions of 

adequacy. 
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Appendix 1 

In this appendix we prove lemmas 6.4, 6.5 and 6.6. First of all 
we need the following lemmas. In the following lemmas and proofs we 

use t to range over terms, ). and p to range over transition actions 

and u, v and w to range over the sequences of transition actions in 

CCS.. We will follow the notational remarks given in section 5.2 

concerning the congruence relation - on the transition systems. 

Le=a 1.1 

a. If t1--->t{ and S, cr$7. then tl before t2-)t{ before t2. 

b. done before t2-a--3t2. 

c. fail before t2 S >fail. 

Proof. For clause (a) since S,o p. according to the definition we 

have 

t1[rr] )ti[7r] and Y1, Y2$Xj' so 

ti[ne] I (y1x.t2+Y2y.fail) >ti[irl I (71x.t2+y2y.fail) 

and so 

tl before t2-°>t{ before t2. 

clauses (b) and (c) are directly from the definition. 9 

Lea*a 1.2 

Let t1 and t2 be well-formed terms. 

the following must hold. 

If t1 before t2>t then one of 

a. t=ti before t2 and t1-1-)tj for some ti. 

b. t=t2 and tl-done and )=r. 
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c. t- fail and tl-fail and ).-v. 

Proof. We have 

t1 before t2=(t 1[nrll(Y1x.t2+y2y.fail))\(Yl. Y2} 

where x is not in t2 and nr=(Y1/c.12/E} 

Since t1 before t2-' >t we have that 

(tl[nr]lylz.t2+Y2y.fail) -->t' 

and Y1, 12AX and t=t'\{11,12}. Now there are three cases 

case 1 t1 [nr] ---->t" and Y1, 11$k and t'=(t" I (Ylz. t2+y2y. fail)) . Here 

we have tand Y1, 721 a,.,& ). and t"=ti[nt]. So concluding, we 

have ti -- X -4t' and 

t=t' \ (Yl . Y 2} 

=(t"I (Ylz.t2+Y2y.fail)\(Yl.Y2) 

=(ti[nt) I (Ylz. t2+Y2y. fail)r(Yl.Y2) 

tibefore t2 

and case (a) holds. 

Ylly 
case 2 t1 furl )tl and t'=(tl'l t 2) \ {11.12} and X-v. 

Here we have t1 )ti and t1=ti11 [nt]. But now, as tl is 

well-formed we have v=0, ti-Nil and tl-done and so in conclusion 

)=t and 

t=t'\[11.12}=(tl[nr]It2)\{11.72} - (Nil[nrllt2)\{11.12} _ t2 
and t1-done and so case (b) holds. 

12!v 

1 3 t1[nr1 and t'=(tilfail)\(11,12) and ).-t. As in case 2 

we see that since t1 is well-formed t1-fail and ti-Nil so 

t-(tilfail)\(11.12} - fail and so case (c) holds. 0 
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Leanaa 1.3 

a. If tl -A >tl and b. Qfk then tl Par t2-"ti par t 2' 

b. If t2-2->t2 and a, of). then t1 par t2-b-->t1 par t2. 

a. If t1- ti and t2 )t2 and 8. Q, zg). Then 

ti par t2--,-)ti par t2 

d. (done par t2)-!-4(t2 beforet'done) 

e. (t1 par done)-l->(ti before';done) 

f. (fail par t2)-5->(t2 beforet'fail) 

S. (t1 par fail) t 3(ti beforeC fail). 

Proof. Let us examine cases (c), (d) and (f). 

case a. Since 6, eO. we have ' 

t1[n]-L4ti[n] and t2[n] -K->ti[n] 

By the composition rule we have 

(t1[n] 1t2[n] lparx) 4(tjIt2lparz) 
and so 

tl par t2-4tl par t2 
and case (c) holds. 

7 
case d. Since donefff] 

110 
>Nil by the composition rule we have 

(done[n] It2[n] lparx) t >(Nil lt2[it] ((rjx.C'.done+72y. fail) ) 

and so 

(done par tk(done[n] lt2[n] lparx)\fyl,r2) 

->(t2[n]l(ylx.z'.doue+y2y.fail))\[71.72) 

2 before z'.done 
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and case (d) holds. 

case f. Since fail[n] 
Y210 

)Nil by the composition rule we have 

(fail(n]It2(n]Iparz)- -)(Nil1t2[n]I(Y1z.t'.fail+72y.fail)) 
and so 

(fail par t2i(fail[n] It2(n] Iparz)N71FY 2) 

' 4 ( t 2 J 
-t2before r'.fail 

and so case (f) holds. 0 

Lawma 1.4 

Suppose ti and t2 are well-formed. If tl Par t2 t then one of 

the following holds: 

a. For some ti t-(ti par t2) and tl x ->tj and 8, cr$%. 

b. For some tj t=(tl par t?) and t2 ->t? and 8, crOX. 

c. For some ti and t 2 and pk_ t=(ti par ti) and tl p >t{ and 

t2---->ti and ).=c. 

d. t=(t2 before r'.done) and tl=done and ).=t. 

e. t=(tl before r'.done) and t2=done and X- C. 

f. t=(t2 before r'.fail) and tl=fail and X- r. 

g. t=(tl before r'.fail) and t2=fail and X =c. 

Proof. We must have for some t' that t=t'\[Y1,Y 2) and 

(tl[n]It2[n]Iparz) X >t' and 71, Y2P. 

and now according to the composition rule together with the fact 

that only Y1 and Y2 moves are available to part we have the 

following cases: 
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case 1 Moves of tl alone. Here we have tl[n] -2->tl and 

t'-tllt2[n]Iparx. Then as 7l, 72$. we have tl -1-4ti for some ti and 

S. a#X and tl=ti[n] so 

t_t' \ (71,72)-(till t 2[n] Iparx) \ (72.72) 
-(ti[n] It2[n] lparx)\(71.72) 

_ti par t2 

and case (a) holds. 

case 2 Moves of t2 alone. The proof is similar to case 1. 

case 3 Interaction between tl and t2. 

Here 7.._t and for some pft we have 

ti [n]-R-)t1 and t2-P->t2 and t'=(t'lt2lparx) 
Then for some pl we have 

t1 4 ti and p'=pl[n] and ti=ti[n], 

and for some p2 we have 

t2 2)t2 and p'=p2[n] and t?_t2[n]. 

We cannot have 6 or asp,. For otherwise 71. 72ep' and so as 

p'=p2[n] we have 6 or csp2. So Q or Sep1 and a or 8ep2 and so 

clearly either both asp, and p2 or 6 in pl and p2. But then as both 

ti and t2 are well-formed either p1 =p2=vl0 or p1=p2=b!0 and in both 

cases we have a contradiction; for example in the first case we have 

p'=pl[n1 y1l0 and p'=p2[n]=1'2!0 which contradicts the definition of 

complementary actions. So 5. a pl and S. agp2.Therefore p'=p1[n] p1 

and p'=p2[n]=p2 and we see that X=v, tl -L-)tl and t2-2>t2 and 

t=t'\(71.72)=(tllt2lparx)\(71,72) 
=ti[n]It2[n]Iparx)\(71,72) 

=ti par ti 
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and case (c) holds. 

case 4 Interaction between t1[7r] and part. 

Here A-v and we have 

t 1[7r ] -P-) t' and part --L-)n 

for some pit and t" and u and t'=(t'lt2Iu) 

Looking at part we see that either 

p'Y1?v (for some v) and u-Tlx.t'.done+Y2y.fail 

or 

p°y2?v (for some v) and ulz.t'.fail+72y fail 

Thus we have two subcases: 

case 4.1 p'-'1?v. Since Yl does not occur in tl we must have 

t1 c"O ti and ti=ti[7r1 for some ti. 

But as t1 is well-formed we have v=0 and ti-Nil and t1=done. So 

tl=done and A=s and 

t."t'\(Yl,Y2)=(tiIt2[7r] Iu)\(Yl,Y2) 

4'117111 t217r] I (Ylz.t' .done+Y2y. fail) )\ (Yl,12) 

_t2 before t'.done. 

case 4.2 p y 2?v. 
The proof is similar to case 4.1. 

case s Interaction between t2[71l and part. The proof is similar 

to case 4. 0 

We now study "many step" generation of the lemmas 1.1 and 1.2. 

Leo a 1.3 

Suppose t1 and t2 are well-formed. Then tl before t2 --fit with 
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b. a$u iff one of the following holds: 

a. t-ti before t2 and ti --u )ti. 
n1 n 

b. t=ti and tl-:4done and 
t2---2)t2 

and umultu2. 

u 
c. t=fail and tl- )fail and n=ult. 

Proof. The "only if part" is proved by induction on mul the length 

of U. 

case 1 1u1=0. Here u'O and (a) holds with ti=ti- 

case 2 u'7.u'. Here t1 before t2-1-fit' -!L>t. There are the following 

subcases according to lemma 1.2. 

case 2a. For some ti, t'=tl before t2 and ti x >ti. Now apply the 

induction hypothesis to ti before t2 n fit. 
a. t=ti before t2 and tl n 4ti. Here tl >t1 n 4ti and case 

(a) holds. 

b. t=t2 and t1 1 )done and t2?>t2 and u'=u1 u2. Here 
U1 n ti-->ti )done and t=t2 and t2 2t2 and u=(Xul)zu2 and case (b) 

holds. 

a. t=fail and t' -ML>fail. Here t=fail and t -k >t n )fail and 

so as u).u' we have t1 n->fail and case (c) holds. 

case 2b Here X -v and t'=t2 and ti-done. Now we see that tl done 

and t2 u ,t and u=tu'=Aru' and case (b) holds. 

case 2o Here 7.=t and t'= fail and tl=fail. 3o fail n '>t. But b. Qgu 

and so they are not in u' and so u'=O. Now we see that t=fail and 

also ti fail and u=dc and so case (c) holds. 

We now consider the "if" part. 

a. If clause (a) holds then by lemma 1.1 the result is true. 
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b. If clause (b) holds then we have 

t1 before t2 >done before t2 (by (a)) 

-T-4 t2 
-:24 t2-t 

o. If clause (c) holds then we have 

ti before t2 Ul)fail before t2 (by (a)) 

-1--4f ail-t. a 

Similarly, we can prove the following "many step" generation of 

lemmas 1.3 and 1.4. 

Lemu 1 .6 

Suppose tl and t2 are well-formed. Then tl par t2--fit with 6, o u 

iff one of the following holds: 

a. t-tj par t2 and for some u and v 

t1 u->ti and t2 °--)t2 and Merge(u.v,w) 

b. t=t2 and for some wl, w2 and t2 we have w=wlrw2 and 

w tl par t2done par 02 and 
w 

t2 before r'.done 2)t2 

and for some u and v Merge(u,v.wl) and 

ti -2-4done and t2 v-4 t2 

c. t=ti and for some wl, w2 and tl we have w=wlrw2 and 
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w tl par t2--L >ti par done and 
w 

t1 before t'.done z>ti 

and for some u and v Merge(u,v,wi) and 

ti -1-4t" and t2-1-4done. 

d. t-t2 and for some wi, w2 and t2 we have w=wltw2 and 

w tl Par t2-fail t2 and 
w 

t2 before z' .fail It i 
and for some u and v Merge(u.v,wi) and 

ti -!-4f ail and t2 -v ->t2. 

e. t-ti and for some wl, w2 and ti we have w=witw2 and 

w tl par t2-4tl par fail and 

w2 ti before z' .fail -- t 

and for some u and v Merge(u,v,wi) and 

t1 -2-4 ti and t2-v-)fail. 0 

We now prove lemma 6.4. 

Lemma 6.4 

Let t be well-formed and went. Then m(t,s)-M-4z iff one of the 

following holds: 

a. For some t', u and s' we have t-2-4t' and s'=su and w---f and 

z-m(t',s') and neither aau or Ben. 

b. For some u, u'and s' and we have a, 6$u and 

t-2-Mail and w=uu' and s'=su and 

m(t,s) n>m(fail,s') n- x. 

(and of course n'e{t}j, 
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Proof. The proof is by induction on the length of w. 

If IwI=0 then w=A so take u", t'=t, s'-s and x-m(t,s) and case 

(a) holds. 

Let w=J.w'. Noticing that Ms and R cannot communicate with each 

other, so there are three cases need to analyse: 

case 1 There is no communication between t and Ms or t and R. Let 

t t" and m(t",s) ' )x. 

By the induction hypothesis on w' we have further two subcases: 

case 1.1 For some t' , u' and s' we have t" n -fit' and s'=su' and 

n'=w' and z=m(t',s') and 5, asu'. So take u=J.u' we have 

t t" -'-fit' and n=Jlu'=J.u'=J.w'=w and and su=sJ.u'=su' (ai' fti;l) 
and case (a) holds. 

case 1.2 For some u1, n2 and s' we have 5, a%u1 and 

t" Mail and m(fail,s) ->z and w'=niu2. 
u 

So take n=7.ui and U'-U2 we have t--)t" 1*fail and w'=nlu2 and 

m(t,s) )m(t' s) -gym(fail, s') -u'4z. and 9.n'=Zu-in2=Jlnin2=Jlw'=w 

and case (b) holds. 

case 2 There is a communication between t and Ms. 

Then J. and there are two subcases: 

a !v ai?v 
case 2.1 t i>t" and Ms" )Ms [V/X,-] and m(t",s[v/zi])-14z. 

Applying the induction hypothesis we have further two subcases to 

consider. 

n 
case 2.1.1 For some u1 and s' we have t" l)t' and nl=w' and 

s'=s[v/zi]nl and x=m(t',s'). So take u-ai!v.u1 then we have 
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IV u t-:4 t"-14t' and 

u-ailv.ul-mnl-tw'-w and 

su-s(ailv.ul)-s(v/zi]ul-s' and case (a) holds. 

case 2.1.2 For some ul, u2 and s' we have 

t)fail and m(fail, s[v/zi]) ->z 
and w'-11u2 and s'-s(v/zi]ul and u2a(s)+ 

Take u-ailv.ul and u'=u2 then we have 

a !v , tfit"-n fail and 

nn'=ailv.ulu2=Tflu2=tw'=w 

su-s(ailv.ul)-s(v/zi]ul-s' 

and case (b) holds. 

case 2.2 t 0i7-mot" and M. Pi >Ms and m(t",s) > . The proof 

is similar to case 2.1. 

case 3 There is a communication between t and R. 

Since t is well-formed t=fail and then the computation from 

m(fail,s) is deterministic and the case (b) holds obviously. U 

Lena 6 . S 

Let ti and t2 be well-formed with no free occurrences of yi. Then 

m(tl before t2,s) -1-4x iff one of the following holds: 

a. For some ti and s' we have: 

m(ti,s) w>m(ti,s') and z=m(ti before t2,s') 

b. For some t', s' and u, u' we have: 
, m(ti,s)-n>m(done,s') and m(t2,s') u)x and w=ntu'. 
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a. For some t', s' and no u' we have: 

m(tl,s) n 4m(fail,s') U')1 and w-uu'. 

Proof. Consider the "if" part. There are three cases. 

a. Clause (a) holds. Noticing m(ti,s) '->m(ti,s') Then by 

lemma 6.4 for some t1, n and s" we have tl-3-4t1 and nmw and sums" 

and 6. Q#u and m(ti,s")=m(ti,s'). so ti=ti and 

So tl --4ti and su=s' with 6, QRu. Now applying lemma 1.5 we see 

that 

ti before t2 n )ti before t2 

and so by lemma 6.4 since n=w and sass' 

m(ti before t2,s) --4m(tj before t2,s'). 

b. Clause (b) holds. We have 

m(tl before t2,s) u )m(done before t2,s') (by (a)) 

z--(t2,s') 

a. Clause (c) holds. We have 

m(tl before t2,s) n >m(fail before t2,s') (by (a)) 

"I )m(fail,s') 
>1. 

We now consider the "only if" part. Suppose 

m(tl before t2,s) W-4x. We must examine two cases: 

case 1 Normal termination. Here we find u, s', to with 6, uOu, su=s' 

and n=w such that 
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(t1 before t2) II fit' and z=m(t',s') 

now according to lemma 1S we have a further three cases to 

examine: 

case 1.1 There is a ti with t1- -4 tl and t'=ti before t2. But now 

we have 

m(tl,s) !-4m(ti,s') and z=m(t',s')=m(tj before t2,s') 

and we see that clause (a) holds. 

case 1.2 ti terminates normally. Here there are ul and u2 such 

that 

n 
n=ulzu 2 and ti done and t 

Now take s"=su1 and s'-'s"u2, then by lemma 6.4 we have 

U 
m(ti,s)--14m(done,s") and 

n 
m(t2,s") -4m(t',s')=z 

Now note that nlv- 2=w and we have the case (b) holds. 

case 1.3 ti aborts. Here there is ul such that u=ulr, t'=fail and 

ti -+fail. Note s'=suf. Then we see that m(ti,s)--um(fail,s'). So 

putting u''0 we are in case (c) since z=m(fail,s') aid w=nit. 

case 2 ti before t2 aborts. Here for some u, n' and s' we have 

u (ti before t2) U)fail and (Ms, 1 R-) \M n4z 
where R`=a1(O.a2(0,...an(O,fail)...) and w=ffitu' and s' s and 

$, afu.,By lemma 1.5 There are two cases to consider. 
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vi case 2.1 t1 terminates normally and t2 aborts. Here t1 )done 

and t2 fail and ul=vltv2. Set s"=sv1 (so s'=s"v2) so 

v 
m(t1,s) 1>m(done,s") and 

m(t2,s") 2>m(fail,s') - >(Ms, R-) \M U'>1 

But now note that w=ultu'=vltv22u'=vlt(v22u') and we are in case 

(b). 

m(tl,s) -"(fail, s') 

-1-4 (Ms, IR-)\M 

>1 
and we have w=vlvtu'=vlv(tu') and case (c) holds. U 

Similarly, we can prove lemma 6.6. 

Lesma 6.6 

Let ti and t2 be well-formed with no free occurrences of yi. and 

FL(ti) nFL(t2) nMa 0. Then m(tl par t2,s) w41 iff one of the 

following holds: 

a. For some u, v, and w' we have: w'=w and 

x m(tl par t2,sw') and Merge(u,v,w') and sw'=suOsv and 

m(tl,s) n )m(ti,su) and m(t2.s)v>m(t2,sv). 

b. For some w', w" and ti we have w=w'tw" and: 

m(tl par t2,s) 'W/ >m(done par t?,sw') and 

m(t2 before done,sw') w 31 
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and for some n, v we have Merge(u,v,w') and sw'.su0sv and 

m(tl,s) -3-4m (done, su) and m(t2,s) v-m(t2.sv) 

c. For some w', w" and ti, s' we have w=w'vw" and 

m(ti par t2,s) ' >m(tl par done,sw') and 

m(tl before done, sw' ) 'w >1 

and for some u, v we have Merge(u,v,w') and sw'-snusv and 

m(ti,s) n->m(tl,su) and m(t2,s) -°->m(done,sv) 

d. For some w', w" and t2 we have w=w'tw'.° and 

m(ti par t2,s) ~ >m(fail par t2,sw') and 

m(t2 beforefabortll,sw') W"> 

and for some u, v we have Merge(u,v,w') and sw'-snesv 

and m(ti,s) n-4m(fail,su) and m(t2,s) --v-4m(tZ,sv) 

e. For some w', w" and ti we have w=w'tw" and 

m(ti par t2,s) 'w'>m(tl par fail,sw') 
m(tl before f abortll , sw') w' >x 

and for some n, v we have Merge(u,v,w') 

and 

and sw'-snOsv 

and m(tl,s) n-4m(tl,sn) and m(t2,'s) -v---)m(f _ail,sv) 
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